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PRINCEPS, 



5 s in Boms Artes , m0- 

jfm^qife, tnJnattfemaUias Difdfllnas Ser.CelJ. 
Tu<fGeMius,atqae ine^rumdem cultores ME~ 
DKRO TMINCIPE vere digna Propenfio , «^ 
ainifntWT, &ftimulos addidermt, ut apudeamd? 
JCflfitu>diitemJttamOpuJeuittmhocGeometrict4m 
f;nllocarem . Enimvero maximum opera ««- 
pendium faSurum me intell^xi ,ubi Jpeculaftor- 
■ ■■■ ' nes 



i 

aut vofif yittnp'eAk§^^^ 9^ " 

telam Operi fimul :^ Au&mque Ampetrandam , 
Horum fctticei §tudioi'um prefiiim ahUnd^ nofti, 
Princifufn Optimcififnd &:noMpfarnon,fpfre^ 
nUs^quam verH doces{!quami upjdfactif^a ftnt^ 
dum in illorum pricjtdium , qui eadern promo^ 
vere Hudent , ultrb Ipfe defcendis , qub confi" 
dentius , & fecurius ad Te accedere non ve^ 
reantur . Omne igitur ofiicium. fatis explevero, 
fi citra verborum circuitum , brevi dumtaxat , 
fimplicique narratione , quale mihi dt^^gumefh- 
tum hk tra^andum fufceperim , aperuero . 

Clarijftmus Vir Chriftianus Hugenius ( no^ 
tfim Ctifitudini Tu^mmeny pro Litteraria , qua 
Ymdpfri excejiis ) ErfNs/itimTua ^ in A^f^ 
nefkiciyprafertim , VbyjkH-i & GeBfnetricis 
rebiis y quas iJk difciplinas fummi illufiravit) 
ex Ldgi(Ucfe , feu Logktithmic^ Lineiii^ pro» 
■priefatibus nonnuBas plan^ admirMtes adcai'- 
ren^ Ji/i^^Diatribi0 de tpaufd Gravitatis , citra 
demenfiratiQnem nilam ^ nudd propefuit y quibus 



ifftmet Sifuffii€Pat^ ^d 4rduas phyfiedP v^ihi' 
tes mcifdem tra^atu tndicandas $ varierumq; 
fjMemAtum ^t^minatipHemy ad mtum cer-^^ 
porsini yfeu per xmem pr§je0Qrum yjeuproprk 
fmdere ; dejcendentium , cotnputata etiam medn 
^-efij^id y pertinei^ium expediendam . Qu^um 

^isq^e infignes adebyOa gemefrka cmemplc^- 
mne. perje dignif^mas ejle proprietate/ illas 
'Jmifiuidverteremi , ac praterek infhihjophicis 
etiam ufum habere pofie y i re futurum judicar 
vi, utUfdem demonBraifdis eperamdaremy qub 
pknius de iffarum vieritate c(mjhrei^ eiq; tutius 
Jeinceps aaPhjfifom transpxrentur ; Longif- 
fi^fiquidem milemnetrie d^oHefXuiare co- 
putf^eram PytbagMricufit iUMdy Ipfe dixit \par^ 
va^iteMdei^fidiuis promuciantium Att^oritatis 
.mhac&ieikiarafkvemhaberi; ^q;idquidem 
n(wi^j/^iffe &.MMui^iifn aliptmdo Virerum 
\MkterMiidiiin'dm^im^ 
fitis i^feu^^meAoe^ifes^^^ yfeu calculi 

J^JSiy:qaem iuiewtfB^f^da^e^nenJiraUtmefar 
cillim^}:mimada9rt^ean: ).ifidfi?^n». irre0ifie 

ejfe exigendam y qtt^Gimetrl6s potifitiiMm ra-- 
fmitm efi,^mciliauda . G^ometrk^ idcirchfin" 
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gulas expropoptis ab Huffnio IsgtfUde Pnptk^ 
tatibui aemonfirareaggreffiisfumy ftec unopk^ 
rumque modo y fid pturihus , iifqueadmodim 
generatibus , atqu^ adinfinitarum Tarabolaru^ 
Hyperbolarum j Sprartumy aliarumqjvariari 
curvarum Tangentes, i^draturas ySolida de-i' 
•terminanda cmdueentAuSy ut nonfoli Logifiica, 
fed omnibus fer^ ftA Geometrivam confi^raiior' 
nem cadentibus fi^ris -, pr^efentis Opufcuii 
■ utilitas communis efiet < 

Et hic quidem , SERENISS. PRINCEPS , 
bujus Conutfentarioh ^ifixpus , hd.cfumma efiy 
quod "cum per feje exiptum fit yjmque ratione 
Au^oris obfcurmny Tui Nmninis tamen. Lace eju^ 
fronti affulgente y mn ttfijpie adeo vilefcere. pot^ 
rit , imb &Jupra cottditionis , dtque indolis fute 
fortemfperare inci^etyqtramqaamidunttmfnihi 
abundi fuffe^urum fit^ nt t/teiergc^S^CTokfer 
quiiygrat^q; erga AugiMfimam MEDICEAM 
Domam , cai tot beneficits devincory objervantiie, 
^cctptum TjbipignuSj perpetuumque in omnem 
pofieritatis memoriammonumentttmexijilat 
ExMonafi. Angehrum FIorJdib,Jttlii JiDCCL 
Serenifi, Celfitud. Tuo' 



[oGraoaas MoaKlmf 



AD LECTOREM 
P R ^F ATI O- 



I Onfuetttdinis eft apud Geome- 

tras vetuftiflims, ut qux ab aliis 
fine deroonftratione propodta 
funt , five Theoremata , fivc 
Problemata , fibimet oftenden- 
da, ac geonietrici confirman- 
da afliimant , vel exercitatio- 
nispropris , vel communisutilltatisgratia , utcerta 
ab incerris ,a falfis vera fecerni polfinr, atqae hsc tu- 
td recipi , ac in ufum, fi quem habent , con verti , iila 
taoquamfpuria, &fallaciteraflercarerpui, &aman- 
4]ari; id vel exuno Archimedeconftarepateft,qui 
in Prsfatione ad Libros Spiraiium, Cononem fum- 
mislaudibus celebrat, ejufque inventa Mathemati- 
cis fine demonftratione propofita, fibi demonftranda 
anbmir; id quod ta accurate,tantoq;ingenio prsfiitir, 
ut, Bulliaido tefte , infui admkatioiiem ,(um tcauaUs, 
fumpt/lens (Ottverterit ; /auJum titulos, nullo ohlivit- 
ms/itu inducenSos , meruerit , earumque (Spiralium ) 
iBvemori Cononi ghriam , palmamque praripuerit . 
Enimvero qui in aliorum propofitionibus demonftra- 
% dis 



dis operam collocant , quara arduam, diflficilemqu^ 
in fe provinciam fufcipiant, VirCl. Galilxus in Tru* 
finatore , pag.XQihi^S. luculenter oftendit , dum ait: 
Longe fublimioris iftgemeft ^lkf/i Prob/ematis ettodatiOy 
aut oftct/fio Theorematis , quam novi cujttfpiam inventio; 
H(ec quippafortUfia in incertum vagantibus ibvia pte- 
rumque effejolet ; totaveroills^ quantaeB ^ fludiojlflt' 
fTiam attetttiemetttis , inunum aliquefn fcopum coUitnan' 
tis f ratiocindtion^ expofcit . 

2 Eumdem & ipfe pulverem agitare aggreflus , 
qucmadmodiim ante biennium Vivianea Problemata 
Tibi geometrice dcmonftrata obtuli , innumeris aliis 
veritatibus, feuplanenovis, feu majori compendio 
cx prolixa Veterum fupelle6^ili ^•K^ufHs , Conico- 
rumque pr«fertim Fbmicum TetM»eHifmoIocupIe- 
tata; itanurtc HUGENIANA THEOREMATA, 
longc adhuc plurium fpecularionum campum ,'pro 
variis , iifque generalibus methodis , qaibus in eo-> 
rumdem demonftratione uti pIacuit,aperientia,com- 
municarc propofui . Seriusidquidem,fiTheorcma- 
tum Hugenii prapofitionem fpedes , ilia quippe ad 
calcem Diatribas de Canfa Gravitatis , Tradatui de 
Lumine ejufdem Au£toris adnexs , ufqae ab Anno 
1690. Lugduni Batavorum excufa jam proftant ; Sii^ 
veroeademanimadvertSdicopia antepaucos m6fes 
mihi nunc primum fadam attendas , fatis adhuc tera- 
peftive . Hoc fciiicet Anno dumtaxat , quum Pifls 
degerem, &obeundis Phylofophics Cathedrs, ad 
quamRegis Magni Etruris Ducis Celdtudinis Hene- 

n- 



^c^tttia o^r vo catus fueram , moticribus incumbe- 
re.m,apudHaiDtniffiinum seque , ac ^Nobiliffimum Ju- 
venem Lucam Albizium S.Stephani.Equitem ,in his, 
quse ad.Geometriam , ad Phyficam, multipUcemque 
^ruditioaem fpedanc , apprime verratttm,.pr£lauaa- 
tiHugeniam Tra£lacu$ exemplar taodem ittvenire,ac 
fedulo evoivere potui . Rapuit animum flatim Pro^ 
poGtionum illarum , quas & fcitu jucnnda: , & veftiga- 
tu difficiles videbantur , Utilitas, atque filegantia, in- 
de iiquidem, ipfomet Hugeniofatente, pendere vi- 
debam, quaeyirClariUimus de Gravium proje^ione 
perpendiculari , & obliqua , eocumque defcenfu pro- 
nunciaverat , in hypotheii , qu6d redilentiss medio- 
rum in eadem ratione crefcerenc , cum velocitatibus 
corporum , uti eatenus creditum fuerat ; Ac de Phy- 
fictsquidemPropoiitionibus vix follicttus fui , qoum 
jamde hypothefi non conveniret., majorque, Huge- 
aiotefte, £e oblatura eifet iniprarum demondratio» 
jie difiicultas , quam qus rei pretio compenfaretur . 
. 3 DeGeometricisfecusapudmeftatui: legeram 
apud Serenum Antiftenfem Epid. ad Cyrum,pnBfixa 
lib. I. de fed. cylindri . Ahfurdum omaiftd vtderiyGeih 
metras ipfos de Prohlemate Geometrico fine demonfira^ 
tione quicquamaffirmare ; & quamvis longidime abef- 
fem ab cjufmodi confuetudine generaliter idcirco 
damnanda, quum fcirem, judis de cauiis , feu tempo- 
ris inopia , fcu brevitatis ftudio, iive crercitationis 
Xe6lorumgratia, id aliquando licere , quemadmo- 
dum & nobis , tum in proxime edito, tum in prsfcn-> 

$ 2 ti 



ti tmm Opufculo nonnulU exciderunt citra demon- 
{Irationem afTerta , Geometris tamen , «c Phyfioe 
promovendx plurimiim interefle pura vi , ut mtranda 
hsc Theoremata ad Logifticam pertinentia tandem 
demonfbarentur , e quibus , quemadmod^m illas , 
quas fupra ex Hugenio laudabam , ita alias , & alie 
^hylofophics Veritates certioribus hypotheiibus in^ 
nixac proHuere poirenc , quamdiu autem illa per legi- 
t imain demonfirationem Ermas radices non agerenc, 
inculta plane , ac ilerilia jacerent . Et proprio igitur 
genio,& Amicorum {limu]isaccedentibus,utin Lo- 
giflicas Proprietatum ab Hugenio propoiitarum ve- 
ritatem inquirerem, de iifdem accurate demonftran- 
dis cogitare coepi . Quod quidem fGciicius , quam ab 
initio fjperaveram , deinde fucce(fit , paucarum quip- 
pe horarum meditatione , 0^0 priorum Theorema. 
tum ( quinto excepto , quod abftruflorem fibi pofce- 
re indaginem pracvideram ) demonflrationem inve- 
ni , nec multis poft diebus reliqua omnia enuclea vi , 
praster duodecimum , rertiumdccimum , ac quintum 
jam ab initio intermifnimtquoruiii Veritas, ut in aper- 
tam lucem, vel ipfa fponte prodiret, vel educi fe non 
invitapateretur, longidrisoperacofliciis invitanda, 
roganda, ac tantiim non pervim extrahenda fuit, 
nobiliorem quippe manum fortade expe^as , obfcuri 
bominis conatus refradtaria dedignabatur . 

4 Sed quorfum , inquies, ^ tanto Viro propofita in 
examenvocare, & addemohftrationis amuffim ex- 
pendereopoFtuerat? Annonfatis ruro admitti po- 

. tc- 



ttfant , citra fafpidofiem uUimiiitfitatis , vel hoc l^ 

io y qahd AcQtiuimus 31« , $l tot nominibus cekbris 
Geometra rem ita fe Habere fidenterafreruerat ? Ar-. 
chimedi , quid^id diceret , credendam deincepsef-* 
k Hy eron Syracnfms , & Gelbn Sicilix Rcx ipronun* 
ciarant, apaa Prockm Hh. 2. ^ ^. ^jpoflquam Navim 
contra omntum opinionem bco moviiTet, & Artificis 
fraudemex Corons pondere ad calculos revocairet ; 
Qgid ni igitur , citra aliam indagincm ,. &Chriftiano 
Hugenio credimus, poft foeliciter dete£him Satucniu 
Annulum ,poft oftenfasCurvarum Evolutarum pro- 
prierates , Cycloidis longitudinem demonftratam , 
Pendulique ofcillationes ad ifoclironiffipum revoca- 
tas, ut dealiistaceamus pracclaris inventis, quibus 
Phy ficam , Aftronomiam , & Mathefim denique uni- 
verfam infigniter tUuftrav it ^ Hxc Qttih fi Archime- 
distempore propofita fuiftent , non minus veftigatu 
ardaa , inventuque difticilia cenferi poterant , qu^m 
roinimx potemis ad maximum pondus movendum 
per machinam elevatio , vel aurea corona permixti 
argentidifcretio. 

c 5 Ultroipfe fateor , dignos efte {nmmosGeome- 
tras , utpdt^ Veritatis commercio maxime omnium 
a(!uetos , quibus, etiam eorum, qax pronunciant, de- 
monftrationero reticentibus , fidcs nihiloroinas ha- 
beatar ; neqae enim Mathmaum conce^o Hi^rU 
fis priv ilegio qats jare fraudaverit , quum ip£i Geme* 
tria a Pytbagora Hrftorh appelUri confueveriti teile 
Jambiico in ejus vha, cap. x8. im6 k)oge pcsior illias 
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{it » ^o» tftim ratio« ^lppf^rnollMxparte ^> ^qc^Jiiw 
bncisfaiBSittinoribiiSi jtut abincertis docuoientis^ 
aot aprcoccupatcrpartiiim ftiidio fibiaiet imponi pa- 
titurGeometra^ quum quidquam aflerit , fed quod 
evrdenti dumtalcat ratione apu4 fe conO;irerijr pro- 
nunciare folet ; qpii nomine perfe^am Hy((orf as idea 
Geometria prasbet vquam utinam imicarentur q ai Hi? 
ftoricos agnnt , nec quicqoam temere Iblis conje£luT 
risdu£U, prout (Ibi fommaverint y.defcrtbereat, (ed 
ea dumtaxat, quibus ( quanciim matena paticur) de- 
monClrandis fe idoneos , & paratos fenciunc !. Nil ta^ 
men vetat , quin & ipd Geometrac^ cum homines (int, 
lapdbus quoque obiioxii e^Te poilint , primo iiquidcm 
obturu veri fpeciem praetendere poteO: fallax quodda 
ratiocifiium Geometrarum metibusuno impecu obje- 
dum,iIloiqueinnerroreminducei:c,.ia quofacile fibi 
icavi(rent , {irpecuIacionumTuarum demondracione 
|>er extenfumadducere , ac per fingulas partes acten- 
tiiis expendere voluiffent ; exemplafunt, &anciqiu 
in Conone fupra laudato , quem rnter ingeniodinma 
inventafua, Geometrisabrquedemonftracione pro- 
poiftav^usdamcompIeKum fui^e^.qus^.faira eranc , 
ws&is eil jdem Archimcdes:/0(* ctMt' 8c recentia non 
-defnnt in Mathematicorum le^ione verfacis, quae h)c 
referre npn vacat,&alibi indicata habes cap- 1 2. 0. 10. 
• '. . jijj Sededo veridima omnia (int , qua: a.Geometris 
-line^biiipnftvafionB proponuntur ( uccerteindubia 
:^liint,queit Viyiano, abHugenio, aliifq; fummis Viris 
propofilia habemus^ neq; id fas in controverfiani ad- 
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ducerc) quismditii hk fubriftantGeometrs, ttmdia 
revera Puri Hiflorici munus obeunt; quiddam amplids 
Geometriae titulis accedere pat efl , quam hudam Hi« 
floris laudem : utrumque Geometria munus habet , 
& vera proponere ( quod Hiftorise cbmmnne eA ) & 
eadem demonftrare ( qua (ingulari dote ab Hiftoria 
difcernitur , & fummum humanseSapientis verticem 
merit6 poilidet) Hiftorias fufHcit , fi fidem pariat , 
Geometria , fi evidentem prastere^ rerum abs fe pro- 
poiltarum fcientiam Le^tonim mentlbus non inducir, 
vix Geometrix nomen,& fpeciem fervat. Non inuti- 
lis igitur opersc fuerit,! majcimis asvi nofVriGeometris 
aiTertademonftrationibus fuis communire,& quod ii- 
lis , veltemporis, vel opportunitatis defe^tus invidit, 
fupplere , quemadmodum pro viribusexequi,tum in 
antecedenti , tum in hoc nofti!o OpuCcuIo conaii fu- 
mus; Praefertim ciim ea occaflone tam generales Tati- 
gentium, QuadraturarG, ac Oimenflonum methodos 
aperire , Tibique, Mi Le£lor, explanare licuerit , ia 
quibus quid profecerim , quid aliorum inventis addi> 
derim , Tui ipfius judicio relidum ef1:o . Intere^ , fi 
hec boni feceris , infinitis alits, quae adhuc , vel f<^4e« 
dulis fparfa , vel ordinati^ difpofita premo , edendis 
animumdabis. 

7 Antequam tamen ad Ie£lionem accedas , rogan- 
duses,utpaucaqusdamprsli vitiacorrigas, nequid 
deinceps ofTendas, quod attentioni tuas moras injice- 
re poffit ; nOn dico lcviora quaedam,quaE ad orthogra- 
pblamfpe6lant,ut cxxmpag. 208 Itn. 2. commapraefi- 
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xumeftverboo//i/»i/imV, cqi fuemfttbDedeadam; 
fed alia duo majoris momenti, qux fenfum turbare 
poflenr, ptimumpag. 42. ubi //».4. hihetntpuKBiim V, 
legendum eft emTapiinBuml, & viceverfa lin.feq. ubi 
habetur eurva m u, I, legendum curva in u, V. Alteru 
pag. 161. ubiprimoloco Sturmium nameratum mal- 
lem ante Guarinum, centra qukn faftum lit . Hoc for- 
taflenihilifaciendom ipfe putabis; egocur magnifa- 
ciam , caufas babeo fatis graves , cert^ hunc ordincm 
etiam. in Epiftola ad P. Cevam «um. 16. obfervavi. 
Id Figurarum prcterel Schemmatibus qusdam fcul- 
ptorumvitio,autdeficere, aqt perperam efTormata 
Clledeprehendes, quorumpr£cipuafuislocis.oppor- 
tune indicata invenies , pleraque tamen Leflorum 
Humanitati , ac Benevoleptias excufanda remifi, nec 
enimipfe, aliasinterfollicitudines, automnibusno- 
tandisidoneus, aut corrigendis (prslo jam prope- 
.rante) fiifficiens fui : profeSo , squusipfecurafis, 
.ea^ihinullatenusimputandaeire inrelliges. Vale. 
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4 

detata eodem femper momento follent , refpeBn m(f\ 
mentl , quodhaherent inperpendkulo^ Cartefio etiam 
id primum ohfervante . Per eonvolutionem prim^ 
Logifllca gigni potefi . Fatlax , ex nonnullorum me* 
thodOf ratiocinium circa ejusfpatii dimenfionem . 

|Eda methodas poftulac» ut> antequam adclemon. 
ftrandas, quas HageniuS propofoic , Logiftice pro- 
priecaces accedamas, illias gedefis» & defcriptio 
prsemiccacars imb & yariis modis idem pneftare non inacilis 
opere pretiam fueric, indeftq|iiidem non folilim primarix e}uf* 
dem ane6liones , ettquibasaliependenCi ^once fua proftue» 
re incelligencar , verum etiam ad eonim • qux deinceps dicen- 
dafanCfintelligenciamhajadpari^mcondacec clara,, &<|iftin- 
flaejas natursnotioperejaimodi varksgenerationesLedo- 
rirai mentibus facilids indita , ac^ue altids infixa . 

2 Logiftica igicur , feu Logarichmica linea ilkeft , ui qaa 
ordinatae ad cquales axis parcet funt geometricd propottiona^ 




». 




le s; nemp^divifoaxe BQ^in quotlibet partes squales 6C » 
C G «GQ^» &c* (i ad caraiadem urmiQos otdinacx BA» 

v* Y» 



Theorem* Huge^. Cap. L j 

CV , G H,QlP, &c.faerint coQtiou^ prqpomcinales, qu« 
per pnndla A, V , H, D, (aliaqae extrema z z , m ra, mediarura 
proportiooaliipi aeqoo lemper intervallo duabus quibuslibec 
ordintcis intetpQnendarum ) tranfit linea , Logifttca , fea Lo» 
gsritbmita appellariconraevit , eb qubd inveniendis logatith» 
mis inierviat , nti ex fequentibas manifellam erit . 

3 £x hac enim de^nkione conftat, partes axis ita correfpS- 
dere ordinat js , qaemadmodamLogarichmi refpondentnata* 
ralibas numeris , & qu6d ratio qaarumlibet duf rum ordinata- 
ruro, yeluti BA ad CV, refpedurationisbrainatarumBA 
ad QE) in eadem proportione erit , in qua axis partes C B , & 
Qh per has ordinatas abfcifl*!^ ; nquidem, «equaliccr crefcence 
axe , perinde «qualiter crefcit p«4tn»catam proportio , unde 
quilm multiplex ell (XB ip(iu$ B C , tam mulciplex pariter eft 
ratio duarurn B A , CLP* i^^tjonis duarun\B A , C V ; & gene« 
raliter, rationes, quasinvicephabehc duo quiclibet ordina- 
tarum paria ( etiamH una pro tommuni ancecedence , auc con- 
fequente non furaacat, (ed comparetuc verbi gratia racio dua- 
rum B A , C V, cum racione „ duae ell iricer duas G H , Q.D ) 
enintad invicem; Qtpsrtes^axisqaottbeirbrdinatarum pari in- 
terceptc, atiadipliamcarvaebajusnacuram attendendo, vel 
fumptis, tum rationtmuUacum, to» «Kispartium squd multi- 
piicibus, facil^ conftare poteft ; atque hccerit primaria Lo- 
gifticse proprietas , per quampoterit expredius definiri , ejufq; 
natara clariiks determinari . 

4 Ubi obiter animadvertendura erit. pofle aliorum etiam 
graduum Logifticas excogitari , fl videlicet rationes ordinata- 
rum B A sd CV , & BA adQ.P jam non forent ut partes 
axia BC^&BQ^ fedlot earumdem BC , & BQ^quadrata, 
vel cobi, alicvepoteftates, veletiam radiccs ^uadratc, vel 
cubicc, aliorumvegraduum, (i ve in ratione axis partium , ue 
libuerit multiplicata, vel fubmalriplicata i adde & fefquialtera, 
vel fefi^itertia, &c. qoas qotdera Logtfiicarum fpecies hoc lo- 
co minim^ contiderandas fufcipimus ; neque ver^id aut fufce- 
pce exercitationis inditutom poftttlat, aot temporis etiam ra« 
tio. pcrmittit , fed de prima , & nmpjiciflima dumtaxat , quam 
fupra defcripdmus, fpccic eric hic nobis cum CI. Hugenio tra- 
^laodom. A 2 5 Por- 
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s Porr5qniim proportionaliom dtiivrentic Hnt in eaddn» 
ratione^roportionales, manifeftam eft , ipfas Aa, ud, dl» 
1 u , 6cc. interceptas axi parallelis Va,Dd,Ll, Nn {equali- 
ter crefcentibas, foreincontimiaproportioneearamdem or* 
dinacarum; qoare hcclinea , oti jprimas Lc^richmoram In- 
vencor Neperus ddineare aegreuaseft, defcribi intelligetar 
duplicimotu, idterolinefle AB per BF cqoabiliter, (ibiqoe 
squidiftanter dercendentis, altero pundi A mota continu^ re- 
tardaco vetsds B ^elati , itant fpatia «qualibus quibufcamque 
temporibos fobinde tran&da in eadem geometrica ratione 




decrefcaat ; qnomodo ^oo tempore lioea defccndens confe- 
cerit fpatinm B C , & litum C £ obtinoerit , ii pondum A 
venent in a , jamqae in pundo V reperiatnr , feqaeati tem- 
pore equali, linea per «quakm axis portionem C Q.delapfa, 
& in QIK pofita , punflum A traoslatam efle in d , fpatio b d 
tranfaflo , adebqoe in fita D reperiri concipieodom eft , fe* 
quenti adhuctempore, qoo linea percorrerit fpatiiKn Q^F, 
& in F M coliocata fit , pundom ex d ia 1 {ffomotom^tKqoe 
inipfoLpunfloconfifteteiAtelli^etur, fpatiis Ao, od, dl» 
carcerifi)} dcioceps dccrefcentibosm ratioae B A ^ C V ; evi- 

dens 



dcos eiuin eft motum ez atroque comi^ofitoin fore ta eadem 
curva A V D L N , quam pri&s determtnavimus . 

6 Ccterum conftat curvam A V N hac motuum coropo(i- 
tiooe defcriptam axi BF cootinub propriorem fieri , prouc 
pun^nm A vers^s B femper fluere » & ad iplum accedere in* 
teiligicur , nec tamen evenire polTe aliguando , nc cum ipfo 
axe conveniac , uno verbo , axem ipli Logiilics Afymptofm 
eire, quia crefcente in infinitum axe B F per additionem cqua- 
Jium partium , alia , & alia fpatia multitudinc iufinita,fempec- 
que roinora , & minora ipli pundo A percurrenda remanent , 
antequam ad ipfum B perveniat , quod ide6 numquam attin- 
gere poterit : feriei fiquidem infinitse A u , u d , d 1 , &c. in ra- 
tione AB ad CV, vel Bu continuate ultimus cerminus cfl 
pundium B, ebqu&d, quomfitAB adBu, ut Auad ud, 
erit etiam A B ad priorum duarum differentiam A u , uc A u 
addifrerentiam.duarnmpofteriorom Au, ud ; quare ex do- 
£lcina Progreflionum Geometricarnm, quam poft Archimedis 
vefti^ia in Libro de dimen(ione parabol«,ptimos recentiorum 
Torricellius idem argumencum tra£tans lemm. 27. & Cavalle- 
rius in ejufdem Scholio apod ipfam demondrarunt, mox Gre- 
gorios ^ S. Vincehtio , aliiqoe deinceps fufius illuftrarunt, eric 
jpfa A B fumma progrelsionis terminorum A u , u d , d 1 , &c. 
iri di£ta ratione continua decrefcentium ; nec vacat id particu- 
larii^ demonfirare , quum vel ex ipfa prima defcriptione cor- 
Tc num* 2. addu£la fimplicids long^ innotefcat h«c ipfa Logi- 
ftxcst affe£lio , qu6d fcilicet ad axem tanquam afymptota pro- 
pids accedat , qui^m quodlibet datum intervallum, nec tamen 
camipfoconveniat/continuatioquipperationis AB ad CV 
perminores, ac minores terminos in infinitum fieri poteft, 
quin umqoam minimos ejofmodi tetminorom reperiator , aoc 
luiqais omniam idtimas nngi qoeat . 

7 Sed & eadem ratione iiqoet, Logifiicam DV A inim- 
menfom fopra ipfam BA continoari pofle , necomqoam ad 
cercom aliqood corvse hojos initiam , ac veloti verticem , fo- 
premomqoe ejos pondtorom fontem perveniri, fed varia doro- 
taxat e)us fegmenta per ordinatarum aliquam , veluti A B , vel 
C V abfcil&i exhiberi , nec roagispunfliun A i qo^ V , vel D, 

aot 
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aot aliad qnodvis pro Logifticc ctpite ftatui poflfe : aQ4e.& 
perinde.efle uodecamqae incipiaa, ratio enim ordinatacum 
A A » & C V tam beoi ad majores terminos, qu^m ad minores 
eontiouari poteft , & ide6 applicatis inlinitis ejufmodi termi- 
nis fucceifiv^ maioribus , & mpra B A in immenfum crefcen- 
tibus , ad partes ipdus axis F B , ultra B produ£li , longitudine 
«qnalesprioribus BC, CQjScc.itaucperordinem acithme-. 
ticS creicant axis portiones , geometrice crefcentibus ordina- 
tis , eadem curva ad fuperiores partes in immenfum continua- 
bicur per appUcatas datam quamlibet magnitudinem exceden- 
tes , non mini^s quikm ad inferiores in innnitum product queac 
per applicacas qaaJibec magnitudine data minores . 



Ju A 




8 Illttdetiamintereianimadrertifleiuyabit, duplici alio 
motu eamdem cnrvam incelligi pofle defcript^m , fl videliccc 
imaginemur , punao A pcr A P equabiiicer defcendence , 
( vel mufca, aut formica per hiftam A P limilitei eqoabili mo- 
tu delata,ut & P-dc Chales in logariihmis tradend»* fupponit l 
ipfarainceriih AP, lineajB A pcrpendicularirerindftencem, 
ifbi ajquidiftancer versiis B promoveri, ac fubinde in u V, d D, 
JL,&c.r«perjri,Xpatiis Aa, ud, dl,&c. ineademratipne 

ge- 
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geometrica decrelbentibas « proac arithowticd crefciint fpatia 
AEt AK, AM, &c. ^punfloaequabilicerdefcdndente per- 
curfa ; iic enim ponftura A fubiode reperietut in pun£)is V, D, 
L , N , &C. rcfque eodem recidere obfervabitor, il ad fuperi^ 
dtda «0». 5. actendamos , unde ulterioris explicationis mole- 
ilis parcendum erit : (jaemadmodttm & e|utdem taedii com- 
penaioconfuJentesmiiramfaceredecrevimus ( myfterii ple- 
niflimam) eorumdemmotuuminveriam Gompoiicionem,qua- 
lis haberetor, fi axis BF ab ipfatotaaeccrnicace moco infinitd 
tardo perB A motus incelligeretar, ica camen accelerato ce- 
Jericacis gradu ^ ut integra fpatia» qu« in fine cqaalis cujufcum- 
qaecemporisparticulxtranfa^laiorentyveluti Ein, BI»Bd» 
Bff, B A efFenc in continua proportione geometrica , pon^lo 
aliquo interei «qoabiliter afceodeme per eamdem axem B F , 
itaatpoftemenfuminfinitotempore infinitum fpatiuminfra 
GpoutumfubindeaequalibustSporibusadGF CLG Balcen- 
deret,pcrque hanc motuum compofitionem reperirecar ex or- 
dine in N L D V A ; aoc fi «qaabilis mocus ab «cerno inchoa- 
tos refunderecnr in lineam GP versCts BA afcendencem, ac* 
celeraco^ verb in pundum G , vel B pereamdemlineamver- 
sds P, Vel A promoci, icauc quolibec «quali cempore fpacia 

fercurrerec geomecrice ptoporcionalia majora, ac majora n I , 
d , d u , A poft emenfos fimilicer mocu infinice cardo in co- 
ta «ternitace ungulos minores , ac minores ejufdem progref- 
fionis terminos per ordinem acceptos , icauc fubinde in iifdem 
pandis N L D V A reperiacur , &c. 

9 Aliud potios Logiftice , fea Logaritlimicae linee genas , 
deqaoinfranonnolladicendarecurrent, exponerehac occa- 
fiooenongravaboi:» Illaadmpdomfpiraliscujufdam genera- 
riintelligitar, radiocirculi per circumferentiam aequabilicet 
mocoy dum piindomqaoddam ab excremo radii vers^s cen- 
trommoca in geometricaproportione retardaco procurric, ica 
nt quidqoid preftat axis Logiuicse B F in curva fuperifts expo- 
fica , id in fpirali , de qua loquimuc , praeftec circuli periphctia 
in arcus cquales divila ; quod ver6 praeftabant ibi ordinattt 
B A , C V, QP,&c. geomecric^ proporcionales , id inpre- 
fenci efficiant tadii k centro ad hujus fpiralis pon^a expor rt- 
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Ri . ItaqMinhDJusdiagnmmatis fig. i. vel 3. expofitoquovis 
circDlo CAFf, decennioatir<]ne quotlibec zqaalibus aTca> 
bos A F , F f , f f , ponantoc tadiocom conefpondentium poc- 
oes CA, Ca, Ca geometticdpcopoctionales; ecuntpun£fai 
A , a , a , in carva SfiriR Lo^iftUa , aliis Spiralis Logaritbmic*, 
quibafdam Spirilis Gnmelrieti nomine appellata , que pacitec 
ad infinitos gradus extendi poflet , (i iingerentuc caaiorum 
ejus rationes non tancClm in nmplici , fcd & in multiplicata , 
aucf ubmultiplicata qaalibet arcuum abfciflbcum cacione cce- 
fcere, pcorfusucdcpcimaLogiflica didum eft fupra »«». 4. 
iedeniminprimaha|DsfpiraIis limplicidima fpecie nfiimus, 
nec aliit pronunc iniplicamuc . 

10 Ecquidemhlcpaciter, licadiiCA,Ca (intntnumeri, 
accas rcfpondentes F A , fA ccant ut Logacichmi, critq;pci' 




mahujascucvzalfeflio, qubdratiodnorum qaommlibet ra- 
diorumadrationemduorumquorumlibetalioramlic, uc no- 

. pec indicavimus , in eadem proportionc , in qua ibnt arcus bi- 
nisquibuslibetradiis jntercepti, prorfusucde racionibus oc- 

• dinatarum, deq;partibus axis in prima Logiflica acceptis fupra 

.^icebatur ». 3. Unde & conftat Spiralem Legifticam utrinqipa. 

. citer ia.iofinitum continuari polTe.tum ad majares,tum adnii- 
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ROfM tccmfnoscomiitiiittaiffttioAe tadAonik ci Bfi a g Miw ii, tuc 
deorefceiimink circa«cmnim , ctrcaqood pec infmitos ciocio* 
no6fa«ccufvaconv(^v«cur« peooc traoicies cepecoiair accus 
«qoafoSiper^oc diAaredcbaot radii iliiproporcionale8,ade&-> 
que iacegcv circulaQMieRAuano iafisiCB iibi iavicem rupecw 
ponencoi- , ceotro incere^ refpe£tu curvae quafi afynipcoto fefe 
nabence , quippe ad illud i^^gis , m^iique accedent curvae 
punda intervaUomiQoi^^oolibetdiCo, prooc diminuencor 
proporciohaiiter radii, nec aliquandk>tameAln ipfum cencrum 
delinenc, quom ad loiiinnuiqi borum termindrom perveniri no 
poffit : qu« res, otpacebic, coriofa contcmDlatione non vacac, 
( non miniis qo^m li motoum , quibus deicrtbitur compotitio- 
nem inverse conHderes eo modo , quoin prima Logidica fieri 
poiTe jndicavimuj^ (ob finem »«ao. 8. ) manifellum e(l enim, 
cotam , quanta efle poifit , hujtifmodi cbrvara per infinitos 
cincinnos iniinit^ moiciplicigyro fe circa centrum couvolve* 
cem , determinatft ie^ lines longicudinem minime excede- 
re, longicudinemfcilicecfttiCtaogentisAB ufq; ad radio per> 
pendicularem e« icencro excicatam produftse ; quod & ab aliis 
pridem obfervatom video , facifemqoe habec demon(lratio< 
nero ex infra dicendis , cap. $. mtm. i o. 

1 1 Sed & illud per fe i)n^'emoddntc6nfi;it, atqoe ax prar- 
niilTa hujosfpiralis genefi (bonte profloic , radios ad qoodiibec 
' ip(ius cur ve pundom cqoe inclinari , icattC «ondans » ' certus , 
& decermioatus fempet ikangulos Ga A » quem qodibx^-ea^ 
dios cum corva ad eaidem partes coniticoit ; liqoHlemiioc (fd- 
rali fpatio in triangula in6nitd parva sqoalium ad ceotcum an- 
gulorom diftribQto y yeloci fe habenc ACa, aCa, &c. oon« 
iiac illa (imilia fore, propter latera circa squales»ogt>ios pro- 
portionalia, quapropter&alii anguli horaolt^i K^oaks eraoct 
itaque H ponator, pondum C eds Terne cencruiiiiao quadi^ra» 
via coUimanc, qucrator aotem covva ( in fappotfkione perpeiu 
dicolarium , feo Jinearum dicci6)ioniS( noa «qoidiltaotiooi^ 
ot phydc^ fumifolent , fed in centrom convergentium, uti re^ 
vera elTe cenfencur ) in qoa grave pofitoni ^ ds per qoam deiap> 
fum,i4em inquolibetpsn^moaientanTfreiiiieat, refpedu 
momeaci , qood babet in perpeodicalo , aca ut iUod ao hoc 

B (ubi. 
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(tibieaiaqwcaafidenimit > ctndem lieiBptf dtMrarisMJSi 
«tionemobtineat, «ecninooaJiacifepoiniti ^oiis Spira- 
JishceLogarithmica , eajiisiaoUiMtioaoradios aC ( expii- 
nentaf reram grarinm dircAioBcai , venqoe perpendicula, 
jaquibnsmomeotumaaxiniiio, ica toHlecxeteenir) oura- 



qoamJnunntattir,fcd&aipereademperierefat, eantn^nini 
faciatTeaaqocUbet , Tclut A fi^ exhibcos planum aUqnod in- 
clioatnm, inqnopofitnmgtave(jaztarigoremgeoiiietti<nm 
perpendieatonnn convergcntinm } non idem in qoolibct pua- 
domomentamhabcreptxeil, nec cadera lemper ciTe htt)<s 
momeatiratioadaiomemnmin perpendieulo [ut ot id re ipla 
i Afcchanicit fapicnter aSimator , qiiippe in tanta i oeotro di- 
(laiuiapeipendicalaqaafiparallelaaabaKar. aoc tefic illios 
|>oiiiocamb)sifticcSpiralisBottiooetcipCicoiDeidit]obTa- 
<>iBn incliiiarinnitanginam abiquc-iacaiiftaBtem , quem di- 
vei£ieiitrdemietepanflacamcentio«an)an£iaGOBllituunt, 
onde Stmomeatm ad fiagnit bA fnaSi in rigote Taiiati 
contincet. 

{^lHtcaatem ftripta ineiii <t CekbniiaHimCaneSitra 
par. i.Epiaolar.>p.7].MerftnaojaaikidicalIeiinea«Ma,^ua 
mt nema noo TaRaDtBr,elc qaaataamipitaleai , rogtcamque 
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atejMaiMmn imiiaiat, cqMfiufltiCpiu.ftiiikwntalfmei^ 
& , ot e)« (■■gatct fidt id ndio* aUqiM cqui]iier incUaat^ 
&catTBjK«aoncin(iiit iliu aUciaMntibui tlb ptoponio» 
nalesi quadieipfitljagiftiae, fittQeoaMtdcKSpitaiiCpare» 
ait, ataianaiautt. ' . <,. >. -. 

II HxoeadeaiporfbSpitatialiogiSiaainieltigietiMli fot- 
ietdefcnbi iwrcoofvlsiioatoUpcinif liOgiOia^i, dctaa fo- 
praioqBBtiMmoi.toioaioBQjBpaaaainataiiMaiflftfc 




ipravet& AK inp 
to, utopusfueiit» 
queejuscqaalibus 
tisintetei BA, C 
flos abeuntibus , : 
idem centrum trai 



BA (reped- 
Kata.lingalif. 
tis , ordina- 
ccntro dedu- 
srgcntiam in 
> Logifticam 



per eTolutioncm hujus fpiralis , re^ificata circuli penpheria, 
& radiis fefc explicantibus , atque ad parallelnm (itum redenn- 
tibus conformari quis concipere poflet . Carc aatem\patet 
Logiflicim in Spiralem contra£iam fpatinm continere dimi- 
diumejus, quod explicata complc£leDacdr , e6 quud inflniti 
parra parallelogcamma B z , x z , &c. ex quibus illa evoluta 
conflabat, intotidcm abeant criangula panllelogrammorum 
B s di- 
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dimidi* > et qgibui ^ralis L^Aicst tfumam >bfolyi|nr . 

Ejufmodi enirii «tiociniam^utotcclebriaDiQcameuaiani; 

meihodo confonne} plerumqae falbx efle deprehfnditar , 

qbia non eadem Tetinaur io convolotione diliotam tiian- 

guloiam altitado , qua prii^ fuerat paralielagiammocain , 

Mllam^iibtin eeraiauone fempcr Tiriet» ) oii nec ea- 

at\ifHi»>, qote enini «litjCatM Loviftiu infinita enit , 

iii % iltlwii ■ liBBi<Ucam|loiigitudine ttnitam conTcctitar ; 

Unde circa Spinlis hujis Logiftici Spacii dimeniionem ea 

dumtaxat funt acteodenia , qua: infn (^7,8.1}. ex cviden. 

tioribus principiis.geneclnccr dedncemus . Acque hcc in- 

tcrea , ad ingenerandam'tryronibus Logifticftlines, deqoa 

deinceps agendum ecicl nociciam, piclibiifse fufficiac. 

Nunc quz (int nobis ad menceni Hugeniide- 

monftnnda-, allatis ClarilT, Au- 

,Soris verbis, breri- 

I ter indicabi- 

mas. 



>,., .:-. ..( 
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Logifftcd proprietates ab Hugemo propofita . Spatio^ 

rum f five ad^axetHjfive ad ejus paralletam ordhatis 

inierieQorum , tum adinvieem , tum ad ipfinitum re* 

; liquum Logtftieafpatiumpropartio, Suktangentis lon* 

gitudofemper eadem , & qua . Ttiiineorum Logifiica 

' proportioi InfinitumLogifiieafpatiumyCujustrian' 
guH duplum . Cui reffangulo aquaiia re/iquafpatia . 
Soiida ex infinitofpatio Logiftiea circaaxem , veicir- 
ea ordinatamrevoiuto , quam proportipnem habeant 
adconos infcriptos . Centrum gravitaOs Spatii Logi- 
Bici , in qua ab axe , & ab ordinatis diffantia . Pr<f - 
di&orum foiidorum gravitatis centra determinantur, 
Quomodo Logiftica hyperboia tetragonifmo conducat , 
& quam proportionem habeant hyperholica fpatia ad 
paraileiograminum quodHbet afymptotis infcriptum . 



IPfis Clariflifni Aothoris yerbis latini redditis , Logiflicse 
proprietaces referre placet, proot idem ipfe nobis iilas pro- 
poutas voluit ad calcett (iie Diatfibc die Ctutfa Gravitatis, ubi 
flchabet. 

» 

LesprtprietezdelaLijgneLO' ProprictatesLinesLogifii- 

gifiiqite , que Vayfromis derur cc , quas referre promifimus, 

porter , C' dont quelquei tmes tc qoararo nonnolle iis inve- 

ontferviitroMver teque i* ay ftigandis defervierunt , qa4i 

remarque* towbant tes move' circa gravium motus per ae- 

mens itruvers Pair,font les rem iuperiiks adnocavimus , 

fnvivantes \ outre /apremiere , fequentes foot } pneter jam in- 

quei'ay defia indiquh , de la dicatam , proportknalitatis 

Of- • 



14 ' GmJQtthGraffA 

prtportmaUs^ des ordom$^es d ordiaattraai adarympcocoa» 



/* »fympt9te , Moiid eliesfout 
^tUement diftates ^pw U quel- 
ie ent treuve des foints dant 
tetsflkme. 

I j^tte les efiaea eomris 
entredeuxordomihs kPajym- 
ptote ijwt entre eux tommefes 
diferenees de ees orebmuies, 
%yiiufi duns eette fytmre , <w 
AVli^ la Ifigifiqfse » BO 



qaando cqaaliter diiUt, cojas 
beoefieio plura hujus liaes 
paada reperiri pofluac . 

« 

* 

I Qg^d fpatia compreheo- 
fa inter duas ad aijrmptotoa 
ordtnatas iont inter fe , ot ea- 
ramdem ordinatarum dtife- 
rentic . Sic io praefeoti figora* 
ubi A V D togiihca eft , B O 




fiutAM^otet ^les ordon- 
nies A*Br VC, 1> O, deniee» 
dermtrest ej/Unteeneinu^esff' 
tontrent ty^K paraffeie d fA- 
fymptote en E, Kj les efpaees A 
BCV , iy#a JO D ;fiit entre 
eux,eommeMsar9ites EK KDl 
a Qiie Us mefmes ebopfs 
ejUnt posies , & ^(X efiant 
lu taugeneeaupom A, la queSe 
eoupe CE, OK, en /, &Gi 
lesejpapes A^B , AHf^font 

f*»^ fiat , tommc ies droites 
VI» DG. 



efufdem A(yroptotos,&orl|> 

naee AB,VC» DCt« qQ^ 
diM pofftremsreoiMiiKiataBafi* 
veniunt cum A K ipti A^ai* 
ptoto parallela in E , K ; fpa- 

ikiter fe, of ted* E V , K D. ^ 
i Qnj^ iifdem poficis , 4^ 
A O cttkvamtaogen^oad paa« 
d^umA, qisaefecetrpfi^CB^ 
Q:K »nl,&G} ^ioAVE^ 
A DKinter k fioat , or tdSsm 

VI, DO. 

3 Quod 



3 SluePefb4(t€f»tprii9ntre 3 Qfi^ JlfMtim 4viabos 

^ ^ ' " ordinacis iocef jedom tft «d 



4i?«;r ordwiietttlk ifrfpttem- 
fitti,qiii, depuis hmoindrf de 
tes prdoimht» fetendentreia 
Logiftique , &fonAfymptote, 
eomme la difference des mefmet 
ordonnhs eft h la moindre . 
Quand ie dis , que tefpace inftni 
i une tertaine raifon i na^ejpa' 
ee fini, telafignifie qn^iiapro' 
tbefiprh de tagrandeur 0* un 
efpace donn^ , qui i tette pro' 
portion i fejpacefini,que la dif^ 
ferente peut devemr moindre 
qn'anenn efpaee donn^- Dant 
la figure precedente Fefpace ^ 
B QjD eft a tefpace inpni , qui 
depuit D Sl^t^ itend entre la 
eourbe , ^ /' afymptote , comme 

KDiDSl' 

4 JlheiafoutaMente, tom- 
m BOdant U m^e figure , 
^jfi tmisionrt d* nne mefme ioU" 
gnenr, i qnelquepoint de la LO' 
pfiifne qne U tm^ente apar' 
tiene', 

5 Sifie cettehnpienrfe trou' 
ftefer apretdinmtten , & qu*effe 
e0i/a partie de PaJ^mptete , 
:temprkfit entre kt wdonnht de 
it ratfin donbiet tfme 4 342944 
Ji90)»5 >0O4 i 3010)995/566 

)98 1 i9S4JMtbienpret , eomme 



iofiiiitniii fpttiom • qood poft 
minorem haiom ofdiOiiiBron 
exporrigitor ioter LogifticSa 
& ejus Aiymptotoo , utdifie* 
femia earumdem ordioatarG 
eft ad mioorem . Qoum por* 
r6 dicinios iofioitum fpatium 
ad qno<f(iam finitum in qua> 
dam ratione efle , hoc onum 
ioMUigtodnm volumus , tam 
proximd illud accedere ad da- 
tam fpatiom , quod finito illi 
fpacio in di£la ratione ref- 
pondeat, ot di£erentia minor 
evadere poliit qualibet ma- 
goicodipe data. io praecedeoti 
ngura fpatium A BQD eft ad 
inHnitom fpatium , quod poft 
Qp, curvc , 9c afymptoco io- 
tcriicitnr , ot KD ad D Q^ 
4 Qiobd fubcaogeos » veliit 
B O io eadem Bq^tn, e|oidem 
femper eft loogicodioM * •d 
oQodcvmqoe liOgilUcft fw^ 
&am uogcQS pecuoct& 



5 Q^odhteioDgitodopcr 
•BroxiiMtiooem rMCcitor , 
eftqoe ad pattem ai^iBptoti 
interccfkum ordioaiiB dopfae 
proportiooia » oc ^f^xp^i^t 

90325 16«4 ad 3eio)9995d^| 
98 1.195« feopcoxinift » «t 13 

ad^. . 

6 



V • 



f6 Gttidmit Crandi' 

6Qttefityatrw9rdofmiest 6 Qobd (i faeriot t^for- 

eomme ekms teite figtere font dinavK, veldt in htc figura (b 

AO ,HG,BP,&fmedu habent AD, HG, BF.&er 

fernt 4e keourbe, efaffemnt pan^o carvs sld mininiam 



^ A 




•1* i 



i 



^ /n mtdret on mefie aneparai' 
kte i Tafympme , mticefipe Us 
deux antres erdonuees en R, ^ 
Kt& une tangente*B Q^^aiii 
tes ceupe enttf^ Qj les ejpa • 
ces trili^es ^*BK,HBR 
fent et^e eux , cemme les par- 
ties des erdounhs entre la coW' 
be, iy la tangente ,Jcavoircom' 

7 J^e f efpace infini entre 
uiuordomih, ia Logiftique,^ 
fonAfymptote ducyie, queces 
deuxderniefes vont en ^appro- 
dkant , eft doahle du triangie , 
fttefmtfordoetnh, iatangen- 
te, menh du mefmepoint epae 



pertlnente ducator afympto- 
to parallela , fecans daas aliaS 
oroinatas in R , ^K> ic tan- 
gens fi Qj?afdem fecans in M« 
& Qifpscia ttilineatia A B K, 
H B R funt ioter fc , iit partes 
ordinatarumiilccrcQrriim , ^ 
tangentem, fcilicet oc A Q. > 
HN. 

7 Qubd fjpatiam inHnitQfn 
inter ordinatam ,Logilhcam , 
& afymptoton , qua parte Imb 
ad invicem accedant« duplatn 
efl triaoguli oomptehenii oi^ 
dinata , tangente ad idero'or- 
dinatx punduoi , ac fohtaa** 

gcn- 



Theitem. ttigen. Cof, 11. ^ 

tffdomi^e, & lafomMgP»fe. geoce. Sfc in eadem iigura 

ipatiam infinitum poil ordi- 
natam B F duplum e(t trian- 
guUBFO. 



Ainfi, dans /a mefmemttre, 
Vefpace inftnitdepuis Pnwnnh 
BP,eft donbie du trtangie 'B 
fO. 

8 S^re^e,eoinpriseH' 
ire deux ordonnies , ef^gal au 
redaugle de lafoutangeme , ^ 
deia difference des mefmts or- 
donnhs . Ainfi, dans ia mefme 
figure,Pefpa(e ADFBeft egai 
aure&angk de la foutangente 
¥0,&deViA. 

9 Sli^e lejoiide quefait Pef" 
■pace inftni depuis une ordontiee^ 
eu tourfutnt autour de tafym' 
ptote , efifefquiaitere du Cone , 
dfnt la iauteur efi egaie ^ ia 
foutangente, ^ ledemidiame' 
tre deiabafe egai d ia mefme 
ordmnh • Ainfi le folide que 
faitPefpateinftni *B FO C» en 
toaruant autour deFO,efifef' 
quia/tere duCone quefait /e trt* 
ang/e B FO^sournant autour 
delemefineFO. 

I o Qme /e folide prodttit per 
/e mefme ejpace infwi , en tour- 
naut autour de Pordonnh B. F,' 
depuis /aque//e it commence , ejl. 
fextuple du Cone,quefait /e tri- 
augle BFOt par fa converfiott 
fur^P. iie laqueUe mejure 
desfoiidesiWenfuit, 

II Jiue/eceittre degrdvite 
deft^aceinjliii, depuis une.cr^ 



8 Quod fpatrum. daabus 
ordiaacis interjedtuin xqualc 
e(l reflaqgolQ iubcangends iii 
ditfeffenciam eariimdem ordi- 
natarumi (ic in eadcni %ura 
ijpacium A D F B squatur re^* 
aaogulo fobtangentis F O in 
KA. 

p Q^bd foUdam produ£lfi 
ab infinico fpatio poit aliquam 
ordifiatarom in coaveriione 
circaafympcocon« ci\ fefqoi^ 
aicerumCqni» cujus akitudo 
sequetur fubcahgenti » baHs 
vero femidiameter ordinacas 
parfuerit. Ica folidum geni* 
cG abinfinitolpatio BFOC 
in con verfione circa FO fe{* 
quialcerum eH: Coni genici ex 
triangulo B F O circa camde 
FO revoluto! 

lo Quodfoliduprodufium 
ab eodem infinico fpatio in 
converfione circa ordinatam 
B F , pofl quam exporrigitur » 
fextuplum efl Coni genici cx 
criangulo B F O in con verfio- 
ne circa B F • Ex qoa quidem 
foiidorummenfura confequi* 
tur. 

.11 Qobd centrom gravi- 
Catis infiniti fpacii pofl unam 
C or- 



i8 tiuiJi^ts 

iomth, 'efiiTtftaht ie cetfe <fr* 
doHnh,de la longtteur de IttfiU' 
tatfgente . 

12 ^e ce mefme eentre di 
^ravit^ eft diftant de tafymflO' 
ie, du fualrt de PordOfttiw. ' 

I "i fttvois. aufft trouv^, qa^ 
lecentrede^ravtti dnfret^ier 
des ditsjo/tdes inpnis, eft di- 
ftant d^Ja baje t ae Idtttoiliide 
lajhiisangeme: 

/4 Ei qae k tentre dt gt»^ 
tiitedePmitreftilide eft diftaHt 
defa bafe inftnie » d^tme iuitif' 
medejonaxe. 

15 Onfcait afez,^e eette 
ligne Logiftiattejert a la JSiua" 
diaturedeflJyperbolet depuis 



Grmn 

' ti Qdbd ideM i^ftricatk 
centrum diftat ab alymptotd 
ffer qoadf Mi^^ tfrdittxtat» 

»3 Rep«fim«s etiam, qubd 
centtAm gni^it^tis ptitai tx 
di&is folidis uifiiiitis diiht h 
(wk baO per fefiii0iim fabtan* 
geatis. 

^ 14 Ercfiibdceiirrtimgr^- 
tatis alterius folidi diftat ab 
c)as i^fkitta balr per oi^bmfiem 
faiaxi^. 

15 Notom jam eft, btnc 
Logtfticam lineam Tetr»^- 
iiiijno Uyperbolie dcletvite 



^ "Sf 9- Jt 




tttdenmfrations duP.Grega^ 
tre de Saint ViiKent , ttutbant 
kr ej^et Uy$erboli^t tm» 



poft demonftrationes P.dr«- 
gorii \ S« Viflcentio circa Hy- 
petbolica fpatia duabaf ad al* 

tc- 



y s iflRc 4€jIs ejpaees , awt ^s rinc hajaCmodi ^acia . i|t q^ai- 
eirdm^s 4ettmfiitn$ tomme bus otdioacc nnias ^Ut » uc 
AD iHG ians la iermere AD ad HQ in po(lreina fi- 
fiffetitt&kiswio^sigPash |[9ra> 4cocdmi?t|fCi»w»at 
$ret0mne B P4 CEi cese^a- 9 F ad C £, «ccjfo^ii dranc 

incer fe , ac Une« tf 0|j^ F £• 
Nondani aacekb, Quoa fciani, 
innocaic» hcc ipu^cia hy- 
perbolica eflTe adparallelogci* 
numi hyperbole (fic voco pt- 
rallelogcammuro, cajaalacera 
iinc duae ad atramqae alyoir 



tesferont entre eux comme les 
Uffm DG i PE. %Mais on 
wa pmnt remarane » qnejefca" 
ebe, fot ees mejmesejpaces Hy- 
perioftfnee fmt an TaraUeU" 
gramme defHyperbok {Jap- 
peUe ainfi le panUlelogromme 
dont les cofiez font les deux ory 
dom^es/nr les djymptotesjir^' 
es 4nn mefme point.de ta Se- 
Qion^ ^comnte cbacune des Ttgnes 
D G , pB , a hfoutangente 
FO. tktforieiuie, fi fe Paral- 
lebf^raimp 4f ^' Hyperbole eji 
fnppos}di o^ 434?9448 ipjjtf^- 
ties , fhaque ejpace Jtiyperboli- 
qat , compt^s entre denxardon' 
n^sdmaainajynfuttes , fera 
i ceparcM^ramme , comme le 
Logaritbme dei^proportim des 
mefmet orthnnhs ,c^ejth dire 
eomme la Mference des Loga- 
H$kmet,d(emmbresqtdexprh 
ment /apro^drtion des ordonne- 
^x ,«fr minSr^ o, 43429448 rp; 
enprenant des Logaritbmes de 
ioebara0fres ontre la cbara- 
&erifiiMm^. , 

Mtal^ijlefiiaisjtdeverifter 
. la JHnatkittnte de t Hyperboie 



ptoton ordinacs ex eod§ pan- 
ao Se6lionis du^ae ) oc ona- 
qucqiJinearumDG, FEeft 
ad fubcaiigentem F O • Adeo 
uc, fi parallelogrammum hy- 
perboife (oponacar parciom o, 
4S429f|8t9« qoodlibec hy- 
perbolicum Ipaciam duabus 
ad alceram afympcocon ordi- 
nacis iocerjedum eric ad hoc 
parallelograoimam , oc Loga- 
rithmus praporcionis earum- 
dem ordinatarum , videlicec 
oc differencia Logarichmorfi 
refpondentium nameris ex- 
priqieiicibus pr9p(«ciQBl& or- 
dioauritm » ad nooieruiii Q, 
4342944819; accepcis Loga- 
rithmis decem nocaram olcca 
cara£leriilicam . 

Acqoe hinc facile eil veci- 
tacem oHSdere Te^ragonifmi 
C z Hy- 



ab iSmdoms Grandi 

queTa^iMnies Jans UTrait^ H^perbolici abs mepropofiti 

ife rEvolutim des Uffies Cm' in trafbta deEvciutipneCar- 

hesy ^ui efi dans mQn HQrolo- varam « Qoem HorSlogio Ofcii' 

giam OfciUatQrlqm « f^torio infertum invenies . 

. HadcQOS. Viri Clariffimi IK|Q^ » *t Do^iffimi Theoremata 
pedade nova , 9tqqc a4miratiili4 : nonc ad ea4cm demonftran- 
4i apcedamas . 



• t 



• « 



C A P U T III. 

Primo Theoremate propofito, oflenditur aggregata quot* 
lihet geometrtce proportionaiium 2imimmo effe inter 

• fe^ut differentia termiuorum maximi , & minimi. 
Ineommenfarahiles magnitutHnes per ahiattMB quan- 
titatis minoris qualihet data reddi eommen/urahi/es. 
Him prim* Tbeorematis Hugeniam demonfiratio mo' 
re Archimedeo , Spatia Logifiiea aqu} alta funt in* 
ter fe^ut homologa ordinata y fpatia quoque infini- 
th longafant , ut hafes . Quodvis /patium adfuhfC' 
quens inpmtum efi, ut differentia fuarum ordinata^ 
rum adminorem. HimfecundaejufdemfrimiTbeo* 

' rematis demonfiratiOk 

I A Pcim&fgitarTheoiemat&CbriffinriHogeniiao(pican-< 

J\ tes rem ipfam propiCisattingamo;» ., llli|d, arvidimus, 

eft : Qtjihdfpatia comprebettfa inter duas ad afymptoton orditta* 

tasfotitittteffe, at eatmde/n ordittatarttm dtfferemiiei Sic ito 



TUorm. Hmen\ Cap.IIL , li 

frsffentifigBrM» nSi AFD lcgiftieseji, 20 ipjStis afymptQtos, 
^ trditumt AB ,VC t 2Xj^> quamar dusf poftrm^ cotttima- 
u convtttiimt cum AK ipfi afymptoto pataUeia itt E, Ki /patia 



i 




A^BCV^ ABQD funt interfe , ut reSta EF, liD. Q^od 
ut demooftremas duo omnino func pramitcenda prims de- 
nonftratiom , alterum circa aggregaca terminorum prbpor- 
tionalium , alterum dc linejs ihcommenfurabilibus , quam- 

avAm enim primum ex Torriceilii Heicilinets, ejufve lemm.28. 
e dimeniione paraboke facilc deduci poteft , fecundum vero 
exprefsd l^ Cavalerio exercit. 6. prop. 24. demondratum fue- 
tit , maloi tamen demonftrationes meas per extenfum afFerre» 
ne Le^lor , libris illis fbrtd ad. manum non ,occ|)rrentibus , 
10 homm Theorematum demonftratione h«ntare poiCt , fed 
folis Eoclideis, Conicifve ad fummi^melementisinftru^us, 
abf q«e alio fubddio , oinnia iooflfehfo pede percurrat ; 

2U00 & $liks infra obfervabimus , ftmd hic mooaiiTc fuf> 
iciat . 
a Dico igitur primb , qubd , fi fuerit duplex feiries qqot- 
' comque terminorum in eadem ratiooe geometric^ propor- 
' tionalium, erit omnium a^regatoqi* minimo excepto 1 in 
prima ferie , ad aggregatara omniom, pariter niioimo ex- 

cepto , io krie fecaoda , ot difierencia maxiau h minimo 

pri- 



9 



.1 



**■ 



GiiyhmfQr^ 



Sinc enim magaitadioe; ^nimodi wpciaw lcri< A,B,C,U,E, 
qaacum vazima A, mimiw E« uwvlSW diScipli^ f , 



1 



MNP A. 



difFctencicantcmnagahnim pccordiaemi pcoximi miBori 
iint a, b, c, d, Dtiqacfimulramptaexqaales ipfiFG extre- 
marum . Sint pariter fecunds feriei magnicudines 1U,N,P,Q, 
qnarum maxima M , minimaQ^, utriurque dilTerencia R 
limilicer squalis omnibus limul parcialibus difiecenciis doa- 
rum quatumlibec fibi luccedencium,qua&notanc lictere m,n,pi 
iintque in eadem racione concinue proportionales tum quae in 
prima ferie , tum quc in fecnnda reperiuncur . Dico A B C D 
iimal ad M N P fimal fumpca; elTe, ut F G ad R Oi cijm enim 
finc A, B, C, D, E , continui p , eiunt in cadem 

ratione ptoportionales earum< e a, q, c, d i acqnc; 

ut nna A ad unam a , ita om fiqiul ad tQtidepi 

a b c d fimul fumpcas , idell ai is omoib^ ^qaa- 

lem : eadem cacioae ollendecur, uc una M ad unam m, ica om- 
nes MNP adomnes mnp, fivead R O ipfis a:qga|em ; ell 
autem ut A ad a, ita M ad m, quoniam fgppooituc efle A ad 3, 
utMidNi igicuracABCD adFG, icaMNP ad RO, |8c 
ahemando oc fumma terminorum pcimc feriei excepto uli^i- 
' ntoadfammamtecmiaocam pplteciocis nltimo pacicec cxcp- 
' ■' - ptg^ 



3 Dicorecundbdnaromiocommenfarabiliam magnicudi- 
nnni ma}orem poile minoti commenftrabilem reddi,ablata 
magnicadine minort qualib^ data . Santo enim in fi^.i. hajas 
diagrammatis du« e;ufart>di ^u^ntitaces incommeaTurabiles» 
A B maiof, & C minor, qosKbet aatiem magnicodo pfopo>- 
itca A E qoanc6mvisparra ; dicb pofle tfx majori A B auferri 

Soancicatem, puca AD, minoreoi^ affignata A E» icauc re(t- 
aum D B iic jam ipit C comoKinfarabile ; oam bifariam 




4ivi(a €, atrarAis fobdivifa qnalibet ejas med^eltate , fSfetf 
fewot^amdeveoiama^ adaliqoam ejos partem F minoreni 
data macniHiditie A £ : moltiplicecor ica^ue F^ qooofqttefiat 
l^ioxime fnajor ipfa B E » & aggregacom ex F cocies accepts 
iit BD, patet BD minoremforeipfaBA, qaiaBDad^fii^* 
niikm foperabit £B quantitate F, )uxtacoQ&o£lionem»iiii« 
B«ri ^oam fit A E , aocpleromqae oec iQceera qoantitscc F|^ 
fed ejos aliqoa porcione molcb magis mihori ipfa A E ; imqiM 
BD miiioreft, qiiimBA,defe£la A D minori qoiimfit pro^ 
j|^(» inigiiitodo A £ ^ fed & eadtm B D i^ C commenfi»* 



ta- 



H 



Gttldom Gra^ 



rabiliscft, M>cns cum ipfii meofimfn comainneni F » eie qndi 
plucies.repeuta coniaigu » igicor ex maiori A B doacG io com«» 




mSfarabilium magnitudinum fa£la e(l abhtio partis AD mi. 
noris data quantitate A C , relidua DB jam commeafurabiii 
ipfi C remanente. Q: e- f. 

4 Jam libero pede Hugeniani Theorematis demondratio- 
nem Archimedeo mo^e (ic in^hwo. figfiq. SpatiorG A B C V» 
A B QP f qus demonftr()nda funt iiivicem effe, ut V C , D K) 
altitodines B C , B O^vel commenfurabiles fuoc » vel iocom- 
menforabiles . Sint primiim commenfurabiles, menfura Bx 
otrique communiter inferviente, diftributoque axe BG, & 
renduo C Q^in particulas ipii B x xquales, ac du^is ordinatis» 
^ant parallelogrSma «que alta Bz, X;Z,&c.ufque4dCm cir«. 
cumicripta ^atioBCvA, quorumultimum. Cm i]ii peni* 
tus extrinfecum remanet , continueturque eadem paralleleK 
grammorum s(]udalcoruraferies per reliquuin fpatium CV; 
DCL, cui paritercircumfcriptaunt Im, nm, &c. ufque ad 
QjO , quod toti fpatio extrinfecum paricer erit : At H menfu^v 
ra B. X .non fatis ad profiolitum exi^ua fuerit , poterit iUa , & 
fequentesportionesiplisquales, tnfariam dividi » ac rurfu^ 

. bi«» ' 



fc ki i h m» inuiciplicatisparaUelogrtfBniis luec fpada. ciccum- 
fcribentites » qoooiqoc excedanc eadeoi fpatia minori excelTci 
quoUbet daco , iiquidem ille exceflus miaor femper orit prirho 
parallelogrammo hz, qood ( dimioota ejos lac^todine) minios 
elTe potett quavis propofita qoanciucet eront aurem hcc paral« 
lelogrammacqudalca, ot bales, nempe ut ordinatc m Lo^ifti- 
ca paribus interirallis diditc , adebq; erunc , ex primaria Logt- 
ilicae aflTedione a^. i . num. i. reJata , m contmua proportione, 
nnde ex primo auompto nodro num. i. hk probaco , aggrega* 
tum omoium parallelogcammorum circumrcriptorum fpatio 




ABCV, pnetecminimQm coti fpatio extrinfecom Cm » td 
aRgregatom omnium circumfcriptorum fpatio A D Q^B , ex- 
oofo parirer minimo Q^Q , erit ut difierenda Bz ilCm, 
:fci]icec ot m V £, ad dif&rentiam ejufdem Bz 4 Q^O, tdeft 
ad OD.K» at<^adeb uc V E ad D K. Qgoniam igitor 
feriespamUelogrammoromejafmodi fpatia circomfcribentift 
femper, qoaotaeumqoe foeric ipforom molcicudo, & qoantom* 
ewnqae aceedancad ipfamec fpatia , inveniontor ciTe in rado* 
fie conibnd V £ ad D K , patec otiqoe Vins Archimedeis & 
ipfamec^Logidicafpatiaiis parallelogrammorom feriebos in* 
icripca, nempe AVCB , & ADQB in cadem efie racione 
VEadDK. D s 
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ftf ' ii QukfQms QtmJi 

5 Siot^amaltkadincftBC* fi Q^ifscpaiAiisi»faral)iifei ) f ai 
teric, ex Cecoiwdo airumptp nbUco mtm.:^. bic 4caionAnco> 
fiimi BH dc&ctens a B Q^quanticace NQ. miowi aoaiibot 
data / fommeofoca^ilis verbQxidens ip|i.RCi q«09odo« ort 
dinat{iNMR,habebicrpaciura /^ VCBa^ A M N B ^attu 
detiiracionem , qoam V £ ad M R , ai^uroeacapr^Mciml alla^ 
to id coociiideote . Si igitor major efle dtcator ratio A V C B 
ad ADQBf ^oi^ratiolinearom VE» &DK, poceric ipia 
M R tamiKOxua^ eifi: ip5 DK » j8c tanipar^m tAt^ ipTa doiice4 
re, Qtratiodidoram(()^tioramlkad||ocnujoc , qvAat raiitf 
liacs V £ ad M K , hoc eft qaim ratio ipatii priou A V C B 




a4 A M K B; atque^e^ foret A D Qa i|uoos quam A M N B^ 
quodeft abfurdum ;, ii ver6 minor eue dicatar ratio di^orum 
^tiofum , ^u&m lincacom' iUia, oc fiipra , rc^odeatiaai, 
poterit liibildminus linea N Ml tam proKima efle ipdQD » & 
foatium A M N B tam parikni .de^re ab ipfo A D QB , oc 
ratio AVC&kd AMNB,boceAratia V£ad M&adhoe 
minorfic, qoiimcatio VE ad DK , at^ ade^ MiR major 
Ibcet tpfaD K > qood partrer eft abfttrdtim ; .^^qiHiiis^tg^cor eft 
catia A VCfi ad ADOP raciooi V £ ad DK . (^e. d. 

6, AJiam adbuo.expeditiooem fortaiTe ejofikia Theoro^ 
matis dsmonftrationem fabjuogemos , his aliis pNMaiflis ■, 
quae demohftf ade in feqoentibo^ ooo pi^^hit : & primb mi- 
tace juvac dao qoslibet fpatla lcogiilica. aBqu^ alca t)uxta ioU 

dK«* 



H6<udn»giil otnttf<^ OVdhMit* $ aimiifQib pari ti^ftetittf ji!: 
iicu<ljfiblC,<:OLi i^ti^rtt B A V C ad C V Qperir» tit ft A 
a4 OV;i^C¥iNl'^f>|^ptaeiiinial>iyisBy fle<)WMi Cn; 



^» 




\ 



I 

&ordinttis xS, nr, erit ex natora dirvar , m B A ad xS, ita 
CV ad'flrr,^aiterdaftdo>.utBA adC V, ita xSad nr; 6c 
lioc femper ; ergo nt oha ad unam , ita omnes ad omnes, nem - 
pe ut B A ad C V, ita fpatiom B A V C ad C V D Q; (^uod 
«rat,&c. Neqoe referc (inc-, ne YatQ fpatia conjunfta, libique im- 
tnediatft fucoedentia , aa prorsdsdisjunfla , vei ex parte com- 
niunicantia, eadem quippe ratio^ uc conftat , perinde obtit 
fiec .' 

7 Deinde6bfenrareoport6t, fpatiapoftqotmlibetotdina- 
tam in inifioirQm produfta cfie ad invicem , ut fun< ipfst ordi)> 
nat^/feb bafds ralium fpatiorfi; ftc D A BQ^R , & D V C QJt, 
ex parfe Rutraqueinterniinata.&ihfihit^longa^iiimadinvi'- 
cera, tit B A,& C V . Id fani cohdat, tum quia infinita B QR» 
&:infintta CQRfuntstqaales, quuiii diiferant finita longicu- 
dme B C nullam rationem habente ad ipfarum utramlibet , 
^uareexdiSKsnoitaeroprarcedente^atia iis adjacentia funt, 
■t Of diaatc A B, C V*- tom etiam dcaeitds iic . 

D a Di> 



a V Ca^Ums tkmdi 

Divifo intennifiato fpatio D A B QJl ia in^ta Ibaf la 
squdaltaB V.CH.GD, &c. fiaiilitcr &fMtib D VCQJI 
in iniinita eiufdem altitudiois fpat» CVHG^QHDCb&c. 

«ruoc lUtobKjQr, ex IttpiadcBMiUivmio/nir^^/diiiiwflwr*^ 




fpatia illa «qui alta, m fu« ordinatc, ade8q;ia geometrica pro^ 
gredioneiomhes igitur termtoi B V, C H , &c. ad omnesC H» 
U D , &c. in.inlinitum coocinoatos erunt , ut primua cerminus 
B V ad pcimuro C H,ex is. v. elem. aut ex sy. Jemmat4f Tor» 
riccUii de dimen/iooe parabolc dXi^ citato i adeoque eroht, uc 
B \ ad C V. Quod e. d. 

8 Hinc ultro proilait tertium Cl> Aattioris Tlieorema,qQb<l 
fpatiumduabus^ordioatisiocerje^uroefl ad infinitum fpatiu, 
quod poft minorem illar& exporrigitur , ot difierencia utriufqfc 
ordinat« ad minoreni ipfarum ; quia enim DAfiQft aa 
D VCQR eft, ut B A ad CV , igitur dividendo A VCB 
^d fubfequens ioterminatum fpatium poH C V el^,ta H^ V ad 
V C, & (imititer A D QB ad interminatum fpanium.poft QD 
eft.utKDadDQ. 

9 Alia igirur priroi hiijus Theoremat is demOnftratib Cxc iii- 
(lituenda eriti fpatiuia A BC V ^di^cyfiiia^cuai V D R Qi^ 



JBCermtfianiiu D R Qjev 4mmi.^..^V uc V C ad QPV deai- 
que DRiQjd D V C Q^x «Mrfl». /r^r^ r^f. & coav^ceodoeft* 

maPadUK;igitutcexcqiioAVC^94CVDCbliiUC 
VEadDK. Qjs-^ 
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C A P U T; IV. 

AdftcuniMm HugemiThearemademnfrattdttm, qu£fit 

L9gifik£ paramVtf^ oBetnituty & ^uomodhaqualis 
'^ ft (uhtangenti . Pq/? demonflrationem fetundi The»*^ 
rematis adquartMmproceditur , qup demonffratOj du^ 
terminatoque reffanguio ^quaii/patio Logiffic^ infi* 
nh^ /^ngo ; expmiur Aufforis tircumfpe&d ioquutiQ 
dtratitineinfimti fpdtii adfki^utn , /tc famiiiarihi 
e^empiis fuadetuv infiniil (ongafpan0.diHirfu.inat^ 
fuantitHti deqtiiUia effepo/c. Spat^a pivvuori^ ra* 
tionis ordinatas in Lofffliiti qhfciffa quam proportio* 
mmhaheant.ii regu/a ad digndfcendum qu^fidai fpqtl^ 
infinise iong^ , auf i^fifflii termini fiuiitim figff^^ist 

ftimtUmus^ifuanddyerVtufnitm^ 
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SLKrJn t\ !&* Clf^fpatia)L^Vi^.ADltfuntinttrffi,tnre0^ 
Vtt BG, Qa,od|>aricetucdemot^Ylretarcleterniinahda prius 
eft Logiftlcc ,'dt iftfe^appeUMe foJ6> , fdra^utieryhxt aQtein 
4urinodi.e{( . t 

a ^4qp9!Qat^ lipea $ , ^qiutciim ({oavis «f dinai» ifitil^ Lo>gi- 
fticain^&axjparaIleMin,<yehiti€umVE, contfneat re^an- 
guhim cqual<^ rriitioP A V (^ ^ , adjac6/id eidem ttit^W id >af - 
teKaKis ; okwittilhtiiiVftV qa6(^c>ftBein dbnftathM^iMllS <^nti- 
iiebifcaiiiiqMTiaaliaUmiltorcNinttaDK radaayjfcMrMpaie 
f|Wtio4»crc^QndeBtji.>^ enim e» pnmo Trtieo- 

remate fpatta V A B C , D A BQJint, ut reac V£«D K, feo, 
^b coiitmun^ iljritudinem S, ut re£f aiiguhimex S ii) V E ad 
>dil|^ <|^S4ifXiK.,*ubi %aA'un^V>A^ (^i^fiMm ftertt 
c<)aale redUngulQ. ^yn M^Uk (pf(ipm paritec «4 9 Qjrtuaie 
erit re^langulo ex eadem ^ in D K > itaqoe non incommod^ li- 
nea S, Logifticc Parameter deinceps appellari pocerit, e6 
qabdiitlinea, juxtaquamipfie VE, DK polfont fpatia Lo* 
giaicc adjaceotia A V C B , A D dB . 

3 



genti , MkwiBgoHitM^milmdnmttiii hA ,- 0et«ngente€r# 
A O iatetmftmt i«iD|iei«(}iiatefD efic, itant, pcrfita ^ 0^00»«' 
11 ipl» S,. jiiaA«>0 A«M«ftiii tangaf >n,A • 8ai»pto eniml^O A( 
qiidvit f uhAo i^iprft , 'vel iafra A , oreHnaca<)ucC 1 V,i^^* 
renre «KiiaC^ eutvrtiiV, ^pM«IM#AKiiiei wic^.bl^ 
amilmdiMmxmtif^i^m OB A% I AS»«ipri OB IM» B A^ 
uc AE ad £1 ; redao^om igitnrO B in £i «rqutie eric 
reflangula BAEiffii Ipatkim fi A V C e(^ , ex ittttaera pne^ 
ientit cquale redansul^ Paramerri , ideil jplrus O B in V E » , 
crgore£languJnmBAE^drpach)iB BAVC e(l,iK re^a I£ 
ad £ V i pundo auoem 1 (jipta A exiftenice nianifeflam dl 
re6\angulum BAe iuous^llefetciv BAuc,ergocunc i e 
roinore(l,qu^m eu; oboppoutamrationem, accepcopun- 
Aol infra ipfum A ^ cric re^^ngulum B AE majus fpatio 
B A V C, unde & re^a I £ oujor ipf4 E V i q aarc in ucroque 
cafu pun^um 1 eft extca cttrWfa » & ip£l U A ett tangeos . 
Qi2.od erat demonftrandum . 

4 Hocpodto, demonilratlo fecundi Theoremaitis Hig;e> 
niaiti fic in((iciienda erit ; c£lmi., oh iim<litudinem trianguJora 
OAB,GAK, ficOBadBA, ocAKadGK.eritrcaan. 

gulam ex O B toG K «q^uale redbmgulo B A K Q^ fcd O B 
in D K jaracqnacurfpatioADQB » ex fii^radicti& ; igicar 
reliquuisii^^aQgttlumex OB ia DG squacur re5duo ii>atio 
D A K . SimilKer oftendettr» cedhnj^um e^ou^mi OB' ih 
V L flBquari fpatio A E V ; rgitttr oc «rsdi^fa reOangula » fi v*e 
ut eorum bafes D G , V l » ita fpacit ipTa D A K, V A.E ; q^d 
ecat demodftnndom . 

5 De tMCto HageitH TheoremiKe, tiood^A* r S^thnnhnt' 
hs ordinath intefje&nmiffe adjpatium infinitum , quoj po/fnir- 
mremeammdfmerJinatartm exp&rrtgitur imerlogj^itaniy ^ 
^ut^Affmptiton ^ tu dijiretttia earnnMkmardSnatarum efl Vd 
minoremi tttmpeinpraeetkntifigtnra^^kimC^BJ^O ejfeali 
Jfotinm infinitnm , ipndpQfi minofem eammdem ordinaParum 
'eM^9rrigitur inter logi^cam , &^ejiifty1J^mpmm , ut Jifiren- 
$ia earum^merdinatarum eft adminorem t ideft d^ pratedenti 
fgurajf^tm A*B ^J>efiadJpali»minfiiiHiiit^fn9dp«fiSlpt 



hoc, in^tfam, rh«ocenwK€oati|efl»qQ^fliiinusibll«Bai;i,4auai 
eius vcriras jam mnotueru ex dietist^f.prmed. mmS^ acnihil 
iam a4den<^um (aper(ic ijki^ iioQq(Hi(i4BOCi>IUrium»l]9ilicec 
- -j 4^ Qu^: rpaciiim indoicqm poft quamvtis LogilNoc ordiiuir 
^m QP carve^, ^ «rympcotc» interj«diim, a»qu4le Ht red^a- 
g})io:liibt|pgeotis, k^gfLt^miim BQ iiic«uB4eaoc<liaacam» 




nam» utDK ad D CX> ita reflangulqm ex B O ioDK ad re« 
dangulumex BO inDQ. & iu etiam rpatium ADQJ ad 
ad mfinvcun? rpacium polTQP expor^e^lum; quare quum re- 
dtangulum ex B O in D K Cit, cx di^is, «quale fpatio A D QJ^ 
etram B O in D Q^ric aequale fp^tio iafioicopoil QD expor- 

7 Q^ie vefb circomfped^ in^etit Nobilidimns Ao6|or iWig 
verbis : Ckmp9frh dieimus infimtumfpattum ad ^oddam fini* 
.tumincertaratiotteefie,hop.unumittte//igeadum vehmus, tam 
proseim^Hludaccedereadi^tumJpatium , quodfinito iUtfpatio in 
di&aproportioner^pondeatt ut dljferentia miuor evadere pofit 
qualibet magnitudine data » Non ita accipienda lunt, nec.CQ 
Ipe^nccertilfimd, ut fcropolam movere videacor Cl. Author, 

nufn 



TbemmBugeni C^.IF. *^^ 

MB exaC^cftirtiJMda (k propoirtio , qoam inter u^comq} (pi" 
tiam ttoiat; ex quo enim Torricellius infinicum folidum b^- 
perbottcuai in cyiiodronii cqoatem determinacie bafisV & alci'- 
codinis coimaocafe Geometrasdocuic, necnon in^itorum 
proportiooalium terminorum feries in onam fummam colii- 
gere » jam extra dUbium eft magnitudinem ima , Vel altera di- 
mentiooe infioicam (pntikmutcitudine, licet nonmole, lide 

Suantkace diiiBreca fermo Itc, ioogitttdine,licet non laticudine; 
de ^^iis foperficialibos loqnamnr, auc longitudine, licec 
aoncraffiiie, Telcrafficseouidem, fed nonlongitudine, lo- 
quendo de folidis ) ita reuqois dimenfionibos ad abfolutam 
ejus magnitadinem iocegrandam concorrentibos limicari pof* 
fe, ut quaotitacem prorsos finitam adoEqiiet . 

8 Neqoe in hoe feIi£lom efle puto Geometrls ambigendi 
locom , oc ot id Tyronibos prop^ mcredibile videator , qoi ad* 
mirationi, aot potios priejudicate, ^Miteoeotur,opiaioiii pai»> 
latim deponendc alTuefceot , fi has fratikiMiom feries ^ * i< » |< 

'i , i , &c. in eade raciont dupla decreCcentes , aot i , i , i , i 

xcterafqaedecrefcencesinracionetripla, aliafve cojofvis ra- 
tibnis progtBifiiDnes in infioicom miboribus ^ & miaoribus cer- 
minis coale&cntes tn unam redi^ere iibminam atcentaverint ; 
cikmqoe experci fuerint, non pofle toc fumi io prima ferie, qo« 
omqoamad unicacem percinf^at , e6 quod, in additione cujof» 
libet termioi ad prxcedentes, non additur quod ipiis deficit ad 
onitatera incegcandam , fed femiflis dumtaKac calis defedius., 
pot^ ad i addendo i addicur femtffis e^us,quod primo cermino 

deHclebac ad unicacem , $c alrer femiflis relinquicnr , addendo 
aucem duobos pr«cedencibas i non addicur quod in prima ad- 

.dicione celi6tam fuerac , nempe quadrans ooitatis, fed ejos 
aoadcantisfemiflis, idellotlaQs, altero pclante reli^o, qoi 
.defiecldarorfus non fuppletur pcr fe<][uetem additiohem , quip- 
pe non additur odlai^ rel i£lus , fed e; us femiffis, nempe i , at> 

que ita porrb ; nec pofle tot fumi In ferie fecunda , «^uae umquS 
QnitacisfemilTemreiiituantyquiaci^mprimustermiaas i oe- 

•* .3 
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54 Gmdwis Qrem& 

£cm pcrreimircmfai.iaefipcri ^Uciiitfttaii^ 

farcit qnis iUum defedum addendo L, cj[uij^p(! qoi d[eficla.t ^b^ 

rurlus pn fui femiflem l, hic vcc^ noalBppietas oddiiaooe fe* 

queatis termini i deficienti^ ab illo refiduo i rursii3 (»er fui 

femiflem • atque ita potrb^ femper procedeiMU) . kk oc jhUIo- 
minns ad hos limitcs » ncmpe ad nnttacem iaXcrie pciaB, & ad 
femifBan mitatii io fcrie fecunda » Cbmper prapids acoedatoc 
foin{)tis plntibus > tt piurihasterminis cfi^diem Cerid , dcfedi 
fen^ec aecreicente iafc% quamlibet a^gnatam lyiaHcitatcm 
{ vehiti ia %or is pi orium, & plunom bteramrcircolo , aot pa-> 
rabQte , alteri ve corro fpatio infortpds vctmim xuofc coocin- 
^ y. doncc peoitus io feriei fioe eyancfcat : cCkm td » inqoam , 
cxpenifaeciot, atque attenca me(UtatMnieiTei hoius oatoFam 
oantemplaverinc , fafieaaiur necp(raecit,.qfi6dUprorfusom* 
nesiiliinfiaititeroHoi tiouii aocipereocur , prccisd forcoc in 
pnmateriesqualesuiuta^ci, ia fecunda ferie onitatis femi® «. 
io aliisalteri quaaticati fimilicer determioands .. 

9 Utiauteminquatititatedifcceta, im in coiiciaaa ( qmfr 
iempecindifcccumdividi, & reiblvi poceft) idem obtioBo;, 
fpatLQmquippe iofinici longom ioipacia dctcfimfaaac longi» 
tudiois muicitodiac infiotta refolri poteft , ^ic poterom fem- 
per mioora , & mioora effi: , (l Latitodo propotcioaalicer de- 
ccefcece inceiiigacor , icaot iUa infiaita fpatia per ordioem cof- 
relpondcaot infinici&tecmiaisalico)us gcomctcicc pffogreffio^ 
aisjuciccrt^ correfpoadenc fpatia Logiftica ad cqOabs. ax» 
portiooes abfcifia , utiex di£tisprde€d. cap- nHm- ^. colligitar ;. 
omaia ergo hujufmodi eqne altafpatia per iofiaitam Logifti- 
cs longitudinein didtribuca ,. quum finc quaedam feriesgjcotme.-- 
trica^proportioBalicetdecreicentiom tecmiootcun inrauooe,. 
vcldupla,. vettcipia,. vet aJiaqoftlibet» prout extcem« 'otcUk 
n;ua^cajnshbec«qu^aki fpatii m data racione acccptwliieriot,. 
determfisatzmagnitodini «qualiaefle , prout in na6lionibos 
contingit , oil prorsCks r^ugnat , imb vei ex hocip(b« qood in 
fra^lionibus oftendimus , evidentillim^ ica debere coocingete 
dcmonllratur > idemqae llmiliter de fpatijs aliis ihfioic^ Toa- 

5>s* 




Theorem. fSigen. CafAV. . ^| 

gis »d< tpSbos ]^affiM^ometre , & nbs infra nonnolla ' 
fomos , abfqoc fcraip\ffo prononciandom , ao6d fciiice 
ikiinat«e magoicodini aet^utiia (int , donnnoao cotaprorfos ac« 
cipi inceJligancor , nulia ipforom porcibnerelida^ good quia 
conceptiididiciilifnam elt , quom iofiniti natora refpoat , ne- 
ddm octotumintegr£d<e(ignariqoeiat, fed etiam ot imagina- 
tione oonpcdlieodi Vileat » itif ttt , )^ quamKbet pairem/ lioir 
aiiam,& atiitt^S'excennbnem cogitemus, qutppe cttjusolti- 
mDmiimitem non conctpimos; ideb pradens A^Abr cautd 
addidit : Spatia illa , non tam abfolut^ mfinita , qoifti joxta il- 
bro dimenfionem incertninata, ad «latam cbm fpatio finitd 
proportiooemtampropdiccedere, ot diiltaire podiiit defbdvl 
mtnori goobbet dato » qoimdio fcilicet illud fpatiom indleter- 
minati tomicor , ot lOngids , ae Ibngit^s^protenfum, nec toton» 
Amei iotegr<l accipiincelligirar, aut faltem accipi fingirur. 

ro Mirom amem nemini videatof , qubd idem |pacium Lo-' 
giAic«» infioici longom in fpatiacujosIiDet progreHtonis» Trem- 
pe tevmkioram in rttione dupla ; tripla-.guadroplaf, fefquiai- 
ttralec decrefoentiom hi itinhftom diftrmiii ftoflic , pro viiria: 
portioiiiftifiaBi#altitQdine> qoum iahitoprogriifltottes 'di\^rr 
liiram Mciomim rto»e^ofdem fint valoris, Ifed pregtNeflio dupia 
«qtMli8>vHiitMi'^ tnpla feffliffi onitatls , qoaoropla tiienti , &c. 
aoo.cnimeadem cft quraritai» qoe locom onitatlsobtinet di- 
▼ifoJLogMiotp ipaiiointer Atnos rationis du^a^, ib qa« eam^: 
dem aniut«m'ropi«(encat, cdm dividitur in terminos ratiottis 
triplti , atc cpiadrttplft'} ftquidem in primo cafu 'unftas eft du- 
plom primi Ipatii , infecondo triplumfpatiiprimi, in tertio 
quadrojpiam , &C* qost fontqoantitates iongd divernflims ; in- 
terei hinc habecar,eamdem magnitodinem eflTe doplam fpatii , 
cojasordifiatcfintinrationedupla, dimidiam tripii , hoc eft 
€efqoialferamifpatii,coios ordinacieiinc in rattone tripla, trien- 
tem qoadropli, hoc eft fefqoitertiam fpatii, cojos ordinatse iinc 
io racione qoadropia , atqoe ita deinceps , ^em exiftente om- 
niuip borom fpatiorom majori ordinata , ftngolis pro comma* 
ni ratioiiis antecedence inferviente; adebqoe Ii totum Logifti* 
c« inftnitom (pattum ponacor elTe partiom 1 1. fpatium pnmfi» 
cujusordiotteiinciaratiooedopla, ericpartium^y &cujaf 

£ a or* 



erdinattr tn ratione tnjila, partlam 9 , ^ cojot m ratioQt*qM«t 
drupla» partium 9 , ac iimiliter,de aliarom ratioriom fpatiis ra-' 
tiqciaan licebit ; id auod tamen ex primo etiam Audoti& 
'^hebremate facile deduci potefl . 

II NeCcio autem , an obiter^ dum j^rrom candee , eipone-- 
re gcfateraiem regalam jo vet , qqa d ignofci |»o^.it, quaodo fpa* 
tia mflnitdlonga, vel termini mo)titod4ne.in4niti , eciam woiv 
decrefcont , qoantitatem ahfialotci infinitaliLad«%uent , & qoSM- 
do prorfos finitam, ac terminatam;. Eam certl aote plores aa> 
hos , qoom Theologicis iiodii&adQlefcentes noftcosimboerS i 
iaquadJl AppendiceadTra^atixm4e VilioneDei, talem pro-: 
fetebam . C^bniam » utinnoi in notttione Pnefatioois Viviai- 
nfiorin% Pj^oblematum^ifc^.ity.doaram quantitatiHQ ratio cbok-^ 
pbnitor ex ratib^Ws iingolaramdifiieaApiiom;iUw<yianttta<^. 
tibuscompetentjum, &in7icemcon]^ratarum , expenden^ 
dumeft,. nuiii tatib ex his oompoiica lit ratio^ica» necne. 
Jan),aggregatuni piuriom terminorum, qfaatenus quasdam dir 
fcretaquantica&eK,.uttamtamen continoaoi magoitodioeaiy 
& qu^uxitatem iote^aos> duas habet dimeofionet » qai|»e ex 
duplici capite qoancicas ex hifce terminis ag^pregita crewere». 
4c niajor neri poteft , nimirom ex terminorum'flMi//f#Mtf«r , Sc 
cx propria (Ingulorom qttafititate ; qub ploves eoim tcraiioi 
adunancur , e6 major, caeteris paribos, quandtts confiirgit». 
potiqubpluresfra^ioneft inonamfoaimaoid>Uigoacar , e4 
majoc fumma conficitoF i & ftante alijispari terminorommol* 
ticud ioe , qub majoret in fe ip^ ^n^oli.&eriot » eb poriter m»- 
jor magnitudo colligitor ;, uc tresna£)iiones decimaie» oiajo- 
r em fummam con^i unt„ qu^m cres millefimflt^aot centeiime; 
ut ergo videamus , numpi:oponcis.quibuslibeti»fuiitisterau^ 
iiis, ijquantitateminfinitamaggregent, an tantiUn finitam, 
Qbfervandumeft, ancre(centearichmccic& in infinitami{>forft 
mulcicudine , decrefcat pan tacione , aut majori » vel ninoci 
i.pforumquaaficaSy nineademratiooedecrelcac^otia i.JL l 

}. z L, &G. ubiiecundosterminasenfemiiHsprimi , tertius 

triens ejufdem, qii^tus e|US:qaadfans » &C. proot roohitodo 
dfiprum efl dupIiaunius»tri&eft:tri|^3,quatttor quadcupW&c. 



pgocii]dobioi^9st4(iisofBfuiimfii9QliQlu]i»erit; ^qiiia c^ 
mmiporani in<il(irado $c«^pHollett ipforam abbreviatio-. 
ni , feu parvitaci » ratioqMancicatiscaliamternMnoniai adnUl. 
affignabikm iqoancicatem , putiad anitacem» 0C{W>ti CQmpo(ii" 
ta ex racione nialcitudinis , & parvicacis eorumdem terminorQ 
tefpe£lii did« onicatis (aiceraratione aiteram elideote} eric 
taiio inftnita , ft. ipforum cerminoiram C[uancttas ^qoipollebit 
qaanticaci in^nicorum cermjnorom invicem equaliuro, qust 
cerciifimeinfinica^. Ac(i inmaioriracione cermini decre- 
fcanc > ac accidic in fcriebas nomero 8 adduclis » ^ux geome* 
ttic^ decrefcunt , crefcente cetminorum inolcitudine acithmer 
cici ( atqne in aliis benl multis , quac etH non geometrtce, on^ 
iMbus tamencompenfiicis in roajori ratkme decrefcunt , quim 
ctfllcac ipfarcmi muicitada) tnncpnepOJleote parvitate ungu« 
lorum cermioorom cforumdem mukitodinis incremfento, pro- 
dibicexocriui^uecompofitione finicaratio, & aggregabicur 
quancitas prorlus finitai qoandoautem in minori racione de« 
crefcanc cermini, qiKbm iliorum ploralitasatigeatur, ratio pluf- 
qo^m infinica exlnde coafuiger , feu i focciori» quiUO io pritnp 
cafu^ dicendum erit > pmniam aggregatum quantitatis efle iiin- 
pliciter, utaJ4int> infinit», praepolience muldtudinis iocre* 
mento ipforuro abbreviacioni cerfDinorum . 
- II Idem apfrfica fuperficiebus , auc (blidis, qoorumona, 
«pt alcera dimen(to iniinica fic , altisra caroen, auc reliqois con- 
tino^ diminucis ; prooc enim in nujori ^auc eadem,ttminorive 
cattone minoetar alcera dimennb ,.qu^m treCcac ea , quae in in- 
finicum excendicur , judicandum eric (pacium iilud priCCisiT £• 
nicam efle , aoc tnfinicum , vel plafq,ulro (f» dtcere Kceac ) inH- 
oicom Hinc Cl- VVallifiusioAjricnmeticalnfinicortkoptim^ 
obfervac, fpatiom hyperbois, & afympcoto intecjed^umj cojas 
hticudo ineademrationeminoitur^ inqua tongitudo afym- 
ptottcrefcit (propcerlateta paranelograromorum fltquaHum 
ejufmodi fpatioiolcriptorumneceirarioreciproca) eifeidcir- 
cbinfinite prorscks magnitudinis ,, in byperbolis aatem aliorii 
graduum, exunaciuidemparteHnitoroeire» obi in majori ra- 
tiojie decrefcum lioeae ad afympitotonokdinac^» atque ade5 






•«t > « 



latitadoe)iird«M fostii , ex dcetft «uMftt ^0 « i4iA ad iffilim^ 
afnnptoroti^f ptui<)ii^into(iiiit;Bmeiiftin»ind«ai, e^qubdia 
mtaon rackHitt^vdiiiaKe de^refetntj idquod in aliis eciaia ipa* • 
tiis 9 WBk falidiSy nim fop^etfieialibtts obfervari poe^- . 

• . 4 

C A P U T V. 

Quartum Hugenii TBeorfma^ridem demonpratum.mva 

demonfiratione per diverfam metbodum ftabiiitur ; 

Tra0ori£ proprietas binc deduBa , . quodordinata ed 

aquales eurva partes fint invitem proportionales . 

Cuilibet eurva tangentem ducere . Veheitates in di'^ 

verfis eurva punffisfunt, ut fa0a ex ordinatis infub-^ 

tangentes alternh fumptas . In Hyperboia funtiUt qua" 

drata temporum eontrari^fumptorum. Determinatio 

tangentium ad infinitasparabolas . Eade expeditior, 

In aliis eurvis quomodb tentanda . Variarum ad id 

tonfiru&ionum dmonHratio, Subtangens eurvarum , 

qua admodum Spiralium defcribuntur . Infinita Spi* 

raliumfpeeies quasfubtangenteshabeant , & quomodb 

infinitis parabolis refpottdcant. Tangens Spiralis Geo* 

metricf , & quarumvis figurarum per alteriuseonv^*'' 

iutionem genitarum * Tangens Concboidis Nieomede^^ 

aliis infinitis Conchoidihus , & Subconchoidibus appti - 

eabili^ethodo ofienfa . Eadem geometrica demonfir-a^. 

tione eonfhrmata . Jlertia demonfiratio quarti Theort'* 

matis Httgeniani . Curva parabolica Logificafemper 

' [ferpendieularis, - * 

1 Qoar- 



Tbe^em. BagsiL €2p. V. «jy 

i |^UaraiiiAQdorikThe£ema$ QfidfitStmifim^ mBO 
V^ m €Mlem figmra , eiuflemftmpr ift 'kMttndm«\ ml 
foodvit l/^ffjfhigfuHStmt tmt^nttpenmeMt , alia ociaaooftr «ip- 
iie poB iiidigec , qBom probtciim faem ttip. 4* tm»» 3 * ft^tMi- 
gea cem «quakm lempet efle IVnmetro hoiiisoarvK » qac li- 
oea qurdtm cottftaai, & Maita^lTeffteB^dplefuotemfciS* 
tiam id aiicer, atqoe atiter deaioBini^mos , divierik metliodo» 
eaqoe ad atiasJong^ veticates«ppliGflfaiti • 
' 2 Secuodt igintr hojoa TheoremacisdcmSftratio lic ioOitoi 
poteric . Sint^. 1 . hoj us diagraomiatis qoxiibet ad axem Lo* 
gidicft ordioacte AB, VG» tangienccssd eadcm ponAa A O , 



'*. 




VQ. DicointerccptasordioauV, &tangencibos B O , CC^ 
(qoc M>taogentesappellantor)cqoalesefie. Somatorqaan- 
tom vis parva B C , iUiooe cquali^ C G , ot ofdinatis E D^ G F 
poniotaogentis AD teth comconra A D, & poraotmgea- 
tis V F ferd com curva V F ooincidere cenieri poffit , ob infi- 
ait^panrominterrallttm Otrivi^ordioatarom pari iotertci^C : 
et it igicor ex natora conre , in qoa font pon^ I> »' F > ipi» A B 
adED,mCVadGP, foxtaprimariamjUgiiKcsiifcate- 
aemi fntfoscikmpoQda 0, ¥ iopponancor&iaiaAgettnhas 

clTe, 






0fb ' GmdmsCranfi 

efle , edt-AB^ideni ad £D , ot BO ad OE ; CV Yet6 
adGFiittt CQjtd Q<3; ergo eadem edt nitio BOadOE» 
^oe CQjid QG, & per converiiooem rationis eadem ca- 
ti&BO adB£, qw Qp ad C G; fvntq; confequentia cqoa- 
lia; igitur & antecedentia BO*, CQjequalia eruqc. Qj?.d. 
Poterat rigorolids argui per dedudionem ad abfurdum» fed 
qoors^mitaj^ Obferva podus quid eveniflet , il naturacurvse 
ea foret , ut fomptis non in axe , fed in ip(a curva- squalibos 
potciooibitf AD, VF, ecde ocdinat« proportionales elTent» 




An non enimeodem argumento conftaret, O A ad A D eiTe, at 
Q.V ad V F : unde confequentibus sqaalibus exiftentibus » 
etiam antecedtntia , fciltcet , tangentes ipfas A O , V Qjibt« 
libetcqualesfuturas, adebqueejulmodi curvam iliam ipfam 
fore» quam 7f«^orMiRr vQcant ? eam fcilicet , quam defcri* 
berec grave A funi A O alligatom , dam funis extremum O 
per reaam O Q.trahiEor in eodem borizoncali piano ; pondii^ 
liquidemperfed^feqoeturejufdero^ttis direcliooem, ade^ 
que ejtts vic tangens crit perpetub eadem funis longitudo : 
^aaiaqo^m bocgeneral^eft , ur cikta rclatio ordinatarom ad 
aKon BUiCfifir 19 celfiM^nem ordina^iirom ad curyafii , eadem 



ex- 



ezprefltofabtaagMtiscffaofeacadififiini tMgentefn, uc ^MU 
bos exemplis coofiraiate iit prompttt effet . 
< 3 Uciliot eric Tefct« demonftraitioai qafdem Tfaeoremji* 
tis viam fteroer e generali (jaodam lemmate cirea tangentiam 
inventionem prsmiflb, qood ex Torricellii dodrina obitet 
«ndicatafnl. I. demot.gr. prop. fS.eJQfqtteSchoIior^ inhnne 
Aodum dedoxi' ji £c<)u6 nniverfalater proponere ftatol . Ad 
^Mum CDittsiibef carvW DuflKElam tanitentem dcaMtei . Datom 





(It piniQutn A' ciitt^ae cti}u$Ifbcf D A V , cajofaxis B C , ordt» 
nata tt dato biin£lo A B: contipiator hcc carva dcfcripta mo* 
co ordihat« B A per axeni BC «quabiliter fluentis, fibique 
seqiiidiftancerdelata^,^ ex motu pondi A versiisBaccedentis, 
yel ab eodem in ipfalinea recedentis, non jam «qoabiliter ( Hc 
enim redla linea , noncurvadefcriberetor) fedvelocitate ac- 
cclerata » aat retardata , proor opos ad eam carvam generan- 
dam . ( (juttlibet certe corva hoc modo genita intelHgi poteft) 
Fiat Igftor » at velocicas , qtiam pon^m flaeni haoet in iita 
A adfvddcitatemordinatxtequabriiterdelate, ita ipia ordi- 
n ata A B ad ponionem axis B O, acteptam versiks eas partes, 
ad quas mocos aaceteracur , (i carv« caricas iUem refpiciar , ad 

F quas 
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^oas ver6 retardatflf (i carva axi coavexitateni obve^tat. t>ico 
)un^am O A effe cangeQtem . Samacor eoim inipfii O A , ad 
parces accelei ationis pun^um i , ad parces vero recardationis 
pontlwn V , ordinetorque c a i » C V i occurrens axi in e , C, 
curvein u ,1 , axi parallelae AE per Adua« inc, E. Qup- 
luam velocita&puncU A per A B flaencis ad velocicatem ii- 
nc« A B per axem delaca; eli , ut A B ad B O, feu I E ad E A. 
jittc ie ad e A» manifeftamcii, qaod iimotospuiiai A noa 





aceereraretur , aat retardarecur , fieret per ipram A I , feo A i , 
ica uc aao tempore ordinaca defcenderet, aut afcenderec per 
B C , iea A £ , aut B c,^ feu A e, punfium A percucrerec pac- 
tem E I ,. feu e i , reperireturque in i , vel i . Ver^ra qao- 
iiiamnKMaspun^ili Acurvam defcribenti&interei acceieratuir 
Ters5& u , & versus concrariam parcem V retardatur , ica at 
velocitas ipilus A in A ma^or (ic , qu^m in V , quia vetsijs eas 
parces remltcicur , minoraucem,q.uamina, quuro versds eas 
parces in-valefeac f ide6 quo cem{>ore ordinata veneric in C E, 

Sufi^um< A curvam generans minorem ordinacx porcionexn 
^V eonfecerit, qtiamconfeci0ecnpri(tinamvelocitaicemre- 
tia(»i(rec > mtQor cil igicar £ V , quam £ i i c^m ver6 ordi* 

nata 



Thnrm.HageH. Cap.V. 43 

tMta ▼eneric in c , panSum A cucram generanc nMiorerii 
ciufdemordiaarcua^ni eu percranlierir , quim ii priftinc 
velocinci nullos accelentionis gradus addidilTec ; major ell 
igicur e u , quam e i j & ide6 puQ^a [ , i funt ntrobique ulcra, 
&e>cracurvam, quare ipfa OA cangic. Quod ecatdemon- 
flrandam. 

Obfecvare hincjnvac, velocicares panAi oon cqnabilicec 
fluentis, veluciiofiguca DAB adaxcm CV compacaca , ia 



pnnfiis D, A ; eflead invicem, utfafta exordinatis in fub- 
cangences alternatim fumptas , puti , exiflentibus tangencibus 
DP, AV,ordinatifqncDE, AF, ut faiflum cx D E in F V 
adfadum ex A F in EP; namvelocitas pun^ifluentis inD 
ad limilem velocitatem in A rationem compolitam babet ez 
velocicate calispunfti inD ad zquabilem velocitatem linee 
defcendentis, &e!!hacipfaveIocitateadvelocitatem pundi 
•«jufdem in A; fedprimaratio, ex hocTheoremate, eadem 
cft, que D£ ad EP, fecundaverbeadem, queVF ad F A; 
igitur racio vclcKitatis punfli fluentis in D ad velocitacem 
ejufdem in A componitur ex D E ad E P , & ex V F ad F A. 
idcll eadera eft, qux fafli ex D £ in F V ad faflum ex A F ia 
EP. 

UndeadhuccoIIigitur.inHyperbola Apolloniana DAB, 
cnjos afymptoci SC, CV, velocicacespun3ifluentisinqui> 
buslibcc punSis D , A cflc in duplicaca racione cemporuni 
F 2 con- 



44 GwJauif Grtmdi 

contwii fiimptotam,- fo*cia coimaMmhili mota lio4k |Mt 
tttn ev iehtKtnaMti, veiut C&, Crivat.uttcmpp» 



n ; rabcangentes autem E P , F V funt ipils E C , F C diftan» 
tiis^cencrosqoales; erga exdem fubtangentes paricer func. 
nt EC, FC, fenut F A^. ED; catio igitnr fa^i ex DE in 
FV, &ex AF in £P etic eadem.qve faai ex 0£ inFC, 
&ex AFin EC idcft comporica exDEad AF, &ex FC 
ad CE, queeademenpciori, unde cum illa componic du- 
pUcatani rationem FC ad CE, qua pcoinde dnpQcaca erit 
tentpocum contracid fuaptotniD , ficoc & liomoiogaiomoidi- 
nacarum D B , A F i & hoo etat demonftnadnn . 

4 Hincungeatesom»iDminpriniispacabahcomdccarrai> 
nationem aooipiunciqueaiadmodum/^Tif. li CaAfueeit pi^ 
raboh quadcacica , que zquabili mocu ipiius C N pec C • libi 
xqoidiltancer deUtz , ac defcenfn nacucalicec aocentaco, ideft 
liogulis equalibustemporibusnovumlibicelecicaiit augaciw 
luni faperaddente, punftiCvecsteNpec lineamiiuestsmi^ 
niillb defcribitur, contingic, ocdinata ex £bco n ipfa n a, cele- 
E>tateiB<pun6)4 defeendencis in quolibec cucva pun&o A a<l 
atquabilem celecicaten>ipl!us linesdelacss fempef e&, « oc- 
dinata ex difl%punfla AN ad pcxdic^amocdinatamcxfo- 
co lia , juHCa citatam prop.TociicelIii ; e&qubd, cite nlock 
tatesdercenfaumcrefcant, uttempoca.atqncadeii uc fpacia 
mocuiiaquabilis, ideA uc * Ci f C)feu AN, ao, quas liaea 

N C 



Theorem. Bigin. CS. V. 4jr 

K C «qmUUtcf craBfilic,fi vclocicas ilcfceiifiii li A^^ ut A H 
««rMiutfia • btit Bt aoi Yclocitas attccm dciiiBCiiftisioa cft 




cqaaHsvelocitatimottis«|iiabiIis» qmaordinata exfoco an 
dapla eft abfcilTe cn, eadcm ver^ cil celeritas » oac motain 
hac ratione accelerato acqairttur defcenfa per C n » & qaa 
«qaabiliter perfeverante conficitnr daplam (patiam n a » igi- 
car (i vclocitas in A iic A N » velocttas motas arqaabilis crit 
eadcmqoae dcfceofusti» a , idcftcrir» or n a : qaemadmoddm 
Igitar boc in qoadratica obtioccf ita incabica , obi cdcrit»* 
ccs deftcttfoom crcfcanit i» doplicata latioiic temporottr idc6- 
qnc foa^fOt qoadata foatiorum motussqoabili»» fciticct A N, 
9«, €omparaodQ.dc<ocnfam ii» A ad oefccnliiift mz>{ foAa 
ftiiis a IV tripla abfieiffit Cn,qoi»hoc acecleradoais ^cncse 
vclodtas pet C n dciccndendo acqarfita , tiiplo Ipaito a 9 
pcrciifrciido par cA , fi«aaabtKter-permancrc intcttigatar» 
•nde ^imliccp vciocicas diclacA^iii- » «qoalitf crtc vclocttati 
«qaabih linc») habebitar» velocitatS defcenfusln^qooTispait- 
Ho A eflc ad arauabilem illam. linee deiatar vclocitaccm^ , ot 
qoadcacam AN adccHs^m-qaaAntam an^ iimfhiaticnieiiv 
]KM«bol» qaadrato-qoadratic» erit vcIocinMdafccn^in A 
a<l ilkim •qaabitem-velocitatem» uccttbus> A<N' ad a n pofi- 
camqoadruplam ipfios n C abfcifi»» atqot ita dciii«cps'iil aliis 
gradiboS) mtaordinac» a n tam moltiptici abfci& G iI}1|d^ 
nuiItiplcK eftunitatis e3iponcB8.oidiaacarom!> 

5 Quam- 
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* 5 Quanil}iiani vtx operc pretiuin fueric iis velocitttibos 
coniptfiaoai^infiAereinparabolarumgcoere» ubi ienici coa^ 
llitericinquonaaipundo vclocicas ^quabilis motus adsquec 
celericatem defcenii vam , invcnco icilicec femel puncto a» ubi 
ordinaca an squahs eiUubtangenci nb ( quod quidem eve* 
nic ubi an ad oCedtUCexponensgradusparabolflead unica-» 
tem , fcilicet in quadratica, ut 2 ad 1« in cubica, ut 3 ad i. &c.) 




quiaenimcQrvfl?parabolic(snmiIiin fingulisruis partibtis ao 
celerationisgcnere defcribuniur, ira contmue ordmato, oC 
fpacia curviiinea ad circumfcriptum parallelogiammum t^ua^ 
lemfemperrationemQbrincant, etiaoi in his eadem fcmper 
erit racio fubrangentis b n ad abfcilTam n C« ve) fpacii C f ad 
inrercepcam a cangcnce fd; unde cumnocumfuenc an » fea 
bn ad nCdopidmelIcinquadracica,criplam in cnbtcapara^ 
bola , &c. etiam BN ad NC in eadem f^mper ratione c(Ie 
•inanifedumerir» quareeKpediciusdabicurtangens adquodli* 
betpon£luni.A. 

Similitcr & inHyperbolisrquarum pariter uniformis eft 
obique acceleracio » unde 6c parailelogrammorum quibusJibec 
fpaciisinfcriptorumcadcm fempcrc(Tadin6nice longafpacia 
iifdcm banbus inliilcncia proporcio, fubcangentesaddiftantias 
sicentro eamdem perpetuo rationcm obiervabunt. Invcnto 
staquc/^.y?^ in Hyperbola Aa C ad afympcoton f D , D b 
pun(:lo a^ ubi fubrangens asquaturordinataf« idell ubi velo- 

ci- 
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Citas niotM «qaabilis d«rcentivam ad^qult (. qtod qiudciit 
cvenic, ubi ao ad q D .cft > uc ttxpooeas gfadas Hypesboiie 



ad ODtcatem , {cilicecin 




, feu Apolfoniana ,. uc i* ad r» 



inquadratica uc 2 ad i. incubica uc 3 ad i . &c. prorius uc ia 
Parabolis concingic » (imili enim cum iUis motu defcribuntur,, 
fed domtaxat reciproc^ poiito , unde evenit fubtangemescar 
dere ad partes oppoiitas axis origini, ideft (ub ipiis ordinatis } 
o&m cohditerit lubtangentem inventi pun^i a» neuipe bii 
elfe aequaig in prima » duplam in fecunda, cripiam in tcrtia Hy- 
pecboU diltaotis accntro nD » notum ilmiliter ecit, etiam 
qaanUibec aliam fubtangencem B N iu eadem eife ratione ad 
diftantiam N D fuse ordinatas N A ab eodem centco . 

6 Difficilior eft aliarom figorarum tradatio , in quibus noa 
ufqoe ade6 perfptda occorrec adHngola pon^a velockacum 
in curvc geoetim confpiraocium proporcio^ geoeralicer tan- 
ti!km dici poflet»velocicace9 defceniivas ad (inguia cur v« puada 
cflead tnvicem, uc fpacia (ynchconis quibuicumque teoipori* 
busperada, five oc diifercoti» «que diftantium ordinatarum 
intervallo infinit^ parvo difIicarom,.£en {videfig^g, anteeed^ 
fi cencipiatur ad axem C f ^ curv» cujusbbetCaAapplicaci| 
£gura 4^3gC,cajusportiooes averrice abfciflie perordina- 
tas, veluti gC f , G C » iinc ad invicem^ut ordinatse ad prio. 
rem curvam fa, » A , qu^iietlineasipias i%^t^Qt» ocpot^ 
mioimas » & m^oitd parvas difiereotias dooiom ex talibus 
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fpmiii k ifmiCfi abfcifforaiii y opttm^ rtpnefMtiM id fiffk^ 

frMvas4>^<MiiS0t4ia«CJwraai f a i • A ^ quibii6 di^a (fiut 
proportionantur , adedque eciam exprimere gradus velocita* 
cummotusdefcennvi, icaut fi talis celeritas in a fit , uc fg, 
in A futura (Ic » ut « G ; &.fi reperiatur io curva tale pun* 
£lum a» cujus ordinata af ad abfciflfam fC ineademfit ra« 
tione , in qua fpatium f g C ad parallelogrammum illi circum- 
fcriptum t g b C» habebitur in a pun^to velocitas defcenliva 
cqualis celeritaci tranfverfi motus a^quabilis , adebque hsec ve- 
locitas squabilis optime exprimetur per f g , c^teris defcend* 
vimotusceleticacibusperaliasparallelas, uc fupra, determi- 
natis ; & ii fiat , ut paralielogrammum circumfcriptum cuivis 
fpatio CG « ad ipfummet matium» itaB N ad t^ C, autC • 
ad « f 9 junda AB^feu Af erittangens;()militernfiacutre- 
dangulum A « G ad fpatium « G Q% ita A • ad « f , aut (1 
adredam «G applicetur fpaciuni GC, & faciaclaticudt* 
nem tf f , julk£la A f tanget , quoruni unum , vel alcerum jox* 
ta variam curvise nacuram , ejutve genelim^ , pnrfercim (i ab ini^ 
tiefiguraCG^determinatafueric (iK fi qu«eraitut de cbrva 
C a A genira ex tranfverfali squabiii motu line^ C N per da^ 
tamC • » &defeen(lvdpon3iCpertocam CN, ica accid^^ 
Tato» ut in quoviff punfVo a gradusejusceleriraeisproportio^ 
Hctor ordinatflt f g^ dati trilineii alteriufve figorie C G • dactf; 
& ad datam lineam C 4» appli^iitae ) aot aliquid cum hi$ cori^ 
nexum facile iunotefcet, ac tslngens esrpedice decerminabi* 
tur. 

7 Quoroni omniam racio » qiiiimqaam fuffickm^ tn d^ 
monftratione^isrfflr. j.atlataconrineatur» br^viteriacKcaripo» 
teriinc. Tangens ad aliquod curve piKidijm iHa reda eft» 
quam defcripfiflet» & d^fcriberc pergeret puncium defcendens 
ngradom velocitatis, qoem in dato curvs pimelo obtinett 
flrquabiHterretinrOidet, tranfverfalilinetemotti eodemrema» 
nente ; exeoemm » qubd^retnota^cceleratione, mocus pontSi 
A » infig.Mtm* ^ ^eret per A I » oflenfQni^ eft A I tangenrem 
eflb ; at (i fiat B N ad N C, ut parallefogfanMnum BG •'G a4 
f?giinmCG« , jun6(aBA erit via , cui tnftileret pundttfift 
defcendenst iaod&gradttraceIedtatisfu« 4>G cototetnpore 

C« 
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C # retisiiifletfcoo&ciflet enim fpatimn B S, quod aa N G 
aoccJerati percurfuoi foret , Tit planoin velocitatis cqoabilis 
« G B C ad plaoQai acoelerat» « Gg G, fpationi.vero trao- 
lvec(iaii motaeaieafttaieffeceactemNA) igicur joada ia talt 




conilniQiooe A B erittaotfeos} tftomie &C« ad « ffk in 
cadem ratione B A ad A t, (eo BN ad N C; necnon A « ad 
# f rationem habeat compofitam ex A o ad o C , feu rettao- 
goli A # G adC # G, & exipfa C « ad # f , quam vidimas 
efle, atredaogQlomC#G ad fbatiom GC«}itemqoe cdm 
C # ad #f fit,mr^hmgolomCoG ad f«G ; igitur fi fiat 
C # ad # f , ot parattelonSmam circomfcriptora fpatio « G G 
ad idem fpatiom , aut A# ad #f , ut redangulum A#G ad 
idemfpatiom, aotappliceturipli #G di^um fpatium , &fii« 
ciat latitodinem # f , tempcr jonAa A f er ic tangens; fed qoor- 
sinnpIara?prccipo«ex his conftru^ionibus , unde ccterae 
pendent, eeometricam confirmationem ( H abflra£ia hsc mo« 
toum conuderatio obfcorior , aut mini^s tuta videatur } habe- 
bis infra,M/.i3.i!r«jRr.2. 

8 Eademferiapplicariponiintaliiscttrvis excirculari, & 

{»rogreflivo motu aefcriptis , quemadmodi^m infinirx Spira- 
ium fpccies , Conchoides diverforum generum , Cycloides 
anomalz P. Ceve , & aliae quamplurima? [im5qttidvetet,ubi 
4ommodom actiderit, flguramprorfus omnem cjofmodl mo- 
Hbos cooipontam coooipere , ele£to intra , am extra ipfam 

G quo- 
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^(»vi5pon£l!9jVeIfit pirafJatM fiMkti}ii4eiitPQ»*.wide pfliMni aH 
^rrAAf aaii radiorDiA Dlodgatiomm * f«o vas to progreffivi 
Qiotof pttii6li pcir ipros itaaoti» inoremeAtGw c»hifcaioc ? } iilu4 
tameo ui his obrervandum , qo6d ficotl 90p. ti>imm» te. ad g«* 
neljin Spiraiis Geometrice per convolouoneni Logri(lice » to- 
tusejusaxis in pondiun contrahebator » ordinatis adaeqoales 
axisportiones intotidemraraos cqualU>0S' aoguiis divarica« 
tos abeontlbos » ita ad rem noftramsqoabilis motos linee per 
axemdelate in circularem circa centcom commotaoduseft » 
defcenfos ver6 poo^t , aut progreflos per cMrdinacas » debec ia 
progrellum poiKti per corve ramos , ieo radios figone conver- 
ti i. atqoe ot velocitas progrelfi vi motos ad circolarem» ita ipfe 
ramos ,. feo radios fpiraiis ,. alteriofve figorc pnefaco modo de- 
fcripte » ad portionem linec ex centro perpendicolariter ad 
camdemra€Uominfiftenti& y otpotd parsuliel« tan^enci arcos 
per circolarem motoni defcripti , in qoaeft ipiios diredio} hoc 
infoperanimadverfo,qo6dcircularisille motus tequabilis eo« 

<|em;yclotiitatts gctd« iiiiiiiai!^ foUec tfr fioBOla» cim paa»^ 
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disv iMlpfo^rariapatidieDmrlkoeattadifoQtitvitiiCor» nt 
pecie flocomcft » qoippe noniii eadeiik pcripheci»- A LR vcK'* 

bi 
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lij^gcatAiftttilllt^^ CaA, in 

qua ibalicar^iMaiatiofMNldi A » ifle quijppe fumeadus in pe* 
viphtiiaaiLiadfo Padefcripta» ^tiem ioIiia motum parti* 
«mat Ipkaks^aa fon^o^ a « 

• y Ax^fMiMiiceft ^xiubd^fiib^^ A in fpi- 

iBJi ABBJwataicp^^oft integtiimte^ radii Q A tequa^ 

lis efi periphecis ALB A eodem radio defcript^ (exiltente 
iiquidem h2c utroque motu squabili^ipforum velocitates funr, 
Qt fpatia eodem tempore percurfa » ut iivelociias progredivi 
motus fic C A 9 velocitas circularis fit ipfa C B fubtangens 
«qualisperipheri^eodemtemporepercuriae) at vero fubtan- 
gens bc pundi alterius a eadem nonerit,ac qute ad didam 
peripheriam fit t ut Ca ad CA» ut aequabilitas motus exige- 
rett fed velocitate progreffivi motus exprefla per Ca» velo- 
citas motus circdaris erit tanto adhuc minor » quanto propius 
centro efl pun£lum a , ideft , ut arcus l da » quem eo ufque li- 
nea C a illo pun6lo deicripdt » Sc cui propcerea fubtangens 
c b squalis erit ; itaque decrefcunc fubtangentes in duplicata 
radiorum ratione» quia femel ob dimindtionem radii , & femel 
adhuc ob pariformemdiniinutionem circularis velocitatis, ac* 
que ade6 vertice C defcripta parabola A L K » du^rlifque A K» 
IL ejusaxiparallelisj; eruht hsadinvicem, ut fubtangentes 
radiis helicis C A, &Ca ( Kqnalis C 1 ) refpondentes; qubd 
iiSpu;a^ e^p»ge{iq[i»fuerit,^ttt.fpatia AC» aC motu pro^ 
gremvopercurlanhn^nfubcfuplicatatc^ aut arcuum 

circulaari ittoiti dbqtttbiliter percurforum ratione , manifeftum 
eft pr^j^sefli vani eeleritatem .pm)£li A , vel a jQibdupIaoifore 
dus,qu£fueratinpnmaSpiran/Sc eVponendam per fcmif- 
^em:rttiwtana &A ^ ttlC a , ff dsdehf ^etineatur^ Ik^a eiipo*^ 
«easjaeknfaKmttqtiaMlis drcul^^ 
iit perincffrasKaear C A , C a ^ «quabilem cdferiratem^ eVpo- 
neadam foee-per pricknim iubtafigtntiu^ duptas ; erfc igitur in 
hoccaCu. fobrMgeos CBdupla circumfereott^ A LD A, & 
(obtangbnatpb <tupla>a«ciis a d 1 1 qui (^x f ribus capitibus mi* 
ivor eri^dla^ciccQiiw^refirw, stenipein duplitata radiorum ra- 
tioite , & in^romdem ^snpHeiadhoc deerememo ob appro- 
tknationeA OBn^i ,tinidrf arabola cobica C L K defcripta , in 
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qua axi paraUelae K A, L 1 fine io trij>Ucatt radiomm A.G, Cl 
racione, nveuteorumdeiftcal>i>eruBcipriBaxif)aral}elc, ut 
fubtangences adcorrelativa curve fpitalispoada »:finulit6ria 
aliis SpiraJium fpeciebus , ac parabolis per ordiMa OQCtf fp$^ 
dentibus procedere potess qiiod inooiire JQvayfcadoABipsv 
randas Spirales corvas cain cQO^niia corvisfttibolafiis» vA 




atiis fa£lori fomas, ofteodeodo » qu6d fi AK fit cdaalis ^ 

, ■ • * 

circumfereoticAXD ioprimaSpirali» aat i cjafdemiaie- 

cunda, aut l iotertia, i taquarta,&c. prima parabola cst^ 

ilente quadracica » fecunda cubica , tertia qoadratoqmadrati» 
ca , &c. Line«, fpiralis, & parabolica aeqaalesaraQt > lm6 et 6 
moctts circttkris & ipfe atquabilis non fuerit » fed acceleratas» 
congcoae parabole oibilomiaos reperieotor earomdem nem(te 
poteftatumioaxe» &Mdioati$»qoot foeriot io fe^;XMtdentis 
Spiraliscircomfertotia» & radip , fed ordioatis parabole ad 
tantb plures grados elevati^ quot fuwiotyuoitates lo exponett* 
tepotoftacomaxis, neque enim difficilior eA fubungeocium 
& ad has Spjljiiales determioatio , facieodo fempei^ ot velocicas 

pro- • 
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pcagreffiTasdciicnlatein, itaAC, Tel aC a4fabiangentem 
CB,aut<!b exceocroperpencticalaritetdadam adfoumta- 
dinm , mi pintibus expbcatc fupeifluam eft . 

lo InSpinliGeomcttiea.qttonianiexdiaisM/.i.a.ia.il- 
tapeiconvoliicionem Logifticz defcribicar ad maximnm ra» 
"" — k CA pgfitaCBfabtangentexqualifabiangenciejaldem 




Logifiioe, qacconvoIrirar,aliefabtangeatesCb tantbipi' 
norcspcimaCB faciends funt , (juancb minor ell Caobca- 
cionem in fine mm. 8. indicatam > quia in ipfa CTolucaLogilli- 
cafabcangens CDJufvis ordinace fcmper eadem e(t, ut fupra 
oftendimus, &moxpoftiliuftcatamhancmechodumollenra- 
rifomusi acqaeindeeft, qnbdccianguIaCAB,Cab fempet 
limiiiafuac, angalique itadiis,&cangencibascqaaIes,tocaqi 
cncn A a C «qualis langenti A B, & a a C cangenci a b , gcc. 
im6ttnirerfaliter,limrra quzlibec convolvi in-6piniltm i«- 
teU%acur eo modo , quo de Logiftica cicaco loco cxpofuimus, 
fubcangencesradiocumqaarumlibecSpicalis ecant tantb mi- 
noces , quim (brenc fubcangenccs ccfpondencium xqualiam 
ordinataram eToluts , qoancb prbpjora centro func pun^a 
extrema difloram radiorum , qudm pun^um extccmnm ma ji- 
mi ladii, ^oaTides nedum Hclicis Accbimedcic , aliacumque 

di- 



loqae^ spadsauoi, cahicr, /Hnt. geinctraii^tangeitte9deteiiul« 
nari coherSter ad diifikaniimcrp uiperiort^fediafidctaiaiiupOQU 
pd aliarum Spiraliam «.^ueesi^avis^gaiaibcoairaiaBa oriri 

j I Nonrarb^aoceni javafaitilaoiaoi io «aiicn.radi^ fmm 
£^oruni motum inviceiii comparare, quorum alter cognitus 
fit, altercertam adillum proportionem obtineat : exemplo 
res clarior fiet . £fto NlcemedearGenchois A a B » polo P, re- 
gula FH deicripta^incer^aUo A'Fy«ai «qualis fupponatnr 



s \ 
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G P radius circuH G g M , & qa«ratur tangens punSil B ; iun- 
dotfilmmBB fecante prcdi6ix((a c<rcf)ianviii:M^eegukmin£U 
cpiiiiMctigicumni AaB genicitmeifc^rctHatiiBiJDtttlinQiefi-A: 
cifcaP> ^eKprogrefli-vo punjiSli A per ipfaoi P. A ita.afcah- 
dcacis, 4itnonobUaoteeju&inctiQftCioneadregulamF.H» ip^ 
fompuo^um eamdem femper dregaJa didMtiao] li^&nret^ 
ficfiemp^ F.A femper f^jUts.DJBji pfogrcHbs igitpr .pno^li 
A yenientis inB, nempeisxe&(fii^P(B.>r^pra.JRAidemicidt4 
acex;Geffu^.P!U.fttpca PFi.Cf^depsi kityr.vdopitaiccic inrius 
j^ogrdlivi I90CI1S , atqtte.itla ({uam Aabfirer.puridlajaif,. (iin 
circuiationeline« PP ica.perip(4.maifcendefec,iOi>fe0rperre« 
periceturinregulaFH, eamquA reipfide.Ccribtrec.. Vsclofii^ 
tas i^ucem circuiaris in defcripcionc CoQchoidjSiierii: ad ^pva** 
^umP cantomajor, quamcirpulatisv.ek)ciu$)imdfiiferipoO'* 
ne re^c F H ad pun£lum P , quanto aia jot; ^ik B Vy(\vhm£&f 
Dufia igicur tangence.circuii SMQ«A.ti]v\^ h.giA'pS3r|ii<?lis:&il» 

BC, 



BC ».|iiilA«iBe>BliC;'ii|icaciBe nmcuPBrincittkh I K,oc.. 
civraMMweiii£».atq;.etdeili(nrBtte]»CQ^npaiis ipfi 1 K. 
JliiaAt!QtabMk.aB9aB6.«iiieiha!;i.iDocos:.^quiden p«r DK 
cpiMpbainif ^ iwotB: pg. DA pafaUcbiBi tangend MS, qiue 
cifBBlacis BiotBa dtccdtoiiem cxfaibct , & ex motu pcr 1 K pa« 
raliclam P D, in qua clt motus progrcdtvus ; fed^ motus per 
AaE compoiiiturcxcodcmprogre(ffvo, qualcm exhibLec li> 
nca CQjeqi)alis,&paraIlelaip(i lK,& cxcircalari in eadcm 
dircdioDC, ied tant5 ma)ori»qaaiK6{ongiorcil B P,qu^m D P, 
adc6qtie optim^ cxprimeodum pcr B C , quae ad D 1 in eadem 
ratione rcipondcc ; igitnr janda QB dabic direftioncm mo> 
tus cz otcoquc compoiiti ; ideil tan^entcm ad pun^um B . Si- 
milimodoctiamSiUKonchoidis (licvoco curvam, adquam 
funtpundaabrcindcnciacxramis PF» P D infrarcgulam «> 
qaaliaintcrvalla) aliarumque rpedcrom in infinicum curva- 
rum Conchilium , & Sobconchilium , dinx fciliccc abfcifla ck 
nmis, velfupra,, vcl in&a regoiam incervana, non quidem 
radiis PJS4 quadramisciccdarisieqoaliafonc , icd rubcennsr 
feu ramis P M , P g atccrioa cujusliDct i^urse G M g ( quflrmo • 
do fi hec iic fcaticircolBS circa diamnKtrum P F» habei»(ur in« 
foL regnliam CiObis Diocldi in inHaitom oootfBuatf , (piaftit. 
jxroptere^adgcoiisSubcoticfailiBai revoco ) taBgciitcs cxp^. 
dic^dafaontQr, qoasetiamgeomecricistteinoaftracioi^oscd^ 
imnare,ficgeDeralt ooadamconftnt^HonecxprimeremproBi. 
pmeilet, nmvefccMQmforet^ liclongii^ ao mlUtttCo digrc^ 
dereri itaqocfofaimprtmarie Conchoidis AeoiBFetricam dc* 
BMDilrationem . ex qoa LdSnr ," fiacoto polMt ii^iii<i,facil4 
fibi cctamac$psnbtt»iD ffledittma&iam,queqiiid6eilhu^ui^ 
modi. 

ra. Sopponator BC coneorrRe com regola in C ( poteff 
c«m tomjBCtom Dlcoj:Bslibetlongitodiniseirc,.dunmio« 
ci& iotcacatmimPB,. &)oii£k8mP^CooiitiB«amBr)dti3;oau- 
tem ooovisraliorama Pa,fecaMeriegBfarmin frpcmator f £ 
cqnaiis^noAqiudcmradia Pg, fed Pm fecanHangoliMPg, 
& iic obiqae fiac ,. oc habeacor cotva E B £ , quam maoi&ilum 
efk tangere Concfaoidem inB» qtria» cdmP^m femper ma^or iic 
ladio Pg, etiam f £ major etit iacecvalld Coocboidis f a ^ 

pun- 
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poncia igitiitE fempetrunt fopn pimaa » Coodloidii i ot 
igiturobfetTatrenisGeomctra in Recreationc GeonieBrica , 
qux linea reSa tanget currani £ B E , eadcai taagetCondioiT 
dem aBa,proptetaagnluni contingentic lemper indinfibi- 
lem, minotcmque [utdiciiJBlct] qooris aagulo tcfiiliacot 



iam vetb oRendemos cnrTim EBE efle hyperbolam intn 
afymptotos H N O , ejufque tangentcm elTe ipfam B Q^con- 
Tenientcm cum legola in H i qbia dofla P S rwulx paralleli , 
occurrente tangenti M S in S , ob triangola iimilia DBC, 
PMS, aoorumlatetaBD, PM Ibntcqaalia, eqDalesetiam 
eruntWeaDCi PS, ondejanas SC cquidiftaBit ipfi D M; 
quare C^ ad NS erit, ot DN ad NM,feii utPS adSlU. 
vel C B , adebque reaangolam N C B cqnale erit ipfi N S P ; 
eodem modo dufia ER ipfi BC paralleia ollendetur \m&i 
SR squidiftate ipfi mf , ade&qoe NRE cquale efl°e eidem 
N S P i eqoalia igitnr cbm fiBtieaangnla N C B , N R E cor- 
va EBE eritbyperbolainaaanenlum HNO i dimqae fit 
N C ad C D . ut M B , feo P illi equalis ad BD ,. idell 
Cextenfa IK ad BC inL) ot BL ad LC, feu IK ad KL, 
nempe C CL [ 'l»'''^ " coBfttoSione ipfilK] adexcefliiin 
DB fupta CQ., aut dcniqoe ot CH adearadem CD,erit 
N C ipli C H zdoalis i ergo H QB hyperbolam in B tangit, 
& conrcqacntet'Conchoidem : quod nobis propolicum erat 
deraonftrare. 

13 Jamtandero, otpromiirimTlicprematisIV. l^iigeoia- 
ui demonftrationem ex ca , qnam propofuimus , mtchodo 

ab- 
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abfolirtmcisi fi inLogifticafiat,. oc velocicas pdnftiA illam 
defcribeBCis, jaxtagenenin^4f^.i.«««r. 5. indicatam,ad cqua* 
bilem velodtacem lines A B per axem oelats, ita A B ad B O» 
conAat ex didis ir»M. }• atqu^ hi^tenus abandl i1Iuftratis,jun- 
dam AO efle tangentem > fimiliter fifiat,ateadem9cqaabilis 
velodtas ad vdoducem pan£ti fluenus in V, ita QjQ ad C V, 




. • 






)an£la V C2jCanget ; {iabcblt igitur velocitciis jn A ad yeIocits>> 
idm in V rationem compoiltam ex ' A B ad B O/ ^ ex C Q> 
ad CV;fivcerit,uc ABinCQjid BOTnCVi fedeedem 
velocitates ex didis tum cap. i.num. 3. tum indicatis hic ir.tf» 
funtetiamut BA ad CV, omnesquip^eordinatarum «qno 
intervallo diihintium difFerentias func ipiis totis ordinatis pro- 
portionales, igitur AB inCQ^ad BO iaC V edut ABad 
C V , quare fubtangentes B O, C Qjfuat seijuales . Q.uod erac 
demonftrandum . ** .,."•'•..... > 

14 Hinc obiter colligere poflumus , qubd (i parabola» 
cujus parameter dupla fuerit parametri Logiflic« , circa 
camdcm axem conflituta fuerit, aut juxu ipfum axem flue- 

H rc 
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re conc^tatarV in quoTis nra alceram alcera ad reQo&an^ 
los fecabic , pat^ parabpla V F« cuJQsparameter doplalit lub- 
taageiitisLqgiilicaB; G CL * & ^d coaunonem cum w(a axem 
coimitao, aucjaxoipfamflacos» otca^ae fe iocerfcaatc in 




pando F, aac f, angalas canraram VF A , aat of A fem* 
pereritre^us; Ci!km enim iocercepta GQ^nter ordinatam» 
& QF perpendicalarem parabole , fit dimidia fuc parametri» 
demSftr^nteid Vevo Geometra in ClariiT. de Maz.& Min. Op. 
erit in hoc cafu flc^ualis fubtangenti Logifticae ; ergo QFtan- 
gens Logifticae , ideft ipfamet curva A F erit perpendicularis 
parabol« V F , & d contra tangens £ F parabol», (ea ipfa cqc- 
Va patabolict V F erit perpendicularis tangenti LogiHice 
XXJi feo corve AF inpaQ^qoovisiibioccanaiic* 



, \- 
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QuintttfH Ttemma fropmiur^ quod ut demMflretur ^ 

, ^femditttr , fyperhliea fpatia paralleiis a/ymptoto 

fr^portimtfl^ de/mits seqttaiia effe \ fpatia quaii- 

^ bet eam interfe rationem bahere , qaam extremarum 

ordinatarumrationes «' A^i tf^ificaparaiiela inter 

ft funf^ ttt Hyperhoiita fpaiia iis reffondentia . In 

Geometrica Spiraiijarctts , 4yfeBoires circuiares ejus 

ramis interjefii^proportionantur jpatiis , ^ feSori-- 

hus hyperhohcis refpondentihus • , Stthtangens Logijli*- 

ca ad qnamvis axi paraUelam e0 , ut paraikiogram* 

mum hyperhoia infcriptttm ad fPatium hyperboiicum, 

Demonffrandi modtts i fcrupuiis vindicarur . Propd^ 

fitio ttttiverfailor redditur . Q^d fit faccre Univer- 

faie. Prima Geametrita Spiraiis ftAeangm efi ad 

arctts circttiares » ttt hyperhoia paraiieiogrammum 

adhvperhoiicafiatia . Spatia hjpeHolica^ autfe&O" 

- res oyperhoiici in ea fttnt ratione ad circuiaresfe{iores 

. correfpoadentes , in qua minima ordiuatarttm byper* 

hoif ad femiffem fuhtangentis Logiflie^, Paraifeio- 

grammum byperhota infcriputm adfpatium ordiaatis 

dupia proportionis i/JterjeStt.m efi proxim^iUt jLo.adff 

_ Quinti Tbeorematis Httgensi demonfirati» » 

I -T • lOmpi» iapcBcedciiti capite profcdS fovBQf > qoilm ab 

r i «imli<yfperafa>m»! M^cnx vieb c<iiivrahencte iftpt«. 

foii^,.in.qiuiQaitmimHugORii Theoreitia nobis demonilran- 

dwB pfopoaimafi. HaciwgifttdOt itiqQk delubt«ngente , per 

H 2 ap' 
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Mpproximathuem reperhur t eftqtte ad partem ajymptoti iuteryr* 
Sam ordinatis propartionis dMpU , & / 43 4 2 9448 1903251 S04 ad 

^9ioi^9^566i^Hiig'St/euproxtm^t ^t ifacf^. Quia taraea 
in/iaiupen^laboris, ac tedii eflet longiilimos hos Hugeaii 
numjQro&perfequift neqiie ad manum Tabolat LogarithmacA' 
ad tam multiplices notas cfxtenfs occarrunt, quibus verifimio 
leeflufomHugenmni ad ejafmordl calculam expediendam , 
id«6>eumdem kipidem aiia oKthodd moVerp aggredtar > majo- 
ri.quetumcompendio,tum.emolumeiito, vel ad hancipfiun,^ 
veladaliamhuic propinquam di^arum linearum proportip- 
oem inteliigiendam Leflocum mentes djiponam. 

2 Praemittendum igrtur , qu6d HyperDoIx , &AfyniptoC0 
inserje^a fpatia ,alceri afymptoto par allelis proportionalibas 
terminAta ,. invicem xqualia fant ; id quidcm Gcregorius i S. 
Vlncentio A^^usioperioris faeculi Geometra, fuaeque Socie- 
tatis Lumeft AmpIiflTmum, pti-nuis„qabd fciam, oAendit,quia 
taoien aecmiy, liecplerifqtie fortatlb Le£toram m6oram,e}<is 
Coder admaiujs eiK placet demonfttationem.haocc&ifina(e. 
E&.o,ftg.i.fiq. Stbem. afymptotis A BQjAterjefla hyperbola 
D £ R»a(^[nentarqirpatia D GN F,K LQR definita extremis 
lineis D(J» FN,. & KL, Q^ alteri afymptcto paralielis, 
invicem verirpcopoctionalibus. Dic<^ ejjufoiodi ipatia invi- 
cem squalia efle 'r ex oaturaOqoidem' hyperbdle erant- ptizfn 
BC, BN, BL, BQ^proportionales,. utpote iifdem Dacal- 
Iclis reciproce cefpondentes ^ earuroque diiltrentie C N, L Q^ 
hofnologis terminis B C , B L , aat L K , C D itidem propor- 
tionales. Ordinetar etgoad GN ipfa CGa^oualis LK, & 
ipfa N I x^ualis Q^ r atqoe tnter duas C B , B N' , fainpta 
media propoctionali B M, ordinetac M £ ; (imihter inter doas 
BL, B Q^sumpta media B O, ordinetur OP, cui xoualis po* 
natur M<H ;* atque ita porrb- fumptis aliis intermcdiis inter 
BC, BM, ac BL, BO; inter BM, BN,acirtterBO; BQ;^ 
ordinatse adextrema talium mediarom in fpatio K L QJl tdl-' 
sfccantur,: & apj^icentor extremis didarum mediaffum io Ji' 
nca C N exiftentium , oaoadofqne fiac i^atiaihGQU.lN^ 
cajas ordiaats £oot sqoales ofdinacis fpatii KL Q|L , fed ap^- 
plicacsead parces altictMani^ ON-pToporciooaks pactibos ai- 

ti- 
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tkniimi LQj nec eaim dubKim, qain N M ftd-MC ilita at 
QP id Ol^ntpot^ dif&reatisBtriumcoatiauiproportion»- 



. I 



• > « 



/ 




liiim e)uf(£ utrobiqiratTonis; (cxiiYente fciticet N B ad B M,ut 
RM ad BC, dividendoeft NM ad MB , ut MC ad CB» 
& alcernando N M ad M C , ut M B ad C B, aut O B ad L.B, 
ideft ,.eadem ratiotie, m Q,0 ad OL) idemq; de aliis interme* 
diisiixceadiiii».! JamHc: fpatium DCN F ad ItLOjRratio- 
neni>habeteonip<yritiex.DCNF ad CGIN, &exCGtN 
adKLQJt/ Sedi^k&a-ratioeademed.qiis DC adCQ«re|< 
KL (ottersreiiimeFdinarse £M, & MH, feuPO; FN>& 
N i » feu QR , tflixque intermedis eantdeni perperub rationS 
obfervdnt ) fecunda autem ratio eadS efl, ^Qse altitudinis C N 
ad LQ^(per demoa^lrata prop^ t. append- noftrs I^obl. Vi* 
vkin. ) hoc efty ex fupra di^is> ead^ quee ejufdem L K adC D; 
igirur racio featii DCNF ad KLQ^R eomponitur ex'DC 
ad LK, & LK adipTam DC, fcilicet eft racio 8tqualitati&.. 
Qgod erat demonnrandum . 

y Hinc £iciJlime deducitur,fpatia qu^tvis hyperbohe i & 
afymptoto imef)e6la , Mneifque alteri afymptoto paralletis 
caacloiaefleadinvicem} ut iiant rationes extremarom ordi- 
aacacQBi , %ttibii& coacluduntur ; fpatia niiairam GDF N» 

O 



( 
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Q^QSsift'^' Hiio6fiiparat«fiiiB.accaiiaG0a;fNFfliqBU. 
iistaoii.ikmiom OP «d QJl, fesd malia.qoaTxs propoccuK 
ne , pud altefa altenus tripiicata , auc duphcata , vel leiquial- 
terata » && erit pariter alterum ipatiuin aicerios tripluin , du-. 
pluiD» aut refquialcettim s iotDpto en;m rationis Ci> ad FN 







2iiovisf|iiiItipliei ,pat^ratione GH ad N F triplicaifti|ifiaa 
;p ad N F ( idedipiis F.B, DB.fuinptisaliisdoaiKisdan* . 
vf>9i^. prpportionalibos K B , H B , • erediifqut .ordjQatiB Kl« . 
HQ j <onfiat fpatium GNFH «qu^ molciplex ibre fpadi' 
COPN ( ob Gnguia^tJa GK . LD ipfi CF tequaiia ex*: 
ukm.fr^cfi' quippeIineisproportionahbusterminata)Sirai* > 
litet ijitij^is 0? ad QJl fun:ipftquavts«»ukipjici.pu0dn* . 
pliOita ) EiM ad QlH C iddtiphs QJ. PB fumpca terria 
pc.Op|)Cf ionali B xN4 , atqi ere^a^ M F ) pdtet fpattum £ R QJH . 
sqildfB0|tiplex,iipilKejtdui>lU(7ifore fpatii OPQ.il, quan- 
doquidem E P squabitur ex tium.praced. ipli O Q^ .Quod ii:j> 
rano QH ad^N F «qualis fprct rationi. EM «d QJL.. fpa- 
tiiim<qMoquet Q H^N rquafetur fpatio E M.Q R , ii illa m»^ % 
ior^ ^ihocmatusy .u.ratipmiQor, & fpaciumminuKj(tac.pa« « 
c^c» aDUipBrci4<»^f;itur eK/r<f A/««/i } itaque».ex^npt»4)io«r. 
• « por- 
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ioiuUtOai do&iicioiie EuclidsMc>( ratiolliieaniin C D, & 
t^ttth^mUou^tttAOP t & QJl,at%aciiii]i{>rionb^ 
^(om C O N F «d ipattd (ofterionlwsincefjtfaa O P Q^R. 
^ jd. traf demodftcaodiiin . 

4 Undeapert^coUigitar, qu6d, fi ordinat« Logiftice ad- 
^reat pnemilTa fi^pira nyperbolica linea N O R , acque afym- 



li«reat 



qntram 




Logidiccfuerit, prpda^aAtorqoe ipiir NF»OP.adLa^iili- 
cam in S , R , erit ^tium hyperlwicom N R QJ" adipati0 
ORQJP» ataxiLogiftic«pacaUcl«, FS» &PRi.cdmetim 
dit|Uibacianntadin?icem« oc ration^ iorer FN^ Q^> & 
inter OP., Q.R iotercedeotes, ut mim.fr0ted. oHenfameft, 
£ve oc racion^s ioter Q_ B & BF, vel V S, & iscerQB., 
ac BP, fea TR incercedences, qofB^oidcmratioaes exdi- 
dis M^. i,Mmr>3> (tinctocportioaesaxis iifdem m dinatis «i» 
terceptv, VB, TB, fen SF,&K •'«ciam diAa Ijpatiar Hvk. 
pcrbolica N FQR, OPQJl cffont»QtlinMtSF»^efLjQsod 
ecat demonftrandaq)'' 

** /tf», (laudentemffauumbypnbQUtum., 

5 Si- 
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S SimileqiiidpiamacciditS 
accas , iaot fedores pcr radios ( 



lirali geonietricc A a a , in qua 
liralis abfciHi , veluti A F , A f. 



aut A C F,: A lC f biat,fif. 3 . b. Stiem.ac bypetbolica f{ntia At 
JUK, AimK conpreneolapottioDibus AI , & Ai afym- 




ptoti AC, qaibasdiBerentizextrei^brumramorQm aF, a( 
flatequalcs [funteniin lA, ia arcus concentrici ipIiAFf] 
&aItetiafympcoto CG pirallelis, curvaque hyperbolica iis 
interccpta i etenim arcos illi A F , A f , & confequenter & fe- 
^res ACF, ACf iisrefpondentes, exdi&iscap. i-jva. 10. 
funt^utrationesradiorDmSpiiaJis AC, aC, feuAC,&CP. 
A C , & Ci ,:in qua patiter funt djfia fpatia hyperbelica^cui^ 
queduAisexcentro C refiis CK; CM, Cm (debenceitif6 
hx linea: in centrum convergere , utuc in Schemate, Viti6 
Sculptoris.exorbicent) fe^or MCK ipfifpatio KAIM, £b 
-fedor m C K Ipatio m i A K ncttqualis ( ah squalibus quip> 
^etriangulis KCA, MCI ablato communi CLI , addico'- 
cnie atrique reliduo MLK ces efl perfpicoa ) habebimasfe- 
.aaresUyperUplicotineademratiooefe^oribus circuH ordi- 
natim refpondences , crit enim M C K ad m C K , ve^ad 
mCM.ut AGF, ad ACf, relFCf. . 

' .. : 6 Col- 
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6 Clolligiiiiterdt eziiipndidispoteu, qpbd rubcangeos, 
Xeo paramecer Logifticc eu ad aoamyis axi parallelam , ot pa- 
rallelogrammom nypecbolc inicriptom ad coo^om foatiom 
Jiyperbolicom » fciiwet ad poiidumR Logtfticft docta un- 







geote R G , erit G T ad R P, oc (jarallelogrammoffl K O P B 

ad fpatiom OPQ^; fomatorenimtaogentisportio RSin- 

finitiparra, itaotdodaparallelaordinatc S V , paraUela axi 

S H N ooourreote hyperoolc in N , tom mfa tangens R S JFe- 

r^coinci<bit comcorva R S i necoon H d , ot terminata ad 

corvam fer^ cqoalis Hc eidem , ot terminate ad tangentem ; 

ideft habeat ad iplam rationem propiorem «qoalitati , qukm 

quaelibec daca majoris infleqoalicatis ratio qoantomlibet parva , 

•tam edam hyperbolicom fpaiiom NFPO fefS com re^an- 

solo OPF coincidat, feo illod excedac minoriexceflb qoo- 

Jibec>dato: oonftat ex mt.^. U dividendo,fore fpatiom N F P O 

•od OiPQjt i ot H S ad P R , & fomptis atttecedentiom aeqod 

i|itoportionalibos,paraIielogramfflO KP , & linea TG ( eft 

«nim JC P ad O P jP feri com fpatio P N coincidens , ut B P 

jad PF/fefiTR ad RH* vel TGad HS, prooc termina- 



tam 
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t;tm rad -taRgentenv, ^weftf^ceioGiditfiliii tecaniilla.'9d«Qr- 
•vam in S) eritparaileiogRnnmiim KP «dij^atiitm O^QS** 
m TG^d^R. QsMid eivc demonilfandom . 

7 Si«ui nrideietiir aBdacioc prscedencis denioiifti»tioni$ 
proceffus y nmulqoe iofirmior, qoikm ut aflenfum extorqoeat, 
js deroonnratione apagogica otator , per me licec, im6 ot hoic 
&liinilibusapplicaredi(cat, fpecimen hicdabo. Fingac iibi 
cjuisitiinQremcire, (i fieri pomc , atrerutram di^arum ratio- 
110 ra, yerbigratia ratio G T ad P R minor efto ratione KP 
adfpatium OPQ^R, itautiniad;icieiidaforec ratioaiia ma« 
jorisinxqualitatis, qus iitincer f , & </, ad hoc ut huic alte- 
iri rationiicquaijisevadat. C&micaoaeratio PR ad HS ruc 




teirminattmadcQmm) (it podea eaciem » m» OPQR aj 
ipacimn N P » ecii rurfos tacio TG adeamdem HS minor 
qn^tacio K P adipactaaN P, eodedefeanracMmis rad di 
poteft aotera H Stermtnaca ad carvam efle ad H S, oc termi» 
nacamad cangeAcem tn caciooe ninori , qoim qmdibec datt 
racio «zdd\^ %icovtationi T G ad HS.prtQ»em jddator 
facto HS pricrrisad HS poftetiortii^fie^ratio TG id HS 

po- 
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•pofteriorem , hoc eft T R ad R H > vel K P ad re^laogaloiii 
O P F, adbQC minor, qii^ro ih ratioeJQfdem KP adfbauam 
N P; qood eft imM>iflibile , fbrec eoimredhuigulQm O P F ma* 
iosii^io NFPO, coi iofcribitur . Siver6 dicator^ coatra 
ratki KP adfpatiQmOQ^minocalteraracione TC adP R, 
iiQt.-eademdeoionfirttio.incif tendo>ex |Mrtefpaciorttm, unde 
cokBclQderetttC, qobd HSterminataadtangencem majorfo* 
ret,x|niiikHS termintf a ad cuivam , fea ^trod tangenscurvS 
iecarec. NollQ&igitoreflepoteftinraciocuiio noAco fcropu- 
has , maa de ^ihcia iniimiilRn debet , fed- de compeadio laQ«> 
dari. 

. 8 lQterdknotandomTelim»pnrmi(ramdemoo|iritioacmn5 
l>endereabQUa(iveHypeiboi«, five Logiftiot proprietare, 
led hincdQmtaxtt » qnbd fpatia hYperboIica pcoporcionalia 
iincpanlleiiatxiLQfiilicc» otMCftfte^tioinfiaitiscurvJs invi* 
cemcomparatispommQnis ettepoteft ; Qtli FQN fic crian* 
gQlnmapioemhdbeosiQQ» & ^QS trilineam parabolicQm} 
QtiqQC axi pacallclflc eront , ot interceptarum F Q., PQjqQa? 
drata, five oc limilia fpaciatriangabutia his indlleocia i li fupe- 
nor^imnttrilioeumpamlifiltCttmqQadcatiiea» iofcrior ecic 
parabolicom cobicain , & licdealiis » tum parabolarum fpe- 
ciebas, tom CQrvaram generibos ; qupcircacamdemdemon- 
(Irationem iis applicare potes > auc aniverfalit^s ipfum Lemma 
concinere (ic . in qualibet carva Q.R S , cujus ordinats PR» 
F S ( (umpto F Q^pro axe ) (int in eadem rationc cum fpatiis 
P O R Q^» F N R CL per eafdem ordinatas abfcidis ex ngura 
N RQ^F eidem axi appiicata , erit fubtangens GT ad PR* 
uc redangolum , feu parallelogrammum OPB ad fpatium 
OPQJ^» & convernm, (iociHudparaHelogrammum adhoe 
fpaciom, ica fueric PR, feu BT ad TG , jun^a G R eric 
•tangens -, hec refert am ne , ao.coo vexa (int fpatia , qoe com* 
parandafunt, eademqnipperatiQfempermilitat, auc pariim 
cerc^ inramtata . HiifcaIiam.habcStangentium ducendi me> 
thodum, aIiafqac,^aIiasveritatesperteprudensLe£Vor ex. 
tundere potetis , fed ( quod ma^riinpretiohabendumeft ) 
■hincdifcesVeterum, & Recentioruni Cieomctrarum propo- 
jlitioneiJLJnlv^rlaliQiDQS reddere » aKCcndendo «.nom proprieca- 

i X ccs. 
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tes, qaas fpecSalitet dcqindam figora demonflcaot expccii- 
)iarie|usanefiionependeanc, aa vcrbcx comniDni ploiiboi 
Sympcomatedeciventur. Atqaeid ceireraeA facere Uiriver- 
falc.quod ade6 depcedicant i\Ietaphilici,& an per intelledom, 
anvcrb, atbarbaciloqaifolcDt, ctiamapactecei dacipoffii; 
exquicanc. QgodqDidemipfisiatesti decideadooi celiBqoc 
mi Ledoc , atque ab ea follicitDdioe Donas hocs aliis otilini- 
buiftudiisdebitastedimecefat^e, fpoiideo«Bim,aliqDOt ix- 
culof am myciadibns anteqnim illi coaveDiaac, & qaod toc 
tcicatum appacitu expifcaii concendiint ia apetto ponant (oti 
haaenascccteincafltimlabocaireVideo, necitotiiecDlis, vd 
bcamtnwDcm pcoiecifle , aut ali(]aam faltem indc utilitatem 
inPbiloNphicis, antThcoiogicistebus indeiibi,aliifTe ext 
culpliire , plos nimib expettas agnovi )> Te innumeiabiles, at- 
(^ae atillimas veritates geometticasinvgtotdm per illad, qnod 
iujwriiis defctipfii GeomctcicDm Univei£ile, ejDfdemq; appti- 
CKionem ad multi^lices figaracDra fpccies , qun sot Geome- 
tciamiaiftcat,autlibi faciI6analquiiqaefin^ccpptetic. 

9 NecincetciomitcendDm,qD!idSpinli<3eoinetricatut'- 
fos qiud iimile contiDgit, ijaod ipli Logifticc,robtangeas coia 




CB pciotisradii AC eft ad qaemvis arcniB AF , ant A f, 

ot 



«c fwalleioggaHMitddi b^p^H>dlle(iiifcri^tui!i> K AC ad fpatifi 
cone^pcmdeafs M | A kT^ -afit in;i A K ,^^od, ttnii^eadem n);e> 

thodaproboripoifAyjtttaiAid^lepatttrqiitnii ex di^is^^ 
fneeed. mm, 10. pfiflui^b»ifige«s € B^teadem, qiKe^at (oi^ 
taogebs LogiAice , ex oo)Us convolotione , j axta di£la (ap. t . 
tmm. 12. Geometrica Spiratis gigoitar , ordinatis in radios 
oomnieantibds , & axis ponionibus , ejafre paraillclis in arcus 
cnrvatis^ ac propterei eadem erit ipfias C B a^ arcum A P 
catio, qoc prii^ erat (ubtangentis ad paremaxis portionem» 
ejoftre parallelam , adebqoe eadem, qaae parailelogrammi prs- 
difti ao affignatam hyparbolicum foatiom . 

I o Exinde aatfem nabetac^ qa& d fpatia iUa byperbolica>aot 
fe£kores iis «qUaJes , de qaibos num 5 • in ea femper ratione e* 
tunt ad correlpondentes circalailes feftores, in qua minima 
ordinatarum ipatu byperholici A K ad femiflem fubtangen- 
tis CB; etenim fiAK fupponator «quatis didc fubtangenti 
CB , erit ot reftangulum K AC ad fpaciam hyperbolicum 
K A 1 M [ (juod fami poterit latitadinis A I infifMt^ parrar , ut 
fer^ coincidat cum anfcripto re^angulo K A I } ideft ot C A 
ad :A I , iu ip(a K A » iriel ipfa C B ad arcum A F » ex nome- 
ro fttperiori}'redangutum igitar K AI , feu fpatioin tpfum 
i^erbolicum Ml A K erit «quale redaogulo radii C A ia 
arcum AF, hoceftduplttmfeaorisACF» ciimqae exdidis 
mm. 5. & alii fe^^ores aliis fpattis in eadem linc ratioae, linsu • 
h fpatia K A 1 M , K A i m » auc hyperbolici fe^ores K C M , 
K C m , dupli erunc refpondentium fedlorum circularium 
ACF, ACr;&IiAK «qualis fueric femilfi C B , eront di* 
£ta fpacia , & fe6tores hyperbotici ad circulares feelores in ni« 
tionesaaalitacis; li quis aucem obrepferic fcrupnlui circa hanc 
demondracionem , rdmedtonamenfepcimi rit^applicatoa- 
moliendos eric . 

• » • 

* Ntta , Smoufiratmem horm wimerorum 9. & 10, 
appeHarepgurain ^./Diagrammatrs appojiti fr(h- 
xima num. 9. i » adveffa pagiaa ^ 



II 
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pCQtis* & Hyp^rbole «iCBrlpraiii eftn4 %iirtiwB hypecbolu 
CjBm» cn>(»c«ct«nia^gfdiaai^fdm|ampmfnccloiiemiiervt^ 
proxime ut i o ad 7 • M^ A h M£. <i)i^toitii,Hi' hyfccbcttitt 



^ • 




fpatiQ» qtMMl hyperbole AG, eryfiiptot» L B F conriQcctv; 
mCcripcom ; & iampca FE «qoali ip6.E3, ocdinecuc FGt 
eruoic ordipacc AE, FG iiiracionedupia. C^i^o qua.draftpnK 
E,l, ad fpatium A HQ FE ( ade^ue & quodvis paraltelo^ 
gramniuahyperboJciorccipcom^ad ipatiupi ocdiiiati; ratiot 
nis dopjse intierje^um ) .eflfe pronro^ , ut 10 ad 7. .d.u^ai.eoioA 
dianwtro B A, & janfia AF ( quxtangens eric , qii^niam 
extenla ad alceram afymptocon kifa/iam iecatctur in Ai prout 
B F bifaiiam fecarecur in E ). duaaflue G D , & H 1 C N K 
afympcotp B F parallelisiqooiniaa^ re^afi^la A l-,B,M K B 
«qualta func , & communi ahlato BEC a:qualia renj^nent 
ECH, KC A, ecic HCadCA,veltCl (obafjgulurajE AF 
fcmiredlum) utKC, feu EA ad £C, & dividendo, tl 1 ad 
C I, vel C A , ut C A ad C E i cum igitur iin; E C ,, C A^i ( { 
concino^ proportionales , eric certia IH cquaiisquadrarofe* 
cande C A dtvilb oer prim^. C ^i itagne 6 ^.A dicatur 
flpqualia «» & «jiiciibec porcio A C dic^cpr ^, eric Hl «qua« 
lisJl. ; inteiligatorago AEJnioo. «qu^lef fi^irticulas di- 
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Suppie itt Diagrammate Hneam FG ipfi A E faraHe" 
/am, t/aadettfemjpatiitm byperboitfum . 



<0r lifMiC'ito«fuific»'A.MQ«»rpon(la^ Hi QOkto- 

ufque ad JS£L; hcc enim efttxpontiouniverialisexpreflio- 
nis fuprapofitc il prodifcrfo Valoreipfius^} ideft re^s illz, 

velat 1 H , in trilineo A M G p^rallelae , & ad ccotefimas 
quaslibet ipfius A E partes ^pplicatar , eront per^ ordinem 
^ t -A t •£-, &C. ufque ad iH^ , quod xqoatur ipli M G 50 

ejufmodi particolarom . Summai|itor harum omniomfra- 
£iionuro deHgnabit proximum valorem , feo quantitatem tri- 
linei AMG, refpe^lu quadrati AE6, quod eft in hac fop- 
poiitione 10000 ; porrd ills fra^iOnes ad minimos termi- 
nos reda^s , & (imul additse dant cirCtcer 700 ( ut experiri 
unufquifque poterit , d facis otii , & patiencic haboerit ad cal- 
cttli laborem ferendum ) triangulum ver6 ADM irqoatordi* 
midio quadrati AD, fciticet jo du^o in 2; , quode^. 1150 
& paralielogrammum G D £ F, quadrati AE fubdaplomt ell 
5000 , igitor fumma ex tritineo , trianguto « & |KiralleI(^aaii« 
mo, nempe fpatiom hypeiboiicom AQ F £ ch 6§fS9i m «k 
hac formofo patec . 

TrilsieQm AM'G 700 

TrianguloNiADM 1210 : 

FaraUelogrammomGDEF 5000 



SoiitiiKi,(iKit>iimGA£F 6950 

PropoRto itaqoe fj^ii AGF£ ad ^osdratGR» AEBL ell 
cadem , qoe 6950 ad 1000 , (eo , dhridfttato iiti«)lin|ao 
per 50 , Qc t}9 ad aoo , qor cft ctftiiev 1140 ad «00 -, 
out fubdividendo per »0 , uc 7 ad 10 ; & boc fuerat dc« 
moDficaodMi. 



ra 



IX JtmV.Tlieoieiii.HogeiiiidefiiooftfMioiiSfiri|qpe£<K 
SkAD dQplaDK,feoFB ordioaaeadLogiftiaABh^eric 
F D iotercepta axis iacec 4Mdinatas dopke proportioais ; oft&> 
:dendirai ell F O fobcaogenteiii , fea panuiiettaai J^ogiftice 



S^w 




E- 
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eflead FD, vel BK proxim^ , ot 13 ad 9. Jam ex 
mm,6t, eft FO ad BK» vel DF, ot paralielograraraQm ia- 
fcriptom hypeibole ad congraom fpatium hyperbolicom , 
qood in hoc cafa ( H incelligator foper A D defcriptom , & 
ordinatis ez A, & K definitum) termiaabicor ordinatis da- 
pke propcrtionis , propter A D duplam D K ; fed illud pa> 
ralielogrammom ad tale fpatium hyperbolicum expr^ecedenti 
mmero eftprozimd, ot 10 ad 7 , ergo & OF ad DF , vel 
BK erit proxim^ iit eadem ratione 10 ad 7, aut otrobique 
per 13 miutiplicando, ut 130 adpi , quod prpximomfeft ra- 
tiom 1 30 ad 90 , hoc eft 1 3 ad 9 . Ratio igitur fubtangentis ad 
mxis portionem interceptam ordinatis dophe ratioois proxime 
cftf Qt i) ad9-, otiHageoiasiiihopTheorenutepsopofaetaL 



.. V • 
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» ■ ' < 

CAPUT VIL • 

Sexttttn Theoremaproponitur , & univerfa/ius demott' 
ftratur, Spatia Logiftica in data ratione dividere; 
Cavum trilineum convtxo aquale ; redanguta fpatiis 
Logifficis aqualia . Item fpatiis hyperbolicis , Ordi^ 
nata in trilineo LdgiJiic4e,axiparaJleUf convexis , & 
cavtt hyperkoUfegmentisprjDportionates, Eadem atiis 
fignris applicare . Hyperhotai» ducere , qua datam 
Lagifiicam , vet in dato punffo contingat , Maximum 
paratletogrammum Logiflica infcribere , & duo utrin-- 
qite aquatia determinare . Data cujufvis figura tan- 
gente maximum itti parattetogrammum infcribere^ & 
eontra . Idem circa atia maxima praflare per atias 
hyperbolas . Infinitarum hyperbotarum tangentes. Spi- 
tatisgemetric^ fpatia interfe , & cumfuis parttbus 
emparammr. Cujufvis eonvotutafigura, ejufvepar* 
tiumadeireumfcriptnmfeBorem, & ejus sonaspro' 
pertio eadetn, qua Conoidis ah evolutafigura , ejufve 
partium adcircutnfcriptum cylindrumy & tubos cytiU' 
dricos . Evotuta ad convotutam ratio , quihus compc' 
fita . Exen^ta in Spiralibus . Geotnetrica Spirati do - 
(trina appticattir . 

... - , 

I il^opoiiiit mS«xto Theoremate Hug«nius, qobd tfifue- 
I; rint trefi ordinata , vetat itt Ikcfigura fanf ^ D , uGt 
!B P, ^tx pmt&o curtMS adminimam pertinente ducatur afym* 
ptcto faraUeiafitans daus atias ordinatas in.R y &K,tae tan^ 
gens B Qjeafdemfecans inN,&^ fpatiatritinearia A^BK, 

K> H R 
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HBRfunt interfe, ut partes ordinatarum inter curvamt iy 
taugentem» idefi, ut o^jg^» HN. Qupd quidem fer^ cam 
(ecundo Theoremate conincidir, poteltqae ex eap. 4. num. 4. 
diciis demoQlUari , uc patebit , applicandQ demonftrationeai 




lin«« gh minufcu?islitterisexpre(ss,recantltangentemiaii, 
axi parallelam per B du^am in r ; patebic enim interccptas 
tangenti, & Logifticae curvc , ordi&acis paraUclas , iiv«tafra» 
rt?cfuprapun6lumconta6^fise0c, nt fyachi comp^en^ tif- 
dem or<^inatis, Logifticae curva, & axi parallela per conca^lQOi 
du£la , adeoque fecunduma &'fextam Theorema in anom eoa'< 
venire . 

3 Sic tgitor atgui poterit . C&m (ic O F ad F B , ot B K 
ad K CL, erit O F in K <X«qnale F B K rc6hmgaIoj fed F O 
in B M » feu in totam K A «quator coci fpatio D A B F per 
eap. 4. jwm. i. igttor F O in refidoam Q^A aequatur fefidao 
fpatio K A 6:eodem tnodoofiendetur OFtnJRN»fearn 
aeqoale re6la^gttk> FBR, FBr; adebqoe c&m iic HGF'B> 
hg FB, xqoalc FO in BS » feu H R»v«t hr , eric fpacifim 
R B H , r B h, xquak FO jn N H , n h ; ade^ae cribneaai 
AKBad HRB,feohrB>erit,at AQ.«dNH, feanh , 
qu'£ funt bafes redangaloram fub communi aititudinc rub* 

tan- 
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tingentis FO illisfpatiis equaliam. £c hoc faerat demon- 
ilrandum • 

3 Hiflc facile erlt quevis Logillics ^patia , <i ve concara, It- 
ve codvexa per otdinaras in daca ratibne dividere ; fpecialiter 
autem hinc ihferre juvat , qu6d fi«x quovis punflaH LogiAt- 
cs dncatur tangenti O N parallela occurrens curvx ultra c5- 
tafluminh (finge du^am, Itcec in Schemate de/iciat) erit 
portio Logifticz concava H R B xqualis con vexs h r B, pro- 
pter «qualcs H N , h n, iis parallelis interceptas; im6 addito 
mrinque fpatio B H S , cum rcAanguIo S B r , inferes re£lan- 

fulum H R r aequale efle fpatio Logillics, curva H h , ipfaque 
18 ad hr extenfa,intercepto; indeque re£tangulum GRc 
squale refiduo fpatio G H B h g , squale proinde & re£langu- 
lo ,ex O F fubtangente in R H cum r h , feu in s S , adeoq; 
OF ad Gg fehabere, uc GR, fcuBF ad sS; fednimium 
minucisdecineor. 

4 Expendere potius juvabiic', quibus fpaciis proporcionales 
fint lines iatcilineo N B H , aut n B h, parallelr, non quidem 



4 « 




ordinatis,fedipnffletaxi. Interafymptotos AD, DF duca- 
tur per ipfum pundum fi LogifHc^e hyperbola r B r r R ; ance 
omniaonendendumeff, tangente Los^inic^ OB occurrentie 

K^ fu- 
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fuprem» ordinatarura, fea afymptoto hyperf}foIft in P, reQao»' 
gulam B k P equaci fpatio hypecbolico k Bc R A ; eft eniiA 
reaangulam B kP ad kBF re6languium hyperbolfltinferi- 
ptom » uc illios baHs P k adba(imhujus k D » fen BPa wMi 
eftjobnmilicudinemtriangttloram» ot k B ad fobtaogenteni 
LogiHicse F O , indeoue ex eap.pr^ed. num. 6. m byperboli* 
cumfpatium ARrBK ad idem paralldog r a inmum FBks 




cqualla igitur funt redangilum B k P , & fpatiunr hyperbo^ i* 
cum A R r B k : quod fuerat demondrandum ; fed Kalibige- . 
nerali£ks idem oftendemns , (cilicct cttp.ti.ntt.2. 

S Ctim vctbcxcof.pr^eed. fium.^ fpatium hyperboUcom 
kBRA ad quodvis aliud axi Lo^iftics parallelis rcfe^n» 
krRA(ir,utkBad kh, & dividendo ipatiom bJrperboU* 
cum kBrk adrRAk,ocsh ad fak»manifeftoAeftrfoin* 
pta commoni altitodine kP di6)arom linearom in k P do* 
clarum re^angula prOportionari fpatiis hyperbolicis cocrc^ . 
pondencibus, adc6qoe refian^ium P k in k h {eqoart (patic» 
k r R A , & re£laogulom ejufdem P k in s h «qoari ipatio> 
kBrk, &c.. 

6. Parallels igitor axi Logiftj'c«,triIiners N B H , n Bhcoii«> , 
c!ura?,propoccian3lcs eranc refpe^ivis trilineis hyperbolicis 

iBs, 
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iBs> rBs coaveKis,.aotGoocayis, prouc cicra». vel uitra.B 
jparalleladacomar» etenim demooftratione ntmt' i. iteroia 
applicata i c^m (it kP ad Bk, otBM ad MQ^ vef BSad 
SNy^Jic Bs ad sn. Erit re^ao^Ium kBM ,yt\ kBS.aut 
}s,Bs «quale redsngalo. ex Pk io M(X> SN, vel sn; fed 
eciam fpaciom BkAR»aatBkkr «quatur ex num praced. 
tefhmgolo ejofdem Pk in M A , aut S H , vel s h ; igicur 
cedtangulom ex Pk in refiduam AQ^, vel HN, aut hn 
squale erit trilineo hyperbolico R B M , aut r B S, &c* & idc6 
lineae ACL» NH» n h axi Logiftiae jparallelx , ej;urq,ue cur- 
va , & tangente concIaf«, erunt ut relpedtiva hy perbolica fpa> 
tia fupra definlta . Qood erat demon Arandom . 

7 Aliisfigaris nmilemconipftrattORemfQfcipientibus , uc 
ordinatae onias proportionales ftnt fpaciisabfcims alterius,ap. 

{^icari res eadem poteft, qaemadmod^m , tum hic , tum alibi 
ocum habere poffunt oblervationes , & corollaria (iniilia his , 
quxiNVffr. 3.indicavimasi fpecialia verb problemata duo ex 
lolaiigur«praemiflisiafpe6tione facillim^ folves. Akerum : 
Interafymptotos F D, D A, qoariim itta fic axis , h«cordina« 
taLogiftioe ABh^ hyperbolamducere, quae Logidicam in 
aliquopondo B tangat; veldacoinLogiAicapunctoB, hy» 
perbolam nibilomious reperire , oaae tdem prstdec : ponatur 
D F cquatis fubcaRgenti r O: ordinaca F B» & D A, fiat pcr 
B hyperbola inter afymptotos FD A^ hfcprocuIdubioLo* 

S'fticamtanget; fiqoidemeadem OB , tom Logiflicae , tum 
^ yperbol«tangenscommaniserft;unde€onfequitar, qubd, 
li lingator per aliadpun^um B du£la hyperbola,^ occorret in 
alio pimdo eidem Lo2iflic«, (upra B quidemy ii F D oMJor 
£lQeritfubtangente,inlravec6fifflinor. Alcecameftr Logi- 
flioe maximum parallelogrammumio&ribererponatar D F 
fiibtan|;entiarqualiSy & ordmetor F B : pacet DFB maxi- 
iDom fore omnium, quac dato Log^fticc fpacioinfccibi pOflinc, 
parallelogrammoruni ;, alia fiquidem paralleloj^aciima eidenk 
jLogiilicsc fpacio infcripta mioora erunc, «6 qubd,. uc illud 
primum a^quenc > extendenda fint ofqjuesid perimetrum hy' 
perbolae per B defcripcse , qu^ coca ukra LogiUTcam cadic, ucv 
poteipiam taogens cxnuper diclis : onde paceci cuivisallceri 

pa. 
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parallelogrammo aliud cqoale eidem-Ldgidica^ infcripttiA 
exhiberipofle, du£tafcilic6tperpaft£h]ni, tibi Lagiliic^od- 
currit , Hyperbola , quc tA aiio pundto JLogifticslni fecanidti-- 
bitpuftdum, ad qtjod infcribatur piraneldgrathmom 9ei]^Ip 
priori , eo qubd tktraque fpatio afymptotis , & hyperbol^ id« 
terjeflo infcribantur . 

8 Leviufcuiaqtiidemhaec,n pet fefe conliderentar , at ra- 
tionemethodi, quam generalem eife Ledoruiii foHettia per< 
cipiet , (uo pretio non frattdabontur : hinc enim habebimus , 
daca ratione , quam habere debet fabtangeds iVI E iigurs 




f ■ 



momi 



A 6 ti G ad abfcitram A C , dati & maxhiium pardllelbgratiti 
rouni E B L ip(l infcriptibile, (inimiruni in eadem data ratttr- 
fie Hac G£ ad E A,ut G£, EM lintsqualra,tangensc|uip. 
pe M B I erit & tangens hyperbolsE C B C per B irrter alym- 

f>totos A G , G H duEts , atqUe zAth (^odvrs aliud paralldi. 
ogrammum GFDK dats figut^ae infcriptum mindserit pa*> 
ralldogrammo GFC, acqueade^minas G£B, qirod pror. 
inde maximum efle convincetur ; 8c h contra datd majtimp 
parallelogrammo GEBL Hgurs ABHG inrcripco,dabitiit 
ejustangens,pofita £G squali £M, quia quodvis aliud pa- 

lal- . 



TheormL Bsgm. Cap^yil. 79 

raUeJ«@fftKl8iniii G F D cpia fit miassijpfQ QE B , crit & loi- 
DQ$ QFC {doidjiper B incereafdeoisiYnptQcos hyperbola 
CBC) ^ide^ FD minortyit)»^»^ F C> & b)^pQr^oU C B C 
cnmo) DBDtanget; iAdKyperb<ilftfnt«ii8tfrQ<^ MB,er- 
gQ ^ <!Qev«i» D B D pcQ^«fitacn ». £c ^q4 ae paraUelogr^nik- 
ioi$ mai^iiais <UduapLeft» affiimpcahypecoQlidiqeari , poc»^ «4 
maKtmo^ cylindros < atiaye maxima Ma «x g radibas coQrdir* 
natarqm CB, BL transfeifi, ofufpatt$ alteriuft generis hy- 
perbolis , quadrattca , eubica , 8cc io qujbiis ^Qa ex bQmo- 
i^mis coQKdinatarumgradibttfi func itqnaiia» eibqQbd quadra» 
ta , aut cubi ordinatarum reciprocentur diftantiis ^ centro,fea 
angulo afymptotali. 

9 Quod n earumdeiii tnHnitarum hvperbolarum , fn quibus 
yidelicetnonfimpliceslincx BL» CN, fed if^farura quadra- 
ta, autcubi, aliique majores gradas Hnt in reciproca rattone 
di^antiarum GH., GL,earum7e,graduumquoruaicamque, 
tangentes ignorare re ^czs : ne defponde animo , paucis , ad- 
verte , docebo , & qoidem ex hac ipfa , quam pre manibus ha- 
bemus, methodo demonilrationem eruendo .* exponens gra- 
duum, quosconiidefamusinordinattsBL, CN eftoAr,gra- 
duumvero, quiconMeranturindinantiis NG, GKello y; 
du£la er quotib^ hy perboht pua^lo 6 E afymptoco parallela, 
fiat G E ad E M » ut « ad je, juncla M B tangec ; quia enim 
ut « ad jr , ita G E ad £ M , laclumex gradu G E , cojus ex- 
ponens x, ingradum £M, cujus exponensj^, maximum eric 
omnium fimilium faclorum ex partibus linese G M otcunu); 
divifc, uti ex maximorum , mintmoramqtte metbodQ facile 
conftat ; qoare & fa^um ex (mitlibus gradibus G E B mi^xi- 
momeritomninmlimiitom £fidlorum ex. lateribtts paraUelo* 
granimi triangolo M I G adaltud^qu^m B pun^um infcrii^ti; 

?|U«igitorlinearangitfiguramtriaogulareni MiG in B ( ip- 
umnempelatus M i) tanget in eodem pun^lo hyperbolam 
C B C ex iifdemgradibus coordinatavum conHitutam. 

10 Jam ad inftitucom noftrum, oodepaululum divertimps, 
pco|)ti}&accedeKes , quemadmodttm in Logiftica HMgeoioS; 
propoi. 1. 2' & hac , quam pr«! mambuk habciinas , fexta, vari» 
c}asfegmencaiQvicemcomparamc; isa* uc iA.Logii)iiC3. coo/. 

/ vo- 
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volota, aempeSpiraliGeaincttica, idemaofpneHeaiut.at-' 
{(umeoti fimilitudo fuadec . PriniOm igitiiT , licut LMilticie 
ipatia poft quamlibet ordinatam ia infinitam ptotenfa (uat, uc 
ipfc ordinate eic diSis «^. 3. imm. 7. ita Spiralit geometti«e> 
^atiapoftquemlibctejuscadiaminiiifinitum circa csntram 
pcr innumet» , (ibiqae fupetimpolitas circulationcs conck' 
noata funt intet ft , ut quadraia eomauiem radiorum ; intelle- 
&oenimfpatio Spiralis AaaC inttiangala ionnmera , oe 
taf. i.mm. 1 i.fadumeft, dillribato,qacexibidiftis limilia 
etanr, ACa, «Ca,tcc. crantlingalaiateife.uchomalogorO' 




radioram quadrata , quscontinneproportionaliafunt, iun> 
cutviehujusnaturam;itaqQe ut unum ACa adnnom aCa, 
ita omnialpatio AaC incluf^ adomnia inclcfa fpacio aaC 
(funtqnippetocidemhic, eiqiibi, utpoci muliitudinis atro- 
btque inlinitc ) liempc.utqaadracnm ACadquadratum aC» 
itafpatium, quodpoft A C rntradiclamSpiralemconrolvi- 
tur, adfpatium, quodpoll aC eademSpiraliconcladitnr. 

1 1 Hinc dividendo nabetur, fpatium ACa ellead infiniti 
contortum poft oiinorem radium C a, ut difierentia quadrato- 
rum AC, aC, feu Cl ad minorisa C, vcl Cl quadntum, 
boceft,du£toaica al.^ot armilU pariio FAIa adfelSorcm 

laC, 
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lnd, Geiili«^.3.iMn.S. & inTertioTheoKmaCe Hageiiii 
demonttraiidofiy. 4, m».;. Qfiendimas, tn Logiliica fpauum 
duabusocdinatisutcriediuneQe adinfiniiiloimBm poftmi- 
Borem ipEirum pioteiij^m , uti el^ficientia ipuram ordina- 
GMnm ad minoremex iplis ; & Teluti in primoHugenii Tlieok 
icnase 0;^. 3. demonfitato, fpatia LogMlicx oi&natis coni. 
dafa eiaat,pt cxtieaiatam ordiDataium diAercntic^ ita in Spi- 
laJi gcometrica fpatia quElibct Aca, aca eruatincetfe, ut 
diSertntisqnadratotamabextremisradiis i\8a Ipatia comr 
ptehendenubus, iiveaicirculaiesaimil|« FAI, fai illisad- 
Ictipce. i 

1 z Tcilineis irerb a t A , lire ad inTiceni , <ire cum relidois 
a A F , aut cum zonis F A I a compatandisinferriec generale 
bocTheorema. Siquxvisliguca£HC,axeAL inpundun 



A concrado, illiqne parallela KC in ucum CG squabili- 
(er curvata, craaleat in Spiralem C E A , ordiaatis H M , h m 
in totidemejus tamos, fcu tadios AE , Ae abantibus , & 
per angulum-E Ac diiracicacis, cujus menfuta.fit arcm Dd 
aKjualis inccrvallb ordinatatum, nempe ipli Mm, vel Nn. 
DicoSpicalebatiuro CEA fate ad arcurofcciptam feflorS^ 
CGA, uci ett conoides exJigura.LHCcirca axem LAad 
ctccnmfcriptom cylindrum ex paiallelogrSmo A K circa euni- 
dem axcmievoluco . DuSo paricei qnoviswcn E B , aliifque 
linejscootdiaatis, Dtin/iguta,.cciliaenm B.CE £i>ie a4cii> 
L cum- 
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camfctiptamzonam ECDE, oticftaiuialas eiHCftcircA 
axemrcvolutoad rabamcyliDdricDmexcircamfctiptopaiak 
lclogramma HNCB ciitaeamdamaxcm,acdividnaiMn- 
lineiuo BEC ad C ED e^.ot fun aoaoli cx ip& HBC^ 
HCN ciKaaxcmnvolauiqaeidlibetetiarottiliiicaBEC 
adaliud beC.aat CED adaliod Cedcfle.atfaniaaiiali 
ex^iiia BHQbhC,aatex HC^^hCacitGaipfumaxcBi» 



portionesqnoqne BEeb, fiveadaliam beeb, Cve adtrili- 
neom ijttodvis BCEelTcacrelpefiiviiaterfefant anDuliex 
HBbh , hbbb,aat HBCcitcaipfamraetaxcmLA. Lon- 

giorcnpropolitio, qDimdeaiODfitatio. Arcuseoim BE ad 
F eft , Dt CD ad CG, fiUlicet cx canllrDaioae, at CN 
ad CK, vel BH ad Bl , iiempe at cyliodrica fapetficies, 
<]ue in conoide ex linca B H, ad cytiadricam fupetficicm, qua: 
incytodio pcrliacam Bl cicca axem revohita ptodadtar ; 
&hOcfempcr,.fivetincasn>aja&aliatictcns, five minaiculis 
notaiasiiuctfecompatesifuataateni tumaicasBF,in fe« 
aoiECoaccntriei, tam cylindrice onmcsfijpetficics ex Bf , 
concentticat iacyliodto , ptopoctioaalcs , qoippe io eaden 
rationediftaDCianim a ceatto A, vel axeAL; etgoexLenv 
mate 29^ ToiriceHii dedimeaiioae par^Kdc , omacs atcos 
coneentrici in fcaote ad oomcs coocencf tcos in ^at io Spiiali 
etancatfiiiitomnesfopecficicscyEodticziocyiindco adom» 
nescylindticasfupetficiesiaconoide» aade &divideado, St 

pto- 
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Imtporrtonales pacces €OiDparaado » habcbicuc veritas Theo- 
f ematis propoliti . 

13 QiiaQdoqiii4eaiob<.aoalicatemarc«s GG cam aze fi- 
sorc L A , duoa fubtttir« L C , erit triaogulum L A C «aua^ 
w fedori C G A , atgue adeo erit «d Spirale fpattum in eadem 
ntione , in qua cyUndrus conoidi circumfcriptus ad ipfam 
conoidem , hinc ngora qu«iibet evolota ad convotutam ra- 
Cionem habebit compofitam ex rfttione fui ad tri9gQ}um cqo^ 
^tomiticidemban» & ex ratiene cireomicripti cyhndri ad 
coooidem ojc ejusf eiroltici^ne circa axeta gentt«m . C^m Spi- 
ralis Arcbimedea , ob «quabilitatem motuum » quibus com- 
ponitur, habeat radios ptoporcionales prdinatis in triangulo 
t>unpara^lehs, indeque /)at convolucione trianguli axemha- 
bentis parem «rcui fedo|ri»circttmfcripti, fit inde, fpati om fpi- 
CiJe tcicocem eife ciTcumfcripti feSleri^» quemadmodum co* 
nus ex triangulo trieos ed circumibripM cylindri } & chm fe- 
conda ^ir^is qQadtatica fiaccoovolutione parabolx , cujus 
adinfcriptQmtrianguhim liitio cft fefqaitertia, cylindri verb 
tircomfttribeiittBCOQOideni ibtpfa genicam ratio cft du^la, 
ide(>fttirale fpatiom cpiadoicicaai efit,(emi(Iis ciroumrcripci 
fedoris, habebitverbparabola, eacqaagigaitur,ad fe iplam 
in tale Ipatiom conVolntam,racionem Compo(itam ex iefqui- 
certia, «dupb, idedqaamd ad 3. ^(tcdeihcepsapplicacio- 
nem profeqitere mi Leaor . 

. 14 £go ad Spiralem Geometcicam revercor , in qoa , otpo- 
Ce ex convolucione LogiAic«genita , jam fciesTrilinea,initio 
num. 12. recenfita,eamincerreracionemh'abitura,quamannu- 
h et corcerpondcnribas Logt(Hc« {yotttonibus triiinearibus 
oircaaxemrevolutis, (ivefftct»^;, iivecumtubis cylindricis 
illos circumfcribencibu^ comparatic , obi geometrio« Spitalis 
trihnea cum zonis circularibus iita tncludentibusconferantur; 
quomodo autem itli annuli ex Logidic^ portionibuS geniti 
notam habent qoantitatem , nonnHi petf^ecla folidoram, qus 
ex Logiitka (itca axem revoKita producQiitiir , menfura , 
oftehdi poced ; de qua ce, in nono Tbeorefnate cum Hu- 

§enio, agendumerit , idebqae ex dicendis m^. 9. nim. 10. 
efedlus fopplendus cft. 

L a CA- 



* r% 



b'4 Guldoms QramS' ^^ 

G A P U T VIII. 

Scptmum Tbeerema prufem $penfum , ut uova demom' 

^raticm fulciatttr , ofienditur , fpatio )t qualihet cur^ 

va contento quo adtotum , & quo ad partes aquafd. 

. fpatium ex fuhtangentihus. ad. ctirv£ pufijSfs appHca' 

tis , vei ad refpeSiva pun0a bajis : item duSaper 

quodvispunSum tangentihus paraileh,occurrente or^ 

dinatis , punffa interfeSionum ejfe in curva , q;u£ cuin 

priori comprebendet fpatium primafigura dupium; 

adeoque cum ejus^hafi [nifibancnovacmrvafecet ^ae 

congruo toco punSum acceptttm fit ] fpatium prhno 

aquaie. EademoperaduaejMfmodicurvadefcribun* 

tur, Eadem do&rina couvtrfim accepta fuventioni 

tangentiumdefervire poterit . Dimentio figuta per 

normam , & p^erpendicuium defcripta ; Spatii Qr- 

\ cloidis , ohiter ejus tangente determinatd ,. dimenfio ^ 

variorumquefegmentorumproportio . Segmenta ejuf'. 

' dem quadrahiiia . Cifioidaiis fpatii , ejufquefegmen^ 

\ tormn men/ura . Spatiuma Tra^oria ,, & ejus axe 

. interceptum aquafe qjtadranti radio fua tangentis </r* 

fcripto . hfinitarum parahoiarum , hyperboiarum' 

qmqueinfiaitarumfpfcierumyfpiraiium item cujuf' 

visgeneris , etiam Geometrica dimenfio expeditur, 

Septim Theorematis Hugeniatti demmfratia ex bad 

, do3riaajeruitur . Q^favum quoqueTbeorema pridemt 

■ openfum binc novam demonfirationem affumit . 



Ad 
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jfV nips his Teibic oropooit 
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««^, l,<0icam. i- 4ymfM>i. tutfortt b* adhvktm 
aceedmif., dupium efi tfidnguii^mprebtnfior^mif, tangente ad 

idemord'~-' **" ^ ''^ *' * — * ~^ '^" 

iium it^ 

Qaod qaidem ex'di&iieap^ 4. 

dangalam enim fabtangeotis , feo parametri FO in < 

tam fiF^ qaod locooicato oftenfiimeft fpatio infinito poft 



( K 




> • / 



—^ ' ... - 

BF exponefio sooare r atique dopfum eft triangoii B^O 
e^afiie&bafis* &altitadiats; fed aUim nibilominus demoa4 
ftrationem adjiciemos adpleniorem (aieiitiaro» & methodi va* 
rietatem , aliis dctegeadisTeritatibiB>in(lbrvientem> otiex his> 
<|ae fpeciminum< loco fub^ai^ma» , pradens Ledor agno^ 
icet; Vix eertd figaraolla note hafieniis defcriptionis eft y 
cnjus dimeoiio ex fonte jaoi Bpcneado .noix eleganciffimd 
proraanet: imb & iofinitoruarf^^idofammenlara hinc eliJ 
ci poted:» at patebit eapite fe^enti nui 7; & diftantia. centff 
gravitatis Tati»:am figurarum , ut eop. 1 1. m d^ conflabit . ' 

2 Sit 



' 1 Si(cai^4ae*isADCcira<xemBN.iee<qliitiarvig 
eucTcpndil A,«4iiittBMii|caabi» AB, ab/quaeuat 




axeeonveniintinpanSis B, b, necnonordinitis AN, an, 
compleantar parallelogramnia ANBG, anbgcirca ipfas 
tangentes, velutdiamecrosconfilientiai licquc lemper nac, 
ut pec omnium pacallelograminorum angulos exierioces, idell 
perpuntiia G, g, tanreaccurvaGgicomprehcndethxc cuni 
priori curva A a C , & latere extimi paraQelogrammi A G, f^a- 
tiumCaAGg xquale figuRe prids po|txCaAN; rumpta 
enim quant&mribet parva tangeniit parnicula A D , a d , ac pec 
O, d duais axi, & bali parallelis MDtl,EDF,mdh,edf 
etunc ce^anguU GD,DN,gd,dn^ ucpoci complementa 
parallelogcammorom cicca diametcum , invicem aequalia (po- 
ces&utcinqueaddece AD.ad, uccompacescqualiapacalle- 
logramma AH, N F, ant ah; nfi potes infup<rditet>uin 
parallelogcaramum AH, ah ln4a*tera<iguracommatarein 
obliqaias intra eafdem paralleias eidem nihilominus tangenci 
impofitam, fpatio autem C A G g meliiis adjacenii ad eviden- 
ciorem ciccumfcciptionera ): & hoc fempec in quohbecponcto 
eveniec, ecgoci^miouiraqueipatiahaicrndennicc pafvx la- 
(jtudiois pacalklogcunma ppfiiac ab iisdeficere, (i infcripca 
fuiBancuc, aureadera 4Nlcaexcedece,ficircumfcfipucompa- 
centur, minori defeSa, aut excelTu quaiibet dato ; conllac 
ipfiuoet fpatia Ca AGg, CaAN integri, &particula[im, 

idell, 



iM nmtttC»» t nm «onim condpondeiitet paccwianrkeil 
tSpafaiidQipfoclas cqoalia efie . Im6 inde inferce potcs^obd» 
tikm tocom pvtUelofcammtim N Q tciaiigalt N B A iic du- 
piiim»&aompiexiimalQa!aqiia%ira gGAaC, lcCa AN 
4oplom (olios CaA N» ttlkpiafigamBGgC ibplacffittcl- 
lioei C AB» cucva C A , tangeote AB , & axis poccione» 
qoam taogeos ioteccipif»compcebenfi ;, id qpod eyp^**»*^ mol- 
tacom figocacam dimeofioni condocecc poteft » 

) Hincfiirtqaalibetfigoca CAN>4D£iis diilibet axi pa- 
faUelis, primi^ai A G «qaali fabcangenti N B cxttmi^ponjfti A» 





tom aro> aro , ceie^is oltca ocdihatam AN ipHs ro, ro 
rerpe£Hv^sequantibus!on|^udinemfubtan^ntts nb, nb ad 
fuumpundum a i>ertinencibus.y qttpaTqoe compteatur ^gura 
ooQ AN; veletiam (quod iotdemrecidit) ii pcr N pan- 
6!am cegula quacdam N G coavecti concipiatur , fecaos axi 
^ontpiMrallcIas ac» ar produdas inpanais qo, itauc eadS 
regola NG, (Tve No feroperparalicfa(puOactaq^ti AB, 
ant a b » imcque BAGN,baoN pacallelo^Tamma ( quo- 
modo curnis ro aeqoaliserit Celpe^ivsc 'nb ,. aa£pccndo fci- 
licetexcqoalibus ao , bN , «quales ar , oN) Exoccaqoc 

io. 



iaqMmhMdefcBptioae-coUigitaivfiguam ooG ANfe^i'^ 
lemfore pri& datx 6mae C A N , ^ueinadmodaiii & pactes 
cotre^ondentesiAuo, neAN lempeccqatlesefle', qnid' 
«aiBaocaliDded, qaimipbslineu AG, ag, Mtm.frmdi 
coofidaracaSidicedideptimcieiB AG , co', «t ^am bob ad 





carvam,fedadrefpeflivabafis AN panfta tetnnnentar.^Spa- 
tiumigitor QaAGg , fervata nngularum faarum lii^earum 
eqaalitate,protruram in NooGA, erit, uc priijs , lequale 
ipHCAN, ninmalis dcliicfuaiereinfiniiepacvamtangentis 
l>octionem,ferecamcurva Aa coincidcntem , & eic propoc- 
t jooal)tate B N , feu G A ad r a , cam N A ad A c, infcrre . 
)MaaIitacemre£langulorum GAr, & ANn, ac iiiniliterin 
risfiqiiis, iit " 

',4 Vel eti parva tangentis , aut curvci 

portione A adiis AN, aN,aN,onen-, 

detur fempe I A a duplum trianguli N A a, 

utpoti eide afdem barallelas A a , N G 

(aaVaa.N ce tota figuta CaA.GooN, 

totias C A videndo fpatiuip. o o (jj A N . 

ijiliC A'N ; i qaO| & in liis billneis curva^^ 

. " ■ • • &'re- 
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&redaoomprehen(is, velot aa A, aoc NaA, acceptopuii* 
do N, iiveineztremobans, fivealibi, aat etiam intra figa- 
ram , & per N tranfeonte re^a N o , qoae tangeotibos a d 





perpetnb parallelaexiftens,recetipfas ar,adba(im NA ordi- 
natas>in pun^is o» erit NooAaN dupla trilinei ^ feo bili- 
nei ( prout integra fumitur , autejns pars ramis Na interce- 
pta) Na A » propter parallelogrammum daoh ubique du- 
plum triangoli d a N ; unde mitiim quot figure dimenfionem 
accipiant . 

5 InibeademoperapoiFentduaefigurceidem datxaequales 
conftitoi , ii nempe regula mobilis per {lundum N utnnque 
extendator^ otoccurratambiscoordinatis ex eodem ponao, 

M fci- 
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feilicet ncmtantam }p5 9t axtparalleJ$e»red&aii pwaUels 
•ba(i in pundis o o ; habebitat enim eadeni ratione^ %ura 
C N O o > tum priori C A N, toQi eidem coilateiraii G O N A 





integre, & particulatiro (ideft qubadtotum, & qu6ad par- 
tes proportionales ) prorfus aequalis ; ficut viceverfa, ubi figu- 
ra CNO, ycletiam GON A alteri adjacenti CAN inte- 
gre, & parriculatim modo prafcripto jcqualis fuerit , du£la 
ab ramo NO parallelatangetcurvam Aac in a; (lenimita 
non(It,aliaigitur,quam NO,paralIelacrittangcnti ab, un- 
dc alia figura, quam CNOo, fiet particuJatim , & integre 
«qualisipir A aC N, adebque & ipfi prim« CN O, vel G O 

• N A i qaod infcrret aqualitatem totius cum parte i multarum 
•igiturcurvarttratangentes hac methodo determinabis ;, cave 

• taraen parcium ordinem hadlenus indicatum adamuffim ob- 
fcrves, in lubrico enim, fi quidquam immutaveris, te fore 
praevideo. Plaget autem compendii caufa figuras ha£lenus 

' defcriptas invicem Correlatas appellare , 

6 Quoniamveriitangentiumaliasmethodos dedimus, in 

• ncgotio domtaxat dimenfionis- figurarum paullb diutiiis ira- 

mo* 
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morabiinns , cujus ex iuc mcthodo fpecimina beni multa ob- 
viifunt. Pcoponatui primo figuca Noo , ctqas olim haac 
geaefuDexcogitavecam adcireali quadcatocam promovenda. 
N.otma cx regulis C N , N A ad angulum reflum C N A. 
compolitis in plano vecticali cicca pundlamN itaconvecta- 
tar , ut bcachiuni N C dctecminatie longitadinis exillens , 



extcemo fno C pecipheciani quadcamis circulacis CaaA 
defccibat, bcachiumvccbindcfiniieextenliimN A infcaoci- 
zontem versijsS inclinttcuc, fececi.rgue in' o a lilo ao,pon- 
dere T perpendicularicec defcendonce excenfo, atqaeexcce- 
rao regnlz N C , live N a .inigato ; itaqnc angulus a N o 
fempcr re^as ecit ; fed&du6Vacirculi tangente ab ce£lus elt 
N ab ; eqnidiltat igitar N o tangenci a b ; ellquc Noo li- 
gac8qnadclantiCoitelan;&ideufpaiinmcncvaNoo, cadio 
N ;A ,> 6e afymptoto. A^ .inter je^lum aqualeecit circnlaci qua- 
drandGAN, e>u6]uepattes N or/femifcgaiencisaicuCa, 
ejufque finucccVo, & vctlocom^nvhealis zqualcs ecunt , ic 
zonEe occ'o'zonifcaccti aa , ordiaacifque ao axen\ NC in- 
terjcdisxqQabDhtuc, Scintcrminaca fpatii oocAS , fpatiis 
,M 2 at- 
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arcu Aa, radio AN, & lioa arens aC determinatis ; prx- 
terei fe£lorefconvexi NCa,caTisfedotibus Nao xquales 
eront, Sc portiones, carva No, ejufqae fubtenla No com- 
prehcafo^triiineisatcu ac , ejafque tangeote , & interccpa 



axis portione definitis squabuntar , &arcns Ca ad ejos 6- 
num, flre ad Nr.eritperpetub, ut fpatium NoaC ad re- 
flangolum CNr, aiu A N r , &c. Tangentem pofcis ad 
quodlibet punSom o ? divide bifariam No; expunftodi- 
Tilioois ad ponAam a junge teflani , qox fecabit N r in ali- 
quo puncro ; hinc ^unAa ad o tanget . Unde habetur , un- 
gentem ab quadrancis NC A, proda^am ufque ad radium 
N A, fimol cam linu ar , feu linea or ordinata Conelats 
Noo, & ramo No, actangeoce, quam fopra determinari- 
masadpan£lumCorrelatzo,ipfamradiom N A , nfque ad 
occorfum tangentis ba protenfom, fecare in barmonica pro- 
portione'; leuabfciiram Nt adfnbtangentem,qaKcorrefpd- 
det punclo o, & ordinarx or , efle , at oa cum a r ad ip- 
fam ar. Eamdemlineamabaliispoftmodum defcripcam in- 
Tenipolita N oitqualiabfcil&eASkliaetelatioiieadcirculii. 

7 Spa- 
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7 Splttii Cyicloidalis dimcnfio hinc etiam proHait ; efto 
enioi. Cydois AaO, cam circamfcripto paralleiogrammo 




« 

DN, ac perpondufn N perpetn^^ feratnr re£):a NO,paraI* 
lela exiftens tangentibos Cycloidis a b » & occurrens ordi- 
natis trilinei Cycloidaiis ^ nerape ip(is an prodnflis in O. 
Conilat figQrani Corretatam , inde provenientem, N o o foie 
ipfummet femicirculum genkorem Cycloidis, qufppe cujiis 
cnordis No paralieie iint didas tangentesCycloidts,utdu« 
dum Cieometris mnotuit» ac Torriceliius indicavitypoteftq;^ 
ex generali noftra de tangentibus ex mocuum compoiitione 
determinandis do£lrina eap. s- tradita fic paucis deduci . Gi« 
gnitor Cyclois ex duplici motUi utroquc sequab^li » & sque ve* 




«iiM«*«»^ 



^i .Hjly 



^* 



loci,alteroperb2i{itiii OD, eujos dire£lio in pun£io a eft ad^ 
alteco pet arcum femicircal i , cuios dire£lio eit tangens d B i 

hac 
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haQ igitar pofita cqoaliliitec da, f«u ipli atcai d A , jSanfla 
Ba erictaogensy mpotediainstec&hojiibiiiceriukiipqiiaiiinii 



Htl — > i»>. 




ady dB, adeoque in qua ed direclio iliotus ex duobus lEque 
velocibus per lacera ad^ dB compo(icii verumquia caman^ 
gulus Cd A llmul cum AdB , quam angulus CAd » llmul 
cum. A d t reclum conftituooc , eiflque C d A ari}tialis C A d , 
etiam B d A ipii A d r «qoabituT<f dufius eil i^i\x B d r jpfias 
A d B i fed & duplos bniusex asquaJibusincertus d B a ; itaque 
anguli dBa, B d A Aim s^utlcs , ied & 9\wtM \ i^quidiftac 
igttQr tan^ens aB chord^ circuli gemcoris A d . Qooniam 
igicarpr^icripta^gora Noo eft IjBaucirGukisgeAkor 



. * 




ex ea , quam nunc illudramus, do£lrina , sequalis ell integrc, Sc 
(^arctcolatim trilineo Oa A NVbociAibiato crxpaTaDeJcgrain* 
ano N ADOy quodejufdemfcmicirculi.ex Archimcdcisdo^ 

clfi- 
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Arinis^fi ve oti & no$ in Vivianeis oftendimos ad Pr. 3 ^.C^r. u 
eft quadroplam ^ r eitdoaiB fpatiuin femicycloidis O a A D tri- 
plumeritiemicirculigenitofis. Sed &p«rtium cavae eycfoi* 
dis^duabustangeBtiou^; &carva comprehenfarufB dimenHo 
innotefceci put^.fpatiijim Aba femper srquale erk portioni 
eirculariy arcu A d, ejqfque chorda comprehen(i , eo qu6d fpa- 
tium A d f fpatio, viiefy* i. A a i ^ & triangulam. A d r trian- 
gulo i b a Ut squale . 

8 Sed & fpatia trilinearia , reiiaifig.^. a d A a^ arcu circuli 
d A9 curva Aa, &6rdinaca da compreheofa, dopla femper 
eireconvincenturfegmentoromcycloidts^curva Aa, & lub- 
tenfa Aa comprehenforum; iiqoidem totaparallelogramiia 
d A b a dupla func integrorum triangulorum a A b ; fcd feg;« 
mentacavacycloidis a Abynmulcumfegmentiscirculartbus 
Ad duplum efficiunt folius cavi cycloidalis fegmemi a Ab; 
igiturreiiquatrilinea ad A dopla eront rendaorum fegmen- 
torumconvexorumcycloidis AatUnde&zonse a d da diipias 
erunt fe6lorum cycloidalium a A a, duabus fubten(is^& corva 
aa comprehenforum. Hinc (1 ordinata ad efTec adfemidem 
alcitudinis cycloidis , (ive per cencram C circuli ^cnicoris 
tranfiret^Quoniam tunctrilineum A da quadrabile ^rec, uc- 
poce aequaieungula?, feufrgore0nuumquadrancis, ad cujus 
arcum applicarecur , ideHid^qualequadracoradii Cd ; tunc 
inquamfegmentumconvexuni cycloidis a A quadrabilc pa- 
riterforet (Leibnitioetiamiddcmon(lranteJ nemp;^deqaale 
femi(Iiquadrattradii;qu5d{iordmaca adr iic adqaarcanial- 
titudinisparcem, icauc Ar (icaequalisfemifli radii AC, quia 
fedorcircularis d ACdupIusericcriangali ad \ (quippein 
sequalibus bafibus d A ». d a ad alcicudmem C A duplam ipdus 
.Ac) &crilineum cycloidale d Aa^ exnuperdiffis, duplum 
efl iegmcnci con\rexi cycloidis A a , eric coca figura a A C d a 
duplafegmenci a Ad, chorda Ad , cuc\ra Aa , & ordinatas 
porcione ad concenci; igicur dividendo,criangulum «quila- 
terum d Ac squale erit huic ipil fegmenco ;. quod proinde 
quadrabile eric ; unde&quadrabile, quodaddicionecriangali 
d Ar conficicur, femifegmentum a A r » ejafqae dapiom in 
integra cycloide » aequale nimirunvs&quilacero triangulo, quod 



ge- 
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genitori drculb infcribitur, ud Hugenio jam pridem iniiotQit; 
fed & cycloidalia fegmenta , ^uorum fubtente pun6ta con j uq- 
gunt, alterum 4 tangente verticis, alterum ab ordinata per cea- 
trum circuli , xqu^ diftantia facilem quadraturam admittunt , 
ivft ad eafdem, nve ad diverfas partes punda jungantur , & zo- 
nse binis ejufmodi fubtenfis interjedae pariter quadrabiles in- 
veniuntur,&fegmenta,tamcycloidis, tum lemicirculi ge- 
nitoris , abfcida chordis , quarum extrema 4 verticis tangente» 
& ^ bafi equd diffita iint ad eafdem partes , a?qualia oftendun- 
tur » ubi verb ad partes contrarias , «qualia femicirculo , fimul 
cum re£langulo diametri in (inum arcus refpondentis » &c* in 
quibus immorari non vacat » quippe ad alia pergendum • 

9 Quod etiam demondravit olim Hagenius , fpacium Cif- 
foide Dioclea ultra quadrantem continuata , ejufque afympto- 
to , & circuli genitoris diametro interceptum, triplum efTe fe < 
micirculi genitoris , faciilimeexnoftra hac mechodo deduci- 
tur> illud, eiufq^Hngulas partes, cum cycIoide,& ejus portioni- 
bus comparando . Sitenim femicyciois ACN, cujus femi- 



i 




n n 



circulusgenitor AdN, ex quo etiani genita intelligatur Cif- 
foisNoo. Jun£la fubtenfa qualibet N o , atqueorainatis^uc 
in figura , patet jundam N d elTe ip(i N o perpendicularem, 
propter dr, rN » ro continud proportionales ; xquidiftac 
igitur ipfa N o chordse A d ^ atque adeb & tangenti cycloi- 
dis ab; quod Cum femper eveniat, fequitur totum fpanum 

in- 
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i(i^nit& loogum oNAO toti» feroicycloidi , & ejns (logalas 
partes N o r ipfis portionibus Can,&ocroip(inaan per- 
petub adaequari ; jun3o autem ciiToidi femicitcttlo A d N, to- 
tum fpatium o o N d d A O femicirculi efle aciadruplum , & 
partes o N d quadruplas fegmenti N d, arcu icilicet, ac chor- 
da his litteris dengnata comj^rehenn , aut fef^ores diametro 
AN, curvae portione No, jundifqi exA ad o chordisAo 
interje^os , eorumdem fegmentorum circularium N d efle 
triplos, &c. ' 

Si curva A a c fuerit Tradoria , qualem eap. $. fub finem 
0»«!r.2.defcripnmus,cujusnimirumtangens ab eiufdemubi- 
qoe eil longitudinis , utique ei Cortelata iigura o p G erit 




circttli quadrans, centro N , radia N A , ^uippe N O tangen" 
ti parallela , erit ubique «qualis , unde infinitum ^atium ^ 
Tra£toria, ejufqueAfym^toto conclufum^ quadranti circu- 
Jari,radio tangentis defcriptosqualedemonurabiturt^^&pac- 
fes proportionales fegmentis congruis refpondebunt . 
. 10 Quid de parabolarum infinitis fpeciebus addam ? 
Sane, refumpta nguta numeri 2. bujusCapi$is,coti&at,(gi* 

N tium 
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t ium A a C g 6 eii^l dopticatdm ttiWiiii parabdnctfmf A C 4,- 
pofico qof^d ipfa GAN (iil parakrlaquadtWcitia, \ti cjua rub'> 
tatfgent6s NB, (ive iii s^ales A G, duplis^ font al>fcifraroni 
NC, fdQ A i itaque parabolii A C N , litpidt^ xqualis fyt" 




tio AaCgG» eritdoplatriiiaei A C 4> > fuinimirum com-> 
piemenci ad parailelogrammum circamfcriptum , adebque 
squalis erit t ejufdem circamfctipti parallelogrammi^ ubi 

autem fubtangens NB abfciflk: NC triplt fuerit ( uti dcci- 
dic inparabolacubica, fea in curta » ctijos <!HriliDatarum N A, 
na cuoi fuerint» utpartesaxis NC> nC 4 yertice abrciflTx ) 
crit, eadem ratione, ngura A a C G , adebque & ipfa parabola 
C A N, tripla trilinei C A « , & confeqoeater squalis t cir- 

cupfcriptiparallelogrammi;. ac genM^Iiter habebit cujufvis 
fpeciei parabolaadtcilineum» fea cofriplementumparallelo- 
grammi ipfum circumfcribentis^eamdem femper rationem, 
quam exponeospoteftatisfoarum ordinatarum ad exponen- 
tempoteitatumaxis^ ideftinqoadrattea , ut i ^d i. iri edbU 
ca» at j ad i. iaquadratoqaadr^tica» tft 4 ad r. &c. In ea» 
inquacnblordinataramfoerint» ot qtladrat^ iibfcilfiiram , lit 
^ ad 2. & in qaa qoadratoqdadf ita 6iatilatarum fint» otcubi 
partiumaxis,, ot 4 ad ) ,&e. quipipdiiifisicit^f^rationei^aat 
ieitLper fubtS^ntes icfilftaattj^ GgxnirA A C G, pzvih<i\k ttqaa- 
IeiB,ad abfciifaS con^nt<;$ df^tfm t^tli/team , otl dadam Geo- 

mc- 



Theorm, Higen, €ap..FllL ^ 

.iyetri$ iooQtmt , poteftgn* jdcd^ci c;c ganerfili taugentiflm 
iqonftrudione eap. 5* prs^igrtiim «019.4. & iegiientibus adpa- 
.^aljQlai fipplicata . 

j I Ep^ip ^^zokJXif^ M^f\nms jh^neiJbQlas ad m^nfuram 

.>fp<;al^i5: Acjywo4p^^<W/^PpJlpW?naKyperbola, cjufque 

-afymptpitp cpnd^ffl^ infbij^flji ,efle , iic patebit : eftptaiis 

hyperbola A a C , cujus afymptoti « D , D B i manifeftum 

eu, fubtangentes B N cquales eife diftantiis h centro N D -, 




.uq^c rffi^la , juxta prjeTcriptuaVfl^iE»- 2. i(igqra g G A &C , ecic 

petrpG^qib tG A ia?9uj4>{s A ^ ,, g a leqiialis a f ,' && & fpatiuni 

.gp A aC j^qjiale fj^9f> p fi A # D .b y fed 6c idem «quale 

JQa^A V.b ; ^V^Maigit^r C a A,» p;b , .& CaANb func 

.joeqpjiiia i i^4,primuffi c}(q^flic X^^undum pai^Uelogrammo 

N A ^ Di ergpop9rt)etutr{i^ueAn£ni.t^.efte;exHnJtisenim, 

.^(lod^ll^ru^fupe^t Q|i^tip^n4to,J(ian eftil|i^q^ale,-fed tan- 

ipm ifi JA^nitis jiQ9 locuqi h^ibet ;^^6Q.ei,^\^%^ 4 ^ ^ fuppo- 

.9a«|r^e hypcApl^ fccun^i jl^adHS , liq, q^? >]fleUcct prdina- 

.l^rAH» A,« , kf aw4rat^,r^cibtgkCkeJtw wt|cr Ce , ut partes 

.'Jffyp»ptpti XD,ppi p\f^i^im\iT)i,<^px41^^c^.pratede»^^ 

. ftuip.^> .djftfmtias 4 ceptro PN,.,aup^sf9re iuocangentium 

^B; |taquecumfe;m()9r ^nbpc^fu ^ A Hc^upla AG , f^ 

' ' ' 'N 2 du- ■ 



ibo Guidmis Gran^t ' ' 

daplaagitotaiigara bO * AaC dupIaeritipfius^GAaQ 
adeoqoe dupla fpatii huic squalis C a A N b ; & divideodo» 
ipatium infiaituiii . C a A N b fleqoale parailelogramina hyper- 
bole iofdripto N A 9 D . In byperbola tertii , aat quara gra- 
dos, propter diftaotias 4 centro triplas , & qusMdruplas fuban- 
eentium . coliisetor. foatium Ca ANb clic fcnuffcm:, ant 




tncotem , &c. parallelogrammi D A ; Se generaliter efTe il- 
lud fpatiom ad hoc parallelogrammorom , ut cxponens di- 
^fitiarum k centto^ D ad exponentem ordinatarom #^A 
dimiotttam expooeote.earomdem diflaotiarom i feofiexpo- 
oeos difl:a,ntiarom fit^ , ordioatarom x , ut j^ ad x-y , lo- 
l^cet ioprimahyperbola, ot t ad o. io fecuoda., ut i ad i. 
iotertia, ot i ad2. &c. inea, in qoa diftantiarom qoadrata 
eiTent, ot oubi ordinatarum , ot i ad i. &c. 

is Spiralesver6,aatqa«haramitkftargeQerario>ncipiun- 
toriigane, oomooid abhajos methodt , & dodtioc legibos 
excludeotur? imo&ipf«illiasioi)uxam in fe derivare poce- 
ruot , fed fus oatune cootemperatom ; fieora enimex fubtaa- 
geotibus adrefpe£(iva ponda radii appncatts, non qoideiil 
«qualis, fed dupla fempererit Spiralis figore (tbi- correfooiH 
^entis, eb qu6d harum fignrarum elemcnta iton &it parallelB» 



Tbnrm.Bttgen. Cap.ViU. ^ioi 

& patillclo^mink analoga , Ted convergentia , & tmngalit 
paraUelagramniorii»rubtlupl)srerpondentia. Exempli gca- 
tiaioSpirali ArchinKdea adqaeinvis radiom AC , vel aC 
(ioEtz exceniro perpendiculari CB.autCb zquali periphe^ 
m radii C A , aut re^^edivi arcni a I , qualeni radius alTum- 
ptopondoA, vd a ia foi coavcifioac cikulqae definipfic} 



patetex Atehimcde, iin& tccxdifHs c^. s.ntm. 9. jundan 
B A, feu ba tangentem cffe (debcsautem miLcAot conci- 
perc, Dtot Schemma daficcecit, lidcam bd dice^ tendere 
jn a, ibidemqueSpiralemtangete, &lincara AD concurrc- 
le cum C B in B , undc duita qocdam radio parallda occnr- 
tiit parallelis fubtangentit CB dufiisabextivmo radilA-, & 
iquovi5tangcmispun£ioD, ipfis fcilicct AF,DM,inpua- 
fiis G, H, QtiiDmiottfculislittetisipfa gb occnrrit homo- 
oymis, & bomologis lineis in g ■ H , acque dem6m per D, 
fen diNnSinm radio pacallelam aaam.cfle , at) vidcc , V OE, 
f d e ) punSo igitnr D, feu d aflumpto , quod oOtttaSni sui n 
proximum fit , coni(rfctifque parallclogrammis D6 , DC, 
fea d g, d c lequlibus, mpoti coaiplcmemis pataUelogcam- 
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Mtisgcvini^SpJcale rpfttjam oaiiyiim fDJ^Onp^i .p(Mr«)(c^g<«<¥t' 

te Cl inquaii ipii C»»^(ifi »h}fVffi • ^R^iifaiUB iCtPfKipIei^Mr 
l^ra CfLK A , qw&.iti|K)«^^aaruiflrktiHli(i^(P pacaMiPiu^» 
06.911^ r«lK8ng0iKeSi(q|(ein94^p4))mf^ ^ricusj qyibusjeQfil- 
t«r« «i^iiidicaEfciiacMpriiip raup^p ^qpe^tW* .^ jspeqifQ^ 
ipihmaaf' S*u*m* 9- ) .C«iMupl^(n«jpk: i ($kc^«^.e«> q^ j^sUc 
ifiriliocMna C K A, dpp|(i9i Cpiralis! fQatii^pnfteCiO^K^i^nlif^ 
pacab<^^e:duQstri(nite8criai^aiifub:Ea4io C4 -iK altKu- 
oiae, & A.K at bAli, ideft fluostriciQtes^ir^uliei^io^C ^ , 

auc 
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Theorm.Mtigen. eafVni. foj 

jpfamSpitilltfpsttittmahiiaMitibeiita/llibMfa.ffktiitfpt'' 
th tiimimtife cifeukitiMi ftOiMriim tHtwit '<9iraiHii&ri6eit-' 
tiUm. SimiKter:lHanMt({^icMiiM (pimH fpil6t p(ltCt>H6' 

E~ ' 4ititiittiliatxpiiil^h6MjU. 5.'iltVt. iiriliait» metitl 
ris, &xaibfefi(Orib<tttSl«iiWfc(i^;«MBpiic<te v M » 
. ilem Gcometticam , fea Logatitlimicam A a a inrenies 




compKh«fldere,p«ift iit£iilt<s Sbi fii;i«riini»fit0» ciiteinotii^ 
eiHn ndio G A fpatiam ftiMat»liiHi citotnnfctipti Mitsguli 
ABCi iSgnaMiAi CLKA i» fsbrai^ntibas «d Mngcva 
radiiMinaiapptieacis hio iattianfidBmd^mtfM, i)iiia oi> 
«{«len Cmnwr M«linationia «igulum C A B , C a b, Mi<»- 
galaieaamtilaCABtGabliiniliaeviduM , & fulNtitgea. 
tes CB, Cb, feuhis zquales AK , IL intadtitt tMiafaAt 
ACi Ca. ralCI tatioite» UttdehabeSceafirnttltioHeifteo- 
Tam,qac eiif.fttHtd.miM.iB.^ti. cirta bu>»«fpM>i>«Mn- 
{nrationeift ittDliMsS 1 

13 Hano igitoc tct exMpli^ iliuArtAtdsilriMiH atfwok 
poCtiimapplicaMestfepiimBmHugeniiTilecMiwialiddciiion)- 

ftta- 
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104 . ^ . -Gmdoftis Orandi . / 

Aeabimafi. ^bcaoBeiites: Logiftic£ Aa.aC ifiot N9b > ab»'. 
n.ib» qaeadrefpcdlivapaiiiEtt A,r,r applicatae AN referan. 
tur in AG , ro , ro j e(l igitar.figara N. AGoO s^dalis 
fpatiapoft ordinatam AN, afymptoto^&catvaBintcrje^Q, 
\mtta. hano dodriaam;. verikm&idemfpatiaiQ.N^G con- 
eife re^hiiigalum fabtaogeatis N B in^ordinfitaai 



• . » » «^ 
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N A, eb^abd exdiftis cap. $. fubtangentis longitado NB, 
n b , five jam A G , r o, fit (^mper eadetn ; ita^ue fpatiain 
infinitam , qaod poft quamvis Logiftics ordinatam exporri- 
gitur, «quale ed re^angulo fub eadem ordinata , ^ fobtangen- 
te, atcjue ade6 eil duplum trianguli ejufdem baiis > & alti- 
tudinis, quod ordinata, tangente » & fubtangpote compre* 
henditur, uci Clariflimus Audor in hoc Theotemate nobis 
demondrandum propofuit . 

14 Sed & fequens Theorema o^avum , viddicet , qa6d 
fpatium duabtts ordinatis ittterjedum ^quale eji redanguhfitb» 
tangentis in dijferentiam earumdem ordiaatarumtUt} inj(rfue».ti 
^gurafpatium t>4D FB aquatur re&anguh fubtangentts FO 
iu J^A , quod quidem cap. 4. num. 4. fatis oftenfum eft , 

at- 



Tbeorem. Hugen. Cap; VIIL to$ 

atque tx iis , qas aliite diximas, facil^ oftendi po(eft> ex 
hac ipfa do^rioa itenim ex abondanti doqaonftrad poceft, 
qaippe in Hgora paragraphi antecedentis, nedom tocom fpa* 
tiom iofinitom C A N B toti re£langolo N A G O pro- 
batfir sqoale , ied & e>as pars qQsenbec N A a a parti 
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eo^I^dndenti AroG^ <kx fabtih^Mibos k:orvae Aa ad 
ipfam A r ap^Hcatis genit«e , qoe eft, reiHangiiltim fobcan* 
, gentis in difFerentiani otdinatarom ^ uec.^u- 

vat amplius hic imn^ocari . 
* "' • Ad folida trah-*. «' 

■^CSflBHS* 
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C APUT IX 

■ » • '• ■ . f 

ma ex infittitisLogifiicttfpatus ejfe opendttntur , nt 
quadrata radiorum hafis » & portiones , ut diferentia 
guadratorum }t radiistxtremis . Aiia Logifiica in du" 
piicataordinat^tt0tprio»'is rationt fpatium compre- 
hendit prioris jfithdup/um , item Juhtangentem fuhdu» 
plam hahet : generaliter quacumque fuerit Logifiica^ 
ejus fpatium f ^ fu h ta ngens tam fuhmultiplex erit 
prioris » quhm fuhmultipHcata orljlinatarum ratio . 
Idem nonum Theorema/eeundodeminffratur . In Cor^ 
relatisfigurisfolidum ah exterhri duplum femper eft 
folidi^ quod ahinteriori circaaicet^ revoluta defcri* 
bitur^ & partes partium refponjjfitium, Hinc ter» 
tia ejufdemTbeorematisdemonfirhtio. Dimenfiofo^ 
iidi exfigura quadranti correlata , ejufve partihus 
: , tumcomavisytim convexis , itemfolid^umfxtri' 
iinio cycloidis , ipfave Jemicycloide circa tai^etftem 
veriicis revofuta, ejufque partiam . SoHdorum quO' 
que exfpatioCiJfgiaif concavo^aut convexdytumcir» 
ca afymptotony tum eirca ei paraSelam ex vertice • 
Conoidumexinfinitis paraholis ad circumfcriptos cjf' 
tindrosy velconosy itemfolidorum ahinfinitisbyper» 
bolis ratio adiu/criptos ^udrot noia . 

I 1 N hoc nono Td^oremate ita proniinciat Hoeenias : SoB' 

1 dum, inqmt , produ^um ah infimiojpaih poji aliqttam 01*. 

dinatam in tonverfione jtirca ajymptoton efl Jefqmaltemm Coni, 

C»' 



Ibeorm. Hugem Cap. JX. 




VfOtinattmiiuBOrtvtliii». £uuaspcia»demonfttatio 
iieinftiCDlaMell. laM^antochqiaioliitpciieainlieiipdiii- 
nanMriwUndti FM,Q_R. P&> (tx. aqulis nbiqueaUira- 
diaii F(^, QPt^T, &«• ibdofinideicigaBk >tauc iioram 



«ytiadnma ooagnies pra iplbrotundo Iblidafnmiqaeat, 
lctaogentis OB portiunculaprimocylindro FM iotercepta 
fieticamiplacarva BN coiaeidat, (euadiplamobtineatrai 
tionem minorem qoalibet id<qualitatis ma)oris latione alG- 
gnabili (bocenimexvalgatiimetfaodisfiecipotsn} deSgns» 
cor etiam OH aqaalisfubni^enti OF. 

a Jam^fic: HeofeciesGyBaarocum, qni intec fe funtr, at 
bafium FB, Q.K, PVcontino^prdportioinaliamquadnta, 
tft qozdam Geometrica progreffiofolidornm proportionilifi 
in inlinicam eontinnata i igitar ex demonflrationibas, fire Ca- 
rallerii, fireTorricellii, fiveGregariiiS.Vineentio,oiBniS 
termiDoramaggregatnm^ idell rotandam folidam, de qDO 
loquimac ) ecic ad pcimS (ecminfi ( fcilicet ad cyiindcnm M F) 
O » ac 






to8 ./Gaktom/GrmiS. 

nrt ipfe ppimis (feicnuous ad prtauim differeotnm^ ^lioei i^v 1K 
^adraciiim FB ad eiofd^m^dif&feadamaquadtttto^ Q^Ni.vel 
ucqoadratom f O adiredaiigiilum QQ.F» ^OQidi^ert ipfumr 
quadratum FO abpQ^ex .id.cooftro^iQois, & faypocliefis: 
pi^mtflk. Giki ergoiratioi ibtidi rocoodAfad ioicri]^iuii. co- 
num,.ei: triaogtrio B O FrgeniieiiinfOoiiQlpoMlQ^f Ktrati^oe talis: 
iblidi ad primum cyluuknnL F M » ,^ lix, tauoQei fjafdem 




i-\ 



cyfoidri FM adeonum FfiO/qoaruntpfrinia^ ex.dafilis^teft 
a»dem , qnae O F qoadrati ad re^ngulum H Q.F , {ectinda 
vetb eftdemeft» quae QF ad titencem altitudinis O FjMroo 
pofiticooi».autfedanguli HQ,F ^ HQ^^in trientem OF, 

idfli}ueticfoiidnmxo£oadnmXiOgifticae adpredid 

ut ^uadratum O F iidr6£hDigoram HQJi> trientl 
peio'coi&pofitajiitioneexOJ' ad QH / qufle eft ratio fobdu- 
pki V pvopcete^ qobd H Q^differat ab H F ditferentia CLF 
indedoit^ parva » & read minimos cylindros reda6hi , penitos 
evanefcente:) & OF ad ttientem foi » qne eft ratio tripla ; ex 
hi»attte(iicompoiitaradoeft£^figoialcera, mpatet inhisno- 
meris: }„ d,v2y.itaqiie fojidom exIiOgiftica circa axem FO 
nevolota fefqoialterom eft Coai ex. imccipto «. . & per tao- 

gcn- 



» , 



Theorm. Uugen, Cap, IX. i op 

Mntefii dettifmuiato tri^QgalaFBO . Qaodcfrat dembn- 
nrandDm. 

3 Hinc nnllo negotid dedadtnr, rotandam folidam \ fpa- 
tiopoil AB infinito, ad folidum rotondam Hpatio item in- 
tinitopoft aliam ordinatam C V ad invicem efle » ut quadrata 




BA, CV, qnippe & horum folidoram foblefqaialiers n»-^* 
gaitudines> nempe infcripticoni^b eantdem akisadinS fub- 
tatijgentiSjfant adiaVicem»ot qaadrata cadiocum bad»; nccnon^ 
folfdaexnbrtiombus AVCB, B Ai>CX.efleadio>ir]cem, uc 
diffeientias qaadratorum AB, CV, & AB , QP> ^^» ^t 
armillas circolaries abVE » & DK circa BQjrevoIutis def-^ 
criptas» vel h«c iblida adiovicemelfe, ut refpondentia fpa- 
tia geomecricae fpiraiis, perhuj>a» Logiftiac convolatioaem, 
axe B C in pon^am contra^Oj provenientia ; qusomnia et^ 
argumentis !«d;^*l3t. addudis in demonfttatione pcinil Th«0- 
rematiSyConHcmari potuiflent , inteliedi&namiromJocoparal- 
ktogrammoram Bz» xz, &c. totidem cylindris , eadtmque 
ptorfas demondratione applicata . 

. 4 Nobis aiiam faujus yaitatis demonlkationem medltanti- 
bus illod.ollendJendam occurric , qubd ii intra Logiftiea^n 
B C A defccibatuc ^ eamdem afymptoton » eamdemque 

oc- 



iio Cmdomf Grannb 

brdimtiim FB aliaLoffiiftica BNM, cqjqb orditttae ^Ktlt 
qoadtatspdoris Lo^fticc» fiicieoclo nimimm obiqoe, ut FB 



» • 




ad DC , ita DC ad DN , & oc FB ad E A , ita E A ad 
£ M , &c« Spatiam i Logiftica F B N M comprehenfum fub- 
duplum erit fpatit ^ Lcmiftica PBCA comprcheoti} fumpta 
enim oaavis ordinata DNC, ac poika £F duphiFD»ordi> 
neturEMA; eft ij^itor in priori Logiftica FB ad DC, ot 
D C ad E A ; fed cciam ex conftrodiooe ita D C ad D N or- 
dinatam poftetiQrisLogiftiG»; cqoales foac i^or DN , fc 
£ A ; & hoc femper ; orainancos aocem £ A ia ^io F B C A 
ad alcitadioem E F femper doplam altitadimt F D incerce- 
pte ab cqoali ordinata D N m fpatio F B N M ; igttor ez 
Propoftc. I. noftne Appendicis ad-Demooftr. Viiriao. Probl* 
eric fpatiom F B C A doplam ipfios F B N M . Qs. e. d. 

5 Coiliges fpatiom F B N M cqoale efle triangQio F B O 
percaogentempriorisLogiftice BO decerminaco, fiqoidem 
& hwjos dopjom eft,ex Theoremacefeptioio Hiigemano, idem 
(patiam FBCA; necnon evidenseft , fubtangentem Logi> 
fticc pofterioris FBNM fore femiflem ipfius O F , qoippe 
ejos redan^olom in F B «qoale forec fpatio F B N M , oti & 
prcdido triangolo f imo ^eraliter , qoini fobmnltiplicata 
foerit ratio ipiarum DN, DCrationis DN^FB^tam fob- 
maldplex fbre fpatiom k Logiftica BNM edmprehenfum 

fpa- 



Thetrem.Hiigtn. Cf^IX, m 

^Mtii conyinliaiiG ab ipfa BCA , &.tain ibbniDltipiicts 
patitcc fore fubtiogcmes bujus , fubtangentiDm illius . 

6 Ut alteca igituc pcopofiti Tbcocematis demonllratio 
compkatuc, tcian^ulo OFB advecticemO infcripcumefto 
ttiliocooi pacabolicam ORPBF , cujus ad vetiicem tan- 
gcoiQCi iDMifeft^aftiConDfflez OBF cicca FO pco- 
poctionalitecanalcgumefletcilineo OPBF,quippe, utcic- 
culi, vel quadcata cadiocum BF, ND, icalines BF, DP; 
qaemadmodnm & Ipatium FBNM fnpra defcciptum pco- 
poctionaliceranalogQ ell folido cotundo ex Logiftica F B C A 
circa FO, ebgu&aciccali, velquadcacacadiocum FB.DC 
iint at linesE F B , D N i ita ecii igituc folidum ex F B C A ad 
Conum ex FBO, quemadmodum fpatium FBNM , idefl 
ex fttad. mim. ttiangulam FBO , ad ccilineum FBPO; 
nempeinrationeferquialteca. Q:. c. d. 

7 Duas alias adhuc divccfas ejufdem Theocematis demon- 
ficationesaSeccepoireai, fcd oe longioclim, & alteci longS 
atilioci locum apectam , hacdumtaxac contentusero , quam 

. tectio loco fubiungam , atque ut Leflocespatientec attendant 
eoixiits cogabo . Semen fcecundiflimum elc, unde illa pullulat, 
quippe lUi, qaoipra. etf. iiu,t. fevimos, atq; onde tot &uaus 




abDadScoIlegimas,8gnatDmpeDiti», atqDe«oageneaiaeSe 
cepecies . Sint igicuc eicdem Coccelata figacz , qoas lococica- 
todelcciplimas, gGAaC,&NAaCi oua^e autem cic- 

ca 
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ca axem K B con veccai;or ; a jo folidum ifpatip primo^ & ex- 
teriori produflura duplum eife folidi afecundo , &jncerio(i 
fpatio genici ; fa£la enim eadem , nc pru^s» condcadione, oCkm 
pardlielogrammam N F cqaale fic ipfi MG , Qtroc|ae circa 
N B re voluco , cylindru^ ex primo erit ad cubum qyiindricoiti 
senicumexfecundo.ucdifBidiaNA f qusdi^jiitaiaceatci 




.' * 



gravitatis ipdus N F ab axe motus*) ad mcdiam aritnmeti- 
cam inter mN, & AN (qude eftdiftaQtia centri gravitatis 
M G ab eodem axe ) Iisc auc^ media arithmetica in paralle- 
logrammisinfiniceexiguslatitudinisi atqueadeo inipiirmet 
folidis» inqustandem deiinunt tubi illi cylindcici» pundis 
M, A, coinadentibusy&omniiatitudme MA penituseva- 
neicente, eflspiidimalineaN A; itaque, cum.idem ratioci- 
niura valeatinomnibus aliiscylindris ex n f ^ & tubiscylin- 
dricisex m^ intaliconverHonefpatiorum genitis» eritreni- 
per unufquirquecylindrus folidi ex interiori Hgura ad quemli- 
bet tubum folidi ex figura exteripri , ut dimidia N A ad to- 
tam NA^ atdimidia na ad totam na» fempcr nimirumiti 
ratione fubdupla ; folidum igitur ex interiori tigura C a A N 
«ft femiflis (biidi ex iigura extefiori gGAaC. Quoderac 

jdemonftraadum. • 

# 

• • • .4 

8 Di- 



Theorem,Httgen, Ca^. IX. ' 1 1 j 

8 Dirediaoteindepreflis, aaceveais lioeis fiQgQfis AG, 
a g , uc ;am non ad ipfam carvam A a C , fed ad oanm N A 
ipfaruinextremaperdnganc , ^aemadmodam cap, prMe^ftitjt 
mm. y monaimus non variari figurae quancicatem , fed eam> 
dem e^ £guram NooGA binc provenientem / ac que 





prids erat gG AaC » ita pariter connat» idefii folidtim ex 
ipfa o o G A N circa N B revoluca proventuruni^quodpriillis 
ex gG AaC » propterfervatam eamd^m liiiearum AG» & 
Or cumlongitudinem, tumdiftantiam abaxemocusi adeb- 
oueeafdem cylindricas fuperficies ha^c foUda componentes ; 
duplum eft igitur folidum ex Hgura ooG AN , folidi ex 
Ca AN f facla circa N B utriufq; rotatione ) defcripti i 
im6 & partes partium refpondentium, videlicet folidumt 
qaod ex porcione Nro» duplum folidi ex C a n ( acce- 
pcis or , & na homologis » fcilicec in idem a pundluni 
convenientibus ) & quod ex or AG^ duplum ejuSi quod 
ab AanN ^ ob eamdem racionem« 



9 Ter- 
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9 Tcrcia ^ltor propofid Tbeoreiiucis Hageniaiii iieiiiiiHi- 
ftmioficexpedietur. £(lo Logiftica AaC. Cooftac ex d&> 
€di f$p.pf4tti'Vm. t^ eiCorretatamtigoratn efleparalicl^ 
grafQmooi N A G O » qood ii ctrca axem LogifticK rocetac 




cy lindram prodooet tripf om coni ab ioTcripto triSgoIo N A B 
ejuidem baus » & paris altitadinis ; cilknt igitor ex ea» qoam hic 
adduximus,do£irinafolidom exLogiftica circaaxem fit fub- 
doplum praefati cylindri ex Mrallelogrammo N A G ,, eric fo- 
lidumLogifticaeadconumillum infcriptum in ratione com- 
poliea ex lubdupla , interipfum, & cylindrum intercedente» 
&extriplaintercylindrum, ac didiom cooum rcperta ; Ratio 
autem ex his compofita ( ut ad finem uum. xandtcavimus ) eft 
ferquialtera; qoare» &c. 

1 o Sed & hinc pariter conftat dimen0o porttonum c)ofdcni 
fotidi» put^e>us,quat^partc na aN circa nN rotatageoe* 
ratur » quippe quat demonftretor femiffis tubi cylindrici ex 
correfpondente parallelogrammo Aro circa eumdem axem 
conTerfo geniti» ideft arqualiscylindro,. baft dift*ereDCta cir^r 
culorum AN»Nr» altitodineverofemiftefttbtangentts^ia- 
deque fubtra^lo cylindro ab infcripto pjKaiIeIogramau> n a r , 
reuduQ tequale erit anouTo cx fpacio triiincari a r A circa axem 



re- 
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reTototo , gqod^proinde notam rationem habebit , fire ad alii 
annulum arA, fireadtobumcylindricamezparallelogram- 
mo.quodfibi citcttmfciibereturi Schoctaf.^nua. i4.deli- 
4erabatgradfpatia quadam trilineatia SpiralisGeometricx, 
tamadinvicem, tumadcircumfcriptasarmillarumcircularifl 
portiones comparanda , ut ex ibi di^is conftat • Calculum 
ineat qai volet . Nobis coUieeadi funt fruflus ex doSrina 
mm.7. &8. indicata uberrimemanaotes, imbvcriAsLeao- 
ribus indicandi , ae votoptatcm illospec C: decerpendi eifdem 
invidiflevideamui. i ._. -w 

1 1 In primisTgitDr io figora qiadranti Cbrtelata , ttp.prte. 
mm.6. defciipta, p^et,t»tdumintegi»imfp«tinmS ANoO 
circa N C reyohiiuoi. proddcerefolidumsqaafefphere ra- 
dio N A defcHpne/quippe duplmn hemifpherii exconver- 
fione quadrimia CANs f«d & quaBHH Iphera; pottionum 



duplxfintportionesejulijeip folidi JpaRibuscoileavisNor 
defcriptie , ac confequenter cui folidoxquales conoides k con- 
vexis etiani pottionibus, curva N o , & aze C N produflo 
interceptis, ordinataque ex o ipfi rN parallela termioatisi 
etcircaeHBdemazemcanverlis, &tiip facile ecit ,.five ali- 
P a qaod 
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qaod ex hujttrmodi conoidijjtasy [iveex folidis a fpMio^ c5ctvo 
flelcriptis in data radone dividere/],uafj<2ik cH in fphesie pioc- 
tiooibuS;& celiduis.cyirdcoi;u ilIa$circGrcribeqtiu>idc prsttare. 
, M Cycloidc: O a A N .circa tangentem verticis.A N revo- 
faicait pacetColidum iadc pcovenlens elfe rubduplam annuli ex 




&micircuro No Q circa eamdem taogentem converfo : uode 
& refiduuni cylindci illifolido circumfcripti , ideft folidum ,^ 
]uod ex (emicycloide convexa O a A D circa taogentem ver- 
ticis convecfadeiccibitur,notcdintonnoniserit, imb fic ejus 
partium menfura inootefcet : quejampridem ioter Geome- 
tras ms^na follicitudine quaclita fuilfe video . Idem in Cif* 
foide pcsftaadom, cujos quidem ex nota proprietacelinearom 



1 
4 




i> n 



H 



A r « c d , r N, r o propordonalioin» obvia ei( ^menlio foliv 

di 



Theoftnf. Hu^cf$\ Cap, IX, i r 7 

4i ejiis convcf lioBe circaalyi»ptoton A O dercripti^ quippe 
fitire^angola A ro, drN aequalia indeofttnduntur, ade6'< 
que & cyiuidricse (uperfictes ab iis deferiptse , itai inte^unril- 
ItMiCiflbidale foiidum , integro- annulo ex femicirculo geni-. 
toce circa langentern in N revoluto , &'partes partilirus corre- 
^ondentibusaBquafimanifeftumefli ex noftra verd dodlrina 
manifefla etiam evadit dimenno folidi ex eodeni cavo ciiroi- 
dali fpatio o o N A Q circa N n f evoloto^ , ejufque partmm, 
pet compaFationem ad-fufum Cydldidalfe ex- C A N , ejufque 
panes ; imir& ianotefcecdimeniio Geiioidon», ex fpatiis con- 
ycjuHt curva N o o , & axe n N produ^o , ac ordinata ex 6 
ipfi rN parallela teraMiiaci»r quipp^ ceiidua cylindrorom ex 
redangulis N r o produdbrum. Solidam ex TrafVoria fubdtf- 
plQ paricer invenies hemifpherii cx quadrSte Hbi correlatoAc 
13 In parabolis co;ufvis generis C»A, Conoides ex figu- 
ta C A N circa axem C N habebic femper ad circumfcri- 
pcum cylindrom ex C • N A rationem notam ; nota 
qoippe cft ratio axis N C ad fubtangentenr N B , unde 




^ ratio cyfifldri ex C # N A ad cylindrQm' ev F G A N, 
qoc eadem eft ; cylindrus aotem B G A N componitor 
ex folido ex CgG AN'( qood femper e(¥ triplom Cono^- 
dis ex CAN , qoippe folidom ex CaAG^ hujos femper 
eft duplom ) & ex conoide cx CgGB » eojos ratio ad ip. 

fom 
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fam C AN eadem femf^eft» qac CB adCK, cb ad c>% 
ju&ta Pfopod^ I. AppouL noitrs Viriao. Probl. tdebaue 
eft ad illum in quadratica » ot i ad i. in cobica , ocaad i. 
in qaadntoquaaracica , ot 3 ad i » &c. 10 ca » in qoa CDbt 
ordinatarum fuot , nt qaadtata ei iagittis , ut 1 aa a ^ & 
univerfaliter C\ ordioatamm ex^Mens fit « « partittm ▼et6 
axis y » ntx min^ y f^d y i itaque feroper cylindras ex 
B G A N erit ad conoidem ex pacabola C A N circa axem 
revoluta > ot 3 ^ ~i.x — j^ ad jr ; fdlioet in quadratica • or 4 
ad I. in cubica» ot 5 ad 1. in (equeoti , ut 6 ad t , &c. in 
ea , in qua cubi ordinatarom refpondenr quadratis iagitta- 
rum , ut 7 ad 2. in qoa v^rbqoadcatoqaadrata rcfpondenc 
cubis* ut 10 ad 3*&c Veliicetiamcalculosinftitaipotefti 




qaoniam ^lindros ex B G A N triplus ed coni ex triango- 
lo BAN ) folidum item ex CgG AN triplum Conoidis 
CAN > reliqua etiam conois ex CgGB tripla erit folidi 
ex trilioeo C A B ; eft ver6, ex di£lis,Conois C A N ad Co- 
noidem CgGB convertendo, uty zdx-y, ergoex cquo 

Cofioia G A N ad folidum ex triiiiiea CABeft,atj^ad£? 

fivc. ut iyAdx—y; & componendo , ac per coovernooeni 
rationis , conus BAN ad conoidem ex infcripta parabolaw 
Qt 2jr H* 4f ad ^y; nempeinquadratica , uc 4 ad 3 , in ca^ 

bi- 



Tbeorem, Ehgen. CapJX, it^ 

bict, m 5*d 3, m quadratoaiiadntica , nttf acl 3 , ib ea, 
iii qoa oibi comparantQr qaadratis, 11L7 ad 6, &c. 

14 Noa diffidttiorinfiiutaruai hyperbolaram tra£latio erir. 
SitqiMivJshypecboIaCaAtmerafyaiptocos BD# ; & huie 
condata %ort gG » cojaa ordioate A G « a g cquales fub> 

N By nb * Q^oiam ex diiSUs egp. 7. twm. 9» eft 



-j » \ 1 ' 




DN ad N B , feo » A ad A G perpetu& , ut exponeas or* 
dinatarum A • ad cxponentem diitanttarum 4^ O , videlio 
cet , utarad^-} etiam folidum ex fpatio CaAftD circa 
DB ad Iblidum ex gG AaC drca eoradem axem , ( quip« 
pe quomm cylindricat fuperlicies k lineis • A, AG» & fa« 
a g eamdem perpeta6rationemobfervant ) ut ^r ad ji ande 
idem antecedens folidnm, adfolidumexCa AN rquodell 
joxta noftram do^rinam , folidi confequentis fubdopIuai»eric 

Qt ;r ad 1 j^i vcl oc z ^ ad ^i & divideodo^cyHndrQsexin 

icripto parallelogrammo • A N D ad foiidoin ex fpatioin* 
finite longo Ca A N erit, uc 2 x--y ad jy; fcilicet in prima 
hyperbola » ut 1 ad r ( utl jam Torricellius oftendit ) 
ki feconda » fett quadrdtica , ut } ad i» iittertia, feoco* 
bica I ot 5 ad i , in qoarta , fco quadratoquadratica , ut 7 

ad • ' 
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ad t ; & Hc ieinper , fumpto aocecedenee joxta inpariam 
numeroruni progrefllonem ; quod H cubi ordinacaraai adl 
diftantiarum qoadrara comparentitr » ratio iavJenietur, iit 4 
jid 2 , fea.2 ad .1 • (i qaadratoqaadrata illarum ad.iftaraal 
cobos t ut 5 ad 3 i. &.Q. .Alia exeoipla^ aljftiqoe.fpecalationes 
npn deerunc, (i Le^orts induftria hifce.velUgiis iAfiftcosiii 
jferaciffimos Geomecris campos fe conferec. 

C A P U T X. 

Didffium Theorma pritpomtur , ac prima demonfira-' 
tione ftabjiitur . Infinita feries terminorum propor^ 
tionalium aquatur maximo du&o in exponentem ra- 
iionis , dc divifo per eumdem exponentem unifate 
minutum . Ex boc demonfirandi modo , tum fif.it£ , 
tum infinita feries a^quales oflenduntur fumma , vel 
diferentia duarum potefiatum^ per fummam , vel 
differentiam radicum divifa , &c, Soiidum rotun- 
dum, de quo in hoc Theoremate^ per infintt/e Jeriei 
.^aicuium admenfuram redi^tur. Subiangentes Lo* 

. giftica in ordinata accepta funt , ut rt&anguia LO" 
giflica infcripta . Soiidum ex quovis Logiftica fpatio 

' circa ordinatam revoluto ad infcriptjfm cyiindrum 
fftiUt congruum triiineum ad infcriptum triangU' 

' ium . Hac ratio nota efe ofienditur . Anuuiis quo* 
que iatis per hac fpatia progenitis demonfiratio ap- 

'. piicabiiis effe indiiatur . 



! De. 
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DEciinain Ao^loris noftri TheoEcma inreotQ , £iteor, 
difficillimum mibi fbit , doas tamen , afpirante Geo- 



metriae Preude , ejos demonftrationes , eo » qood feqQitor « 
medio tandem extondere potni .* SaUdumt inqait t pradndum 
^t^deminfinitofpattemtimverjmecirca^ordinatam ^F , poft 
fuam exporrigitMT , /extu^tm eji Conigeniti ex trimgtdo BFO 
mtonverfattefireaBF, Fiat enim angulus EFH- iemireflus, 




& ordinatx ND , ME ia Logiftica evtendantur ad lineam 
FH in G , H. Coocipiacur modb folidam ex triangolo 
HF£, ( adpartes HE indefiniteprotenfonmo]'cttmLogi<* 
ilica ) in fpatium Loziflics FBME » quod conflabitur ex 
totidera reclangulis G D N , H E M , &c. Aut etiam , ut in 
Vivianeis indicavimus ad Schol. propof. 6. pag. $ t. Spatium 
LogtAicum F B N M ita ereflum , ut perpendiculare nat pla« 
no H F £ » per quod motu Hbi femper parallelo flaere intellt « 
gatur, ut partes ipHus Logiftice lineam FH ptctergredien * 
tes deincepsevanefcant, itaut, ci^m Logiftica attigerit pun* 
£tam G, ejusportio FDNB dcfecerit , folaque remanferit 
reHdua poft DN versihs EM in infinitutnprotenfa , ubive- 
r6 attigerit pun£ium H i defsceritpars EFBM, folaquere* 

Q fi- 
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Hdoa fberlt qns poft EM minfinitoiii eztenditar, &c. Jam 
£onftat ex prima geoeU» hoc fblidiim fore ad rotundam ex Lo» 
giiUca circa ordinatam AFreToliita, otradioscy'fufpianicir- 
cttliadeiQscircomfefefKiam; qo«enimline« DN » EM iii 
folido fopra defcripto ducereocttr in GD » HE»«qualesip«> 
^s D F, E F , in rotundofolidocirca FB docerentor in pe» 
ripherias ab eifdcmradiis DF» EF, defcriptasinrotatioae 
earomdemordinatarom DN» EM» Rurfos ex feconda ge- 
iieii e)ofdem prios defcripti folidi , patec tUod fore cquale 




prifmatt aFtitodme fobtangentis OF, badvero integro Lo- 
gifticse fpatio FBNMv tdeft»perdida tg^,%. in demonftta- 
tione Theorematis feptimi , ba(t ipfo re£iaagaIo O F B. Ra- 
tio>e(t^ quia foiidomiltod^ )oxra(econdamgenelim conHde- 
ratom,habetprobaiLfpatiam FBM» & adpondom G, Cvrt 
ad aititodinem GD babet fedionem baifparaileiam fpatiom 
rafintcompeflr DN eztenfum ^ (icoc & ad altitodinem EH 
fpatlttm infinitom eztenfom poft E M » &c. qoemadmodom 
& prifma,bafi*i^tio F B N M*. alcitudineO F, fecari poifet in 
re^ngtikrat ». O F B ieqoalc Ipfi FB M ^& ad diitantiam F D 
( «qua^em DG ) fecaretor Inre^ngolum ex OF in DN 
leqoalefpatioialiQitopoft DN» iiecooit& addiftantiam E F 

( cqua- 
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(cqualem EH) in r edanguium ez OF in £M cquale ipa« 
tio poft £M in/inite protcnfo/&c. 

2 Ratio igitur fulidi rotundi ex fpatio F B M E cifca F B 
totati ad conum ex triangulo O B F , utp&tecompofitaex ra* 
tipnedi^ifoljdirotundi a.dprirmaakitudme Oh ^ baii ipa- 
tio F BM, vel redangulo O F B » & ex ratione hujus iplius 
prifmatisad didum conum , componetur t% latioiic ctrcum^ 
rcrentia^radii OFadradium OF» (vel^aifumptacQmmant 
alticudinc O C , dicas ex rationc cyJindricae fuperiiciet dtfcri«> 
pta^ ab OC adrecianguium FOG) & exr^ione didipnf- 
fnatis addclignatumconum (fciJicet excompolitarurfus ex 
ranoncrcctanguli FOC adtrianguJuni FOB^&cxOFal* 
titudine prirmacis ad circumferciitiam ex tnentc O F, quc 
eil diilanna ccntr. graviratis tnanguIiejuPdem abaxt motus, 
juxta ccitbcrrinam reguhmGuldinianami lcu dicas cx ra* 
tionetrianguli ejufdem OFB adcrianguium cx crieore cif- 
cumfcrennse ab OF defcriptje in ipfam OF, vel OC j h« 
autemratiotkfLScomponunt ration^B-fcxcupIam ; cyJindrica 
iiquidem fuperlicii^s ab O.C ihconverlionc circa FB defcri^ 
pta {quxcltprimustcrmmus} cum tnpla iic cylinckicfl^ fu« 
perficiei ejuldemalcitudinisin trienttm dumraxar peripheri« 
ex OF, nvcinperipheriamtrientis OF, fexniplaerittrian- 
guliextalitricntecircuniferentix inOC^ vd FB (tjuodeft 
uhimus terminus) utpote fubdupli cyhndric^ fuperficiei ejup- 
demaltitudinis.&baiis. Solidum igiturrotundum exLogi« 
ftic^ fpatio F B M circa F B revoluco, fextuplum elt Coni ez 
OFB triangulo infcripto circa eamdem ordinatam rotato« 
Quod erat demonftrandum • 

3 Aha e)ufdem Theorematis demonftratio afTumptunt 
hocy jam interGeometraspervuigacom» prsfupponit , quod 
fcilicet qushbet infinita feries terminorum continue pro* 
portionalium irqualis eft maximo termino duclo in cz« 
poncntem raricnis i & divifo per eumdem expoQenteai 
unitate minutum ; iSt verbigratia cotilmunis ratio iQlini<* 
torum terminorum illa , quam habet « ad i ; fitque ma« 
ximus termioQS m^ eiunt igitur termmi ifti per ordineoi 
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itr .—•'-*' «r '-* 1 &c. in latinicuni : dico omnes fimul 
a aa e* e* 

cqoari ^~~< ; moltiplicentQr enim iiaguU ex propofitis ter- 

minis per a^i : fict ma^m, wm^ m, ^m ^m » <* 

a a aa 
m ^ m , &c ubi conftat, omnes terminos poft ma fe ma- 

aa a^ 

tvth elidere , qui enini pri&s negantnr , iidem immediat^ 
poft affirmantur ; atque ade5 omnes aequantur ' foli priwi 
produdo ma »* igitur t cootra dividendo per a^i , fienc 
m -i- m, -i-m ^ m -^- m ,&c; in infinitum «quales ma 

"a aa 7 a* 0-t 

qaod enim mottiplicacio conficit , hoc ipfum divifio rete* 
xit . Vdl fic : In propoficis terminis pr oportionalibus , oc 
ttna difierentia ad unum terminum ( pat4 nta^t ad « ) ita 
omnes fimul difierentise ( ideft ipfe maximus cerminus m » 
in quo difTerencix omnes includuntur) ad omnes termioo^y 
qui proptere^ sequales efie debent ma, Q^e. d. 

a-i 
4 Priorem demonfirandi modum , qui clarioreft, atq; me 
jndice , omnium Acillimus , indicavi jam in Vivianeis aa finS 

8ag. 1 f o. atqoe expediti(fimum innumeris veritatibus demon- 
randis Ledor inveniet , fi in itlo femet tantifper exercere 
hon dedignetur . ExempH caufa in feriebus finitis , deprehen- 
det ditfetenciamquarumlibet homogenearom poteftacum, di- 
yifamperdifi^erentiaroradicum earumdem, «quari aggregaco 
tot terminorfi conttnuS proportionaIi6>uno gradu depreffiorfi, 

qaotfberiBtuniratesinearumpoteftatom exponente ^puti^ 

aa^M _ , 



a^k 

a-^9 
&c. mnl^ 
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miikiplicaodo enim per ^A tetminos pritiue seqnatioois, fic 
M^ Bh ^ ob>^bb isaa mm ^^«obreliqaoffterminos feroa* 
tab elidentes ', item maltipHcando tcrminos «quationis fe- 
cuod«,-habetor «* mmbM-^baa ^abb^^abb^b^ zia^^b^ 
ob eamdem rationem } (imiliter in aliis idem eveniet . Dif- 
ferentiam autem <)uai^libet homogeoearum poteftatom gra- 
dos i namero pari denominati , vel fummam gradus deoomi- 
oati ab impaci nomero ,: divifam per fommam radicum, sBqua- 
lem deprehendes aggregato iimilium terminorum, utfupra, 
ledalceniaasaffirmatiQnis,& n^gatiooisilgnis: vecbigratia 



• V 



#» — ^ 

7TT 



-41-.^ 



«S H- ^ 



'ZM '^ Mb ^ bb 



tf* - ^ 



Z, Oi -^ sab ^*^ abb ^ P 



it^ ^br 



&c. 



S «» ^ 4* ^ ^ «dAf »- «^ -*• ^ 



• t 



Nam multiplicando terminos per denominatorem « «f^ fit 
in prima «quatione aa-^ba .^ ba ^bb :zi^^ b* ^kcaOf» 
dasquationefit«> H-^tftf ^aah-^abb -^bba ^b^z^a^ -«•^f 
oeteris fe elidentibus^ in terciay fi^qoactay aliif^ieinfioicis 
idem provehiet . 

5 In feriebus aotem infinitis : proponator famma ^oamm* 
vis potcftatam diviia per difieremiam fadicum ;^ dicocqua- 
ri tot terminis 000 gradu depreflioribus ',' & contina^ pro- 
portionalibus , qubtus eft. potefiatum gradus , cum dupla 
lerie infioitarom fra^onum fimiUter proportiooauom » 

pu- 
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POU tftf «4- hb ^ l^ «ft. 2^} H-2^&C. 

«..^ a aa a* 

Hos quippe mulciplicando pcr a^i, habes. 

aa^ba-^ba^bi^M^ib^ ^ib* ^ ih ^ib^kc 

^ a aa aa 
nbi, retraais iis, qui fcilidunt , f (unanec aa-^ bb Suniliccc 

' — , :Z M ^ab ^bb^2bi '^ib* ^ ib' &c. 

If PM^ *^ N«* «l^ 

a aa a* 

bos enim maltiplicando per « « ^ Hec 

«> ^baa-^-baa^abb^abb^b* ^ 2^ ^ aZ^ ^ 2^ &a 



■• • - a ■ a 
Qbi,remotis contradi£iori^oppo(Itis,haberur «> ^b^ &c. 
Idc-ni fcrd contingit , ubi pocdUtuin paris gradui» fumma, 
vcl imparis gradus diiFcrentia dividitur per lummam radi* 
cumi nifi qu6d iigoa tunciunt altcroaoda; ut 

2^ ^xb* ^i¥ &c. iaiofiaicum. 
a jnd <»♦ 
*^ — *' , 25» -*. 2M -. ibf &c 

— r:<»«*-«^-*-^^— — — -^ 




« H^ . - 40- «X 



«♦-*•*♦ 2^-,2A»&C, 

• — :z4fi ^maab^abbm^b^ -^ — -^ 

a^b a aa 

Sic etiam 

aa bb b* b* 

— Hf- ^ &C 
M «» 

b* f ^ 

&c 





Af «> 



Non 



Theorem. Hugen. Cap. X. 1 27 

Non didiniili ratiociuio demonftfare foleo extra£lionem 
ndicis Neuconiano modo per feries infinicas. Puca ^ aa^ xtt 
( qaae eft expreffio generalis ordinataroin ad re6lam hyperbo» 
wlacos,exjllencetf femitranrfverfo, <e x diftancia \ ccncro ) 
vel "^aa^xx ( quse exprimic ordinatam quadrantis circali, 
cajusradiustf, diflaatia ordtaac^ ftceatro;^} Hcenim feries 
ordinart folet 

a^-^^xx^ ** ^ 3** ►-. 15** ^ 105^»» &c. 

2« 8tf' 48 tf' 384<i*^ • 3840«» 

tibi fignara ^ valet -4- iti tiyperbofar -• in circafo r nameri 
tucem , qui poil cerctum ceianin.um afficiimt nnmeratores, func 
perordinem $. 3x5. sr^xy.&c. qoi ver2r afficiunr de- 
nominacores^ indpiettdo k fecondotermino» funt 2 . 2x4. 
2x4x6. 2X4rdx8. &C. orci fcilicec r ilH qoidemi ex ma- 
tua mulciplicacione omnium imparidm , hi ver6 er mulci- 
plicacione mato^ oninram patiom.ttametotam perordinem 
diipontonim .: 

Uemonfiratar^ inqaamv id rtarefler-qaia (T illa (eries dii» 
cacur infeipfamr lingulis ejus terminis in (ihgulos multipli- 
catis , oriecurniialiad , quim aa ztxx^, ade6quc eft legitima 
radix ejufdem; nam dacatar illa feries 

ina fiet mrztxx.-^x^-dtip^ Sca 





t Baa' ^Sai* 


10 ^xx iifit 


•±xx\^x* rp^ac*' &C. 


2<r V - 


2 ^aa 'i6a^ 


ia^x* fiet 


. -.«♦' tp ««■.&& 


8a' 


8tf<r 16 a* 


10 :!:3^ fiet \ 


7^3**' &Ci 


48 tf' 
Samma erit 


aa^i.xx &c. 

d Ad 



nS 



Guidonis Grandi 



6 Adpropo(itamno(lram redftUfices,dodtinaaiMMr.3.ad« 
dn^tam , alteri Theorematis decimi demonftratioai fic appli» 
cabimns: eftoLogiftica B VI, tan^ensad B ip(a BO, lab- 
tangens O F , cojos patticula infiniti parra F Qjiocepu r 




circamfcribantiir.cqualis latitudinis parallelogramma F M, 
Q^, PS, 6cc SpatinmLogiftrceitaftringeatia,utfoIidam 
abipiacirca FB rotata produflum ferd coincidat cam aggre- 
gato folidorum k caiibus paralleiogrammis in eadem rotatio- 
ne defcrij^cdrom , quorum primus cylindrus ex F M • fecun- 
dus, tertids»^ alii deifvceps totidem cyliodrici tubf ex pa- 
rallelogrammis QJ^, PS, &c. ^ quibus cert^ deHcere poteft 
illud rOtondom Logiftic« folidum mfoori defe^u:quoIibec 
dato, & ratio, quam de illorumaggregato adconum ex F O B 
comparatd cohcludemus , eadem de ipfomet Logifticje folido 
demonftrataetTeJntelligetur. Subtangeos igicuc.FO voce- 
tur (r« & F-Q^inHnit^ parva di O Q,autem |>ro onitate i de- 
iignetur, ipfa FB per^ denominata; cum ficigitur (obia« 
definitamipfios F C!l parvitarem , & pundum N curvc cum 
tangente OB coincidens) FO ad OQ^ , (cilicet vr ad i ,ut 

BF 



Theorm.Huge». Cap.X. iip 

SF feii i ad QJ^, hcc exprimenda erit per^; & reliijuas 

a 
lioee PV| TI, &c. in qaibus eadem proportio (excurvae; 
aatura) conttnuacur, e& qa6d paribus iaceryallis iint diffiue» 

eruht per ordinem>~<'>-r' •r^' 6cc. in in£nicum ; alticudi* 

nes igicur prsdidorum folidorum conflabunt hanc geome- 

tricam feriem b ,— *— * -r* •^r* &c. bafes autcm eorum- 

a aa a^ a*. 

dem in rationequadrati prinii radii F Q_, & mox dif&ren- 

tie quadrati F P ab F Q. & quadrati F T ab F P , &c. nem- 

pe, uc dd, idd, $dd, jdd, cb qu6d differentis quadrato- 

rum k lateribus arithmetice proportionaiibus (int, utimpa- 

res numeri ; hac igitur ferie per illam mulciplicata prodibit 

feries ipforii pcr ordinem folidorum ddb, - — ■ * ' — r 

'^ '^ a aa ai 

quam quidem refol vere potes in has numero infinitas , prefi^t 
Kis majufculislitterisfubnotatas, 

A ddb^ddb^ddb ^ddh ^ddb,^Q, 

a aa a^ a* 
B .' 2ddb^2ddb^tddb^tdbb,ScG* 

a aa a^ a* 

. C . ■ 2ddb^2ddb^2dbb,ScC 

aa a^ a* 

4 

D 2ddb^2ddb,$ce' 

a^ a^ 
£ 2 ddb, && 

a* 



quaru fumma ddb^^ddb .^ $ddb ^•jddb ^ ^ddb, &c.,cad6,ut 
conftat,qu«priiis.. ^ 7^ *«»" IT 

R 7 Sunt 



ijo Guidonh C.ands 

7 Sant yer6 pKfcriptie leiics teraiinoniiii j^oporffpB^» 
liom, c[uoromezponensoommaoe tf; fi igitor mazimi earfi 
terminidacantarm^, &prodaQfidiTidatttrperii^ i (qaod 
)uc joxta conftrodionem eft ooantitas d innyaitd parva ) ha^ 
beboator termini iisinfinitisleriebosjeaoales : pot^ feries A 
«qaator dia s feries B eqoaciir zdb i ieries C cqoator 2 db 

feries D sqoatar 2 «/^ , & ficdeioc^ps {, ferics igitor illonim 

aa 
folidorom araoabitor progreflSonibos duabos 

dba^ db ^ db^ db ^ db,%iQ. 

a aa a^ ^ 
db ^db ^db ^ db, &c. 



a- aa a^ 



qoippe harom fom* 

ma terminis nuper dba^idb ^zdb ^idb^i db, &c 

colicaisaquator «"" '^J ~ 

prima aotem harom ferierom ( fa6ta eadem moftiplicatione) 
sequaliseft baai. fecunda verb aequalis ^^r ( iive, ut «qo^ multse 
utrobique appareant dimenfiones, addita hinc unitate, di- 
cas ^tfj ) efi verbunitas QO,^. i.y^^.»feree:OF» idefi a» 
quippe k qua deficit di&rentia FQ^infinit^ parva » igicor 
pro ta I accipi poterit iteroin baa ; atque adeb feries dido- 
rum folidorum» feu ipfum rotunducn folidum Logifiicae, de 
quo loqoirour in hoc Theoremate » optimd exprimccur per 
3 baa i Conus autemex triangolo B O F, utpotdacqualis trien- 
ti cylindrtcircumfcripti [pracirculo accepto radii quadra- 
to» utioforidorumferiefa^umell, quodinidemrccidit, ob 
proportionalitatem fcrvatam ] exprimendus erit per i. baa ; 

foIidomigiturLogi(tica?adinfcrtpcomConomerir, ot ibaa 
adi baa ,. livc ot z ad Z » vcl ot d ad i . Q. e. d 

8 Nifi hicdemoofirandi modos plen^ iatisfecerit , prima 
c..'!en(ione contentus » fecuildst falcem conatum lauda* ac 
mecuTft progredere ad dimetiendas efufdere folidi porttones , 
a parcibus vidflicet per binas ordinatas rcfedis , & circa 

ma- 



Theorm. Hagen. Cap. X. x 3 1 

majOKai ip&rnm rerolatis progeoius ; idque direrla rar- 
fm ipneccdeatibosmetliodo; cSo,&-2.,Lagillica BNM, 
cnjasadpanfia N, M tangeniesNC.MG occnrrant arym> 
ptoto quidem F G in punttis C , G , otdioatc Tcib B f ia 




pnnaisK, I,&c6ordinentoiND, NA, ME,MH; di- 
00 AK ad HI ( fubtangcntes rcilicet io ordinata , non ia 
afymptoto acceptas) elTe ad invicS , ut funt redangala A N D, 
H M E ; ratio eoim A K ad H I componitur ez A K ad A N 
rrcaDNadfabtangentemDC, vel GG1 ANad MH,& 
Al H ad A I (ideft fubtangentis E G ad EM ) ergo & com- 
ponitur exDN adEM, &AN idMH; exhisaatemcoD- 
flatur ratio re£languU AND ad H ME; itaqaeconHatbro- 

Solitum . Brevi&s lic : ob proportiona^es lineas G E , E M , 
i H , H I , eH refhngolam ex G£ , ar/mptoti fubtangente, 
in HI, fabtaagentemordinate, equale inrerioto reaangulo 
£MH) limiliter CD in AK ajqoabitur DN A ; ergo , ut 
tedlangala fubiSgentium af^nipcoti in fabtangctttes ordinaca; 
( hoccll ipfe fubtangentes m ordinata, c&m quz in afymptoto 
uotcqaalcs) ita erunt FeSangola LogifticBinfcfipu. 

R z siCon- 



j 3 i Guuioms Grandi 

p CoDCipiamus jam Logifticam t([Q AaC, cnjus ordinfri 
ta AN, afymptotos Nb , tangens ad qaodvis pun^um a 
ipfa a B, conveniens cum ordinata in B ; ac mota regola N o 
per pundiom N , i» ut perp€tu6 parallela exiftat tangenti. 







occurrat verbordinatia^produdise an adpan£la oO^perficia- 
tur Hgura N o O ad eommunem axem N b poHta ^ qus ex 
di£|is^^^. 8. mm.^ & $. ^rit ipnLogiflicsGorrelata, e;uf« 
que fpatia o N n refped:ive iemper asqualia fpatiis a A r : fin* 
gula^ autem linese on sequales eruat fubcangentibus rB, in 
prdinata acceptis^ fed hae proportionanturredanguiis nar» 
infcriptis Logifticse fpatio y vel etiam fuperficiebus cylindricis 
periilorumxojiyernonemcirca NA defcriptis; eruntigitur 
line£ orditiatac in Bgura O N n ^ ip(i o n paralleise: ^ ut con- 
qentricae fuperHcies cylindricae in folido rotundo ex n a A N^ 
circa AN revoluto, produ^lae iiingulisordinatis na perea*^ 
den^ punda xi tranfeuntibusi igitur omnes (inear figuras oa N 
ad tptidem a^quales extrema^ o n [ dveipfa figura o ii N » aot 
trilineum aAr iJli cequale ad reiiangalum Nno » vclarB ] 
erunt: ,. ut omnes cylindricae fuperficies in dido folido^ex por* 
tione naN levolttUgenito^adtotidemsequalescxcreoueaili-' 



nea 



Theorem,Htigen. Cap,X, 1 3 j 

nea n a gen^rats ( idell ut ipfummet folidum rotuhdnm ad 
folidum i quod gineretur ab hyperbola per a afymptotis 
nNA infcripta, & circa N A revoluta, quippe iaillooih* 
nes cyiiiidric« (uperficies concentricae «quales forent ei» qua 
ab na defcribitur, propterHngula infcripta parailelogramma 
ip(i n a r sequalia j & (umendo confeqaentium femilfes, eric 
trilineum arA ad infcriptum triangulum arB , ut folidum 
rotundum ex n a A N circa A N, ad infcriptum cylindrum 
ez parallelogrammo narN revolutoproduflum. 

10 Npta aucem efl ratio trrlinei ad infcriptum triangu- 
Jum , quippe afTunnpta jfigura sap. 7. num. i. adhibica, con* 
ilat, trilineum BKA aequariredanguio fubtangentis OF in 
Q.A , trianguium ver6 JB K Q^cquatur redlangulo ex B K in 



p y ?^A 




femilTem KQ,; proprerei rattotrinheradtriangutam com* 
ponctur tx OF ad BK ( vel DK ad KQ) & ex Qa ad 
lemiHem KQ( vel dupla Q^^ ad K Q^idcil enc, ut du. 
plum reftanguium ex DK 2a QA ad quadratum K Qj, no. 
ta igitur iimiliter erit ratio folidi rotundi ex fpatio Logifli. 
cae duabus utdiuatis intcrcepto . & circa majorem revoluto 

ad 
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i3|4 Guidoms Grandi 

td c^Iindram mfcriptQm, ab iiifcriittaicilicetiiacallelogttm* 
mo in eadem converfione progenitom , eadem remper« qoe 
pnefaci ce^qgoli ad .diStnm ^uadratam . Tubos trerb , (ea 
anmilos ex ejaimojdi fpatiis circa ocdina^m imafocireai*- 




tiorcm rcvolntis, putl ex GHBP circa A D rdtato , pro- 

genitos, eadem amimpta foperioris numeri Hgora, eo£m< 

que argumento facild ad menfaram vocabis, 

liEQilla veftigia premen- 
do. 




CA. 



Thmem. Higen. CapJH. 135 
CAPUT XI. 

^ '■ 

Propofith f & demnpratio UndesmlTbeorematis eir" 
eq difantiam eentri gravitatis Legijlica ab ordina' 
ta . Sofida infinitorum Logtpc^ Jpatiarunf cirea or» 
dinatas {.unt y ut eadem ordinata . Cfntrum gravi^ 
tatis quomodo^ diflet ah alterutra ordinatarum in 
fpatiis determinatis Logifica , Sofida ex his fpatiis 
circa quamvis ordinatamrevohtis * DatumfotidMm 
in data ratione dividere , &c. Propofitio y ae prima 
demonffratio Tbeorematis XIL circa difantiameen' 
tri gravitatts Logijiic^ ahaxe, In Correfatisfiguris 
diftantia eentri gravitatis interioris fuhdupta eftfi- 
milis dipantia exteriarit, Talis diftantia in figura 
Correlata quadrantis e^rcuti efifefquitertiahafis qua» 
draticis . Centrum grawtatis^ trilinei Cycloidis di' 
ftat ^ verticis tangente per femiffemradii, Difian" 
tia eentri gravitatis femicyicfoidis. ,. & ejus tritinei 
"h bafi y & vertice j necnon fotrda ah iis defcripta, 
Cijfoidalis fpatii centrumgravifatis, in quaabafym' 
ptoto difantia ; ejusfoliday atque hincratiofuficy. 
tloidatis ad cylindrum . Ftgur^ ^ qU(t Logifiica: ad 
axem eorrelata efifdiftanttaeentrigravitatis ab or" 
dtnata. SimiJisdi0antia in barum\ & gencratiter 
ommum Corretatarum figurarum complexo . Seeutt* 
da demonfiratio DuodecimiTheorematiSj ^extenfio 
aetinventionem centri ^ inquihufvls Logifiies portiO' 
nihus , adfotidaf exiiscircaquamvis tineam rotandis 
jiiterminatida^tttitem ^ Jam 



IJ^ 



Cuid$m Grandi 



«. 



IAm adicentra gcavicatis^ tsm fpatii fapeBiicialis Logiilicae» 
tum folidorum iptius decermlnaada procedit Hugenius; 
ait enim Theoremate Undecimo : Ex bac folidorum menfura 
fequittir , mhd^etUtimgravitatis-iinfinitiJpatiipoftunamordiT 
natarumdtftat ab baecrdinata kngitudtne fubtangentis ; ,wiod 
fic breviter demonftratur x rptunda folida rationem habenc 
compoilcam » rationibus Hgurarum genitricum , & diftantia- 
rum centri gravitatis earumdem ab aice motus, ex pccvulgata 
jam regula Guldjni » cui nefcio an pr^Iuferit Pappus adlinem 
ius prxfationis in iib.7,matbem. colleS. Solidum igitur ex Lo» 
giftica B C A circa B F ad conum ex in&ripto triSguIo O B F 




circa eamdem revoluro eft in compofita ratione exfpatioJL*- 
giftics FBCA ad triangulum OBF (queperTheorema?» 
^ap. 8. demonftratum eft ratio dupia ) & ex diftantia centri 
gravitatis fpatii Logiftici abipfaFB ad diiUntiam centri gra» 
vitatis trianguli , qua?, ucnotumeft» sequarecurtrienti i{^ius 
OFi fed bxc eademfolida exdidis tap- preced. funtadin- 
vicem in ratiooe fextupU , ideft in compoaca ex dupla, & tri- 
pla; oporcetergodiflantiam centri gravicatis fpatii Logifticyi 
abipfa FB elTe triplam diftantise centri gravitacis triangnli 

ab 



TbeorimMugek, d^JfJ. i^f 

abeadem FB; erao opoctec talemdmanttainefle ipiiininet 
fiifacaogentem O F, cujos tneoi dUbntiani ceBtri gcavitatia 
tciansiui, ot dizinu», detenniBat • Pacst ergoj»opo(itoin . 
> X Hine haiMtoiiCajaCvis infioiti ipatii iMaicm B A V Q* 
vel C V F CL, diftantiam centci gcaWtatis ab extcema ordtna* 
ta eamdem femjtec eflb , qpippe cqoafem communi fubtan- 
genti.* ondeefficicacyfoiida exprimofpatiocicca BA» & ex 




♦ i 



(econdo circa C V» eiTe ad invicem<»-ut ipfamet fpatia, exqoi- 
bus gignontor, obeqaalematrinquecentrigraFitatisdiftan- 
ciam , leu dSe ad invicem , ac ipfae ordinate B A , C V talibus' 
foatiis proportiooales, ex di^ Mp. 3. ««Mr.^. id qood rel exin- 
de patet , qubd taliom folidoramfubfexcupla » nempc coni ab 
infcriptis triangulis^ A O B , C V Q,» ob circoloseqaaliam ra- 
diorum BO, C Q^funt, ufaltitudines BA, CV,circaqttas 
conyertuntur. 

: ) Hinc etiam (Mtet, determinato qiiovis fpado B A V C 

dnabus ordinacn inrerje£lo, aifignari pofle diftantiam ejus 

centri gravitatis ab sriterutra ordinatarnm . DacaCur enim 

tangens AO, itaque inO eft centrom «qoilibrii totiusfpa* 

> S tii 



f aS GniJom GirlimK ^ 

tit fi A VQjeongBofiti aciiropofito EAVC, k ex idiqiB 
CVF(X.a IbdreiiqolCVFQ^IuUttrcciitruiBgrafkfttif» 
dn^lt linseBte Q3^m orclnitta etjmi&<;tt> Q^» diftaot vi« 
4ctittt ahliqailibhi ecBtcoO per QP «qnaleto tUiciicliai 




* « 



C B ptopofict (parit ( at pttcf,.cqiittibat rQbttngcDtibotC (^ 
Bi OfComonioem fiifacraneiidoi. rel addefKto qaaotitaten» C O} 
fi igttoc fiac , oc ^auaai. E A V C ad reliqauoK C V F Q^aem» 
pe «s Tbeefemate Tmio ,. qoodajp^ 4. «mt. 5. ^ otf* ».«».& 
4eaK>oftcaviouis,«tdi&reocitorduiacarom AB,.cVadip* 
£uk C V » ita QP» vel: EQ att 0£ , eric t» £D ceotnMi 
gravitaciapfopolitif %actt C V AB^ diftaoft tb AE pct £B« 
& ^CVper EC» oeofitcet^pcopoiicam. 

4 DabixKor ictfDO fotidt ex qoavit Loginice porcioiMt 
A V CBk oedom coarerfr circt mtjofem ocdiotctrom E A, 
fc«t&€iictaiiooccm C V, qmppe admnecm toftctoQe£E 
ad EOi. &too«l»cs¥aritt(ptttit £I>VCr& CVI G^cir* 
€actmicm,.irei!dtverfiitofdi«ttts rerokid^oocam dioKofio-i 
oeiQ, & profiortkicitm babebooc, qoippe is oompofica tm^ 
taqitde» fpat iorom » difttiiciacumq^abttxefiiiBUKv&ratioitQ 

Qjii- 



Tbeorem.0ngiif.Cap: XI. tjp 

QSiiMitfiKiliecitvdttoloUdo €zdmo(^pm»]6tctmMBa datfi 

tcvoloto, aliedextiioitem^ackidaiociMaiiitoi^MiiMbiiii 
ODdiaatafltmalocaB» miaocemveievohrttdo pcodocendam 
Rpccice, pciofilbftido» velcqiiaie* vctindataad^iimsa* 
tiooei itemqnodvite» taJibai Ibiidiapccconceotricas {Bpcc» 
ficicsiadatacationedividere* Scq» 

5 Jam ad Daodedmam Tiieocemt Wxtgieoii ficadom facia* 
mns , in qoo aflerit : Idm fetnmm^rsvkatis Sjjtdre shd^m^ 
^*otoper^u§irmnm«rdi$ima% Similitcc enim catiofolidi ex 

C A Logifiica cicca axem F O^d connm ex triaognk> O 8 F 
circacamdcmaxem« c^£tezTheofemate« ^ m^.9. tatio 



I 




lefqoialteca , compMaaif ntiqQe «x dopfai» & ftiUei^tertia , 
oc patet in nomeris^* I « 4({ compoiiitQC aotem & «x ratioiie 
fpatii F B C A aiarMngulam F B O ( quceft ratiodopla) tmi 
camrationediftanciiiiceiRti gravitatis ^ltii FBCA ad di- 
flantiam (imilis centra tfitngol i F 8 O ab eodS axe motus F O; 
opocter igitur, qooM di(hnKia centci gravfBacis fpatii Ldgifti. 
cie ab axe fit fobfefqoitertia diftantic ceatfigraricatis trianso. 
It, nemp^ fobfdGaoitertia crieotis ip(ias F B , adebqoe qubd fic 
cqoaiMQ^^iMiti tpfiira:FB** Qfiin iMcTboorem. proponituc; 
fic«fitma»ia4dt(tewitm.cefltaigFaxitaci&tiiaogiili, ut >S'ad j 

iflBftpcocfos^ojt} td^. (^e. d. ^ ' 

S 2 6 Ea- 



140 GniJom &Mtdi' '.. 

6 Eademveritas, DcfccoAdbdemonfttetBr, im&ScaildD' 
flantiam centri graviMtis partium Logiftica exteadttiir, ulKii 
limam illum fontem Cenelatanim figararum, ande Ih» iam 
haufinnis, in (^.fcilicct II.&9. ceni^ itetam tepetaiti, nw 
qnc caim venam idci(s6 exunricndam pntex, Mi Ix&ati 





Aodi igitur. In Cortetatis qaibofcDmq; iignrit CAN, Sc 
gG AaC, ant CAN, Goo N, diftantia staviMtis eemti' 
primx fignie interietis C A N ab axeN B, lempef fttbdopte 
eft diftantie fimilis eeBtti altctius fignrc sGAaC , tcI 

AG 



Theortm. Hngek X^ap-XI. ^141 

AGooN ab eodemaxci Guoienlmieqaales fint hxfigurs, 
mi ri^. 8.dcmoiiflntnmeft, feiidamiamen, quod exprima 
fit txuf.9. fubdupiumfolijiexfetanda circaaxem NB re- 
voluta, patet,li!ec folidi eue \A invicera , ut funt diflamie 
ceotrorumgravitatis abakeuotas,! adeb^ diflantiam prims 
eflefubduplamdiftantisalterias; & datadiftantiaceotcigra- 
vitatis altenicrins aCaRclatisngnit, difiantia teliqoc non 
ignorabitar. 

7 Calligesjam,diilaatamcentrigtaTitatisiigurc ANoo, 
qnadranti citGDlati Co(tc{ate,ab axe CNieflefefquiteniam 



balis Qmdraericis.eidem qaadlranti-ptrC adfi;t^tc;cim eirim 
debeatdnpla efle diflaniiiecentri grariiatis qs^cantis C A N, 

qaxequaturitbafeosdiflsQuadraRicis, ebquSdratiocSpo- 

fitaexdiftantiacentrigiavitatis quadtantis adremifiem tadii 

Jdiflantiamceotrigraviutisquadrantis-circumfcripti ) & ex 
emiiS: radii ad balim Quadratricis, five cs rcmilTe arcus C A 
9d.radiDm, aut ipfiasquadraniis.CAN,.adiad!iqiia<lB>tifiD,> 
dcbetefle ratiofcfqoialteia, eaderancmp^.^Hebcmifpherii' 
«X quadrante ad cylindmm ex radiiquadssto ()axea Arcbims-: 
dis doflcinas btevi^s i nohis dcmooflratas in VtvianciiLu) 

Pnp. 



i^ CKuhmfOnmA 



Pftf. 3 7. CmU. 6. ] qDe,a Cea«r<vbiiiea,pnercripcis ntioni- 
bus compoaitDr ■ Nou proiDdc fiet (Mftantia cent ti gtavitatis 
ejufdcmfigarc ANoaabA&, &iKitainfo(i<luraexipladt- 
ca A S defcriptnm , ut) & ex eadMVclrca C N . 

8 latrilioeoCycloidis A*Oy patebit.eenttum graviia- 
ti< diAatc itaagente rcRfcia ^N perfemilTemtadti, figon 




qnppe bBicC0Rsl(ta«ll,«ay. S. wim.f. feraic<fcu(gs^N »0^ 
cujuc cenut ctsritatit diftantia eft utiqoe ndius iateger ; 'con- 
feqaenteediSabit idMi gravitatis ceacrum intrilineo C yctof- 
diaabeJBsbafi OD p«i i dianMai ON ; &lbiidinn «t taK- 
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tdlhwe dttOk OD» triplom «f ic felMi ex cjafden coftveriio- 
»r circa N A , vel c^le trtt fotido ex a«rega:o fiemidr- 
cnlt» &pi«fiui trilinety vtdeticet fpttii ANoOaA ( tot 
ANO-^AdD) cifot N A^ cdttqBecyltodrua ex pactUe- 
lograinmo O N A D» five circa O D, nvecirca N A, paricer 
idemfit; refidoum » nempe fadam ex DAaO lemicycloi- 
de circa OD» cqaabitoi faAo extrilineo OaAddD circa 
N A , atque;iit ipfa fcmicydoisad di£UimtrtliaeQm »ita reci- 
procieritdiilaotta ceittri gravitatisejuftiemtriliiiei ab N A, 
ad difianc i«m ccncrf gra vitatis femicycloidis i bafi O D » vide- 
licec in racione fefquialceffa , ilia aucem «quacor £ diamecri 

A D f nt moxoftendam) ergo hsc cquacur £ ejoldem fme 
diamecri • 

9 QuodnoperaflbmpdiTcofteodersr; notum eil^duas (!• 
muUioeasintrtlineoCycloidali OaAdDicencrofltqu^ re- 
motas , a d , a d, cquales eife baii O D» feo iiKercepcc o d in- 
ter pertphcrias fcmicircolorum A^iD , NoO ; ^ia ^ar 
oa»accepta incrilitteo AaOoN vcfsJbbaiMSutrqoalis lein- 
per eric lioese a d, faroptjr versi!ls veiCicem A in attero tiriti- 
neo AaODdA;itaqoe ipfom tiMiaeom AaOoN habon 
potenr pro eodem Oa A d D iovan^ po^o^ & tanuericcc»» 
cn gravitatis diftaotta fiiboc ab ipi* AN, q»a«ta ioitto 6* 
nilis centrt diilantia abOD jam 6c: ibiidom ex UJk^ 
AaOnN ciroaOD trtplom ed { ex fupra oilenns) iblidt 
cx eodcm fpat k> circa N A ; & annulus cx femicivculo N Oo 
circa O D fnam periodeeit»acciica A N> eft e^Bemdupfiis; 
tta<{ue fotidum ex utriu£Mie complcxo A a O o N circa O D 
quimuptos eiT foims Ibliai exO^No circa N A » addtto- 
qne & hinc ahnolo ex iemicircttlo eodem csrca N A » cojtts 
^oamitas eiordem MHdi tSt ditpl»» habelNtitry qo&d fotidaiii ex 
imecro fpatio AaOtoN cifca OD,adfbhdumexeodenicir* 
ca NI A efl: ,. ot 5^ ad } » dtftaotia igitur cemri gravitatia talis 
Ipacti ab OD,aid dtfUntiam cioidem abANeft^ot^ad); 
ad0bqaeprimadffftamia«<qoaiwr 5. oclaiuibosdiaaretri NO, 
Ydl AD, iodi^ f exDC9miifis)difiamiacentrt^avitacts trili- 

Oa A d Dab AN ea<iemeiic^oam lupnidctefmioavimtis» 

to 
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o Gikii igitar & fpatiimi GiffiHda|e« )iim 4ida ciy. a. 

1. 9. fi{[iini fic ^doidi Corcelau , eric di/laacia centrt 

gravitacis fpacii CifloidaUa A N 00. i|ifinit^ loogi, i C N, do* 
-' itftaatuc Gaa^ «eoai C¥diQid|s.A«jCN ab eadeoi. hA 
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CN} cikmqaelicc«qQalis (it ^ diimefiri,. jaxtadi£laffir/i».8. 

illa cQualis eric i?; fea| ejufdeih diamecri, ^ccohfequente^ 

diftabit idem gniritattscentcam i^aiympcoto AO per£ex« 
tantem diametri NA; eritqae folidamexCiflbide ANoo 
drca AO revoiota) «baale qttinteportiiblidi excodemfpa- 
docirca CN conTeria, aatifolidi «x.CycIoide ACN 

tirca bafim CN (qoippe hoc jfolidi ex C!lJrdide cfrca etim- 
dem axem (iibduplum efl; , oti jam oftendimus cap. 9. nu. 1 2.) 
eil Terb, oc ibidem monaimus , folidum ex CifToide circa 
AO,eqaale annuloftridoexfemicirculogetiicore, folidum 
Igitur exCemicirculo gen2tote t^cloidi^ cirCa tangeiitem 
yerticfs , rel ba/!ni cycloidis revoluto,jaequatur i fofi Cy- 

dddalis ex cydoide circa baiim rotata<» qui propterea fo- 
fus. «quabicar 5. ofUntibus- circumfcripti cvikidri ex para|t 
Idc^rammo DQN A femicircuii quadruplo, indeqoepro- 
doceiite ^ljndrum quadsaplam diai aaouli. . 
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1 1 De iofinitarum parabolaram , atqoe hypecbolaram , 
deqaeTradori«centro noneft qQodaddam,Tate ipfeexec- 
ce* mi LeQor; egoobiteradnoto^iafigora NoO adenra- 

dofll axem N b LoeifticsCorrelaca . eias ffravicati»ceittrum 




m 

ab N A diftace perda{>Ium rubtangeotis Logiftice , quando- 
qaidem centrum Logiftici, fpatii, ex fuperiori Undecimo 
Theoremate» diftat ab ordinata A N per uroplicem longita- 
dinem (ubtangentis » complexi ver6 ex figuris Correlatis , 
fcilicet f^tii C a A N o O centrum gravitatis diftat ab AN 
per fefquialteram longitudinem fubtangentis ; imbgenerali- 
ter femper in figuris Correlatis , quarum partium diflantia 
interioris , ( fcilicet ad quam pertinet tan^ens a B ) e(l 2 , 
earum diflantia complexi ex utroquc fpatio e(l 3 , dillan- 
cia verb exterioris ( fcilicet ad quam ordinantur ipfae o n 
aequales fubtangentibus alcerius ) ell; 4 ; uti eft evidens ex di- 
menfione folidorum ab i js fa^orum : ande expedicius de- 
mondrabis qus ««f». 9. di£U funt. 

Data autem opera,tam hic, tom cat. prseeden. ominmos 
deraonftrationem centti gravitatis in nguris ad modum Spi> 

T ra. 
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..ralium defcriptis » oc in i}$ exercere fe pofTet Le^lotam in* 
dttdria » comparando videlicet triangola iila » ex quibus conh 
(lant, cum parailelogrammis figQrarum Correlatarum, uc fi*- 
pra fecimus f<7]>. 8. ««nr. u: v 

12 In Logiftica igitur AaaC » cujus Correlata figara ad 
ordinatam N A efl paraltelogrammnm AGON, ut often- 
dimus d.cap.^.num, o» ci^diftantiacentrigravitatis ipflos 




OG AN daplaefle debeat diftantis flmiliscentriLogiflice 
N AaC abeodemaxe NB^ fltautemdiflantiailla inparal- 
lelogrammo a^ualis femifli ipflus N A » patec , diflantiam 

ejufmodi in fpatio Logiflico fore Z ejufdem N A t uti in hoc 

DuodecimoTheoremate abHugenio propofltum fuic ; fed 
& conflat methodus comparandi diflantias centri gravicatis 
variarum infuper Logiftics pattium ab eodem axe i accepto 
quippe fpatio quolibec n a a n ,. ordinatifqn» aro»ato, pa- 
tet»re€langttlum o r c o> efTe flguram Correlatam ipftanna; 
daturaotem diflantia centrt gravitatis parallelogrammi ejuf* 
dem ab N O» fcilicet me dia acithmetica intec t N » r N di« 

Aan. 
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ilmtias laterum ab N O , itaque & ejus fobdnpla dabiiur , 
fcilicet diftantia centri graTiiacis iigure naan ab eodem 
axe , perpetu6 lequalis lcmilfi medis arithmetica: inter ex- 
tremas ordinatas. Id quod fuo modo obfcrvatur & in toto 
LogifticK fpado, excccms (iquidem ocdinacarumfunt AN, 
& pun^nm i media intei hzc arithmetica femillis N A ; 
hujus dimidio, nempe .: N A sqnalis prorfus eft diftantia 

centti graritatis integri ipacii Logifticx . Dabitot ergo in 

quovis hujulmodi fpatio, iive integro, five duabus ordina- 

tis intercepto, punflum ipfum , quodgravitaciseiuscentrum 

determinac, ade&q; jam metiri licebic folida a Logifti- 

cc fpaciis circa quamlibet lineam cevolutis , 

ex dinienfione tum iplius Logiftics, 

(um diftancix ejus cehtri gca- 

vitatis i propofict 

linea . 
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CAPUT XIL 

Theorema Decmumtertittm demcnftratur . Eademfem-^ 
per centrl gravitatis in ijuibufvis infinit^ hngis Lo' 
gipica folidis difiantia ; quomodo in eju/dem foiidi 
portionibus indaganda , Prima demonfiratio Deeimi' 
quarti Theorematis ; ad majorem rigorem quomod^ 
exigenda . Solidorum ab eademfigura circa hafim^ & 
axim rotata diftantia centri gravitatis funt , ut di" 
fiantia ah axi, & bafi genitricis figura . Altera ejuf 
dem, Theorematis demonftratio. Variarum Conoideott 
centra bine determinanda ; in portionihus folidi ro^ 
tundi , aut cyHndricis Logiftica truncis , aut figura 
Logiftica Correiata, centra gravitatis dantur. Libra 
infinitajgeometricedecrefcentibus, & aque diftanti' 
hus ponderihus gravata y autfinitaquidem yfedper 
intervalla continu^proportionatiaarithmeticein in» 
fifiitum crefcentihus quantitatibus onerata^ centra 
aquiiibrii determinari pojfitnt . Secunda demonftra^ 
tio ^fcrupuia vindicata. Cautio in his adhibenda ; 
a/iorum lapfus notatiy ut devitentur . Curvis fuper-' 
ficiehusfoiidorumgeneraiisdemonftratio appiicatttr . 
Logiftica curva centro gravitatis caret^ eirca axem 
rotata fuperficiem infinit} iongam , fintta dimenfh' 
nis producit : in qua ad determinatam hyperboiam 
ratiene \ hac hyperbola \ cujus parahidica iinea in 
fmitranfverfum duBa reSanguio aquatis ; curva 
itla fuperficies , cujus circumferetttia , & feriphe^ 

ria 



TheoMft,Hugeft. Cap. XII 



149 



ria parabolica redangulo aqualis : ut ejus^ portto^ 
fies torrefpondeant ejufdem paraboU partibus. TVa» 
Boria foHdum finita fuperficie gaudet , ejus curva 
tentro pariter earet . 

1 fjOft centra gravitatisli;>atiorQiiiLogfftic«,progredirar 
MT Hugenius ad gravitatis centra in ejus folidis deter- 
minanda : Rephrimus , inquit Theorem. Xll. anhd eentrum 
gravhatifprimi ex diSisfolidis hifinitis diftat afua bafiper 
femifim fibtangentis , Priaium quippe illud folidum exLo- 
giftica F6CA circa axem FO revoluta, refolutum incir- 
culos bafi parallelos , proportionalitec analogum eft alteri 




\ 



Logtfticas B N My ordtnatariim in^uplicata priorom ratione 
decrefcentium , qnalcra fupra defcriptimQS a^-9^.^«».4> Mdem 
igitur erit diilantia centri gravitatis prxfati lolidi ^circulo 
iu« bafis , quae di(ktttia centri graritatis Logifticx B N M 4 
fua extrema ordinata F fi ; fed haec diftantia atquatur fubtan- 

fenti ejufdem Logiftioe BNM,per Undecimum Theorema 
lugenii fuperiori capitc demonftratum , &' hiec eadem fub- 
tangens oftenfa ef^ tap. p* num. 5. squalis femiflj fubtaQge»> 
tis F 0| pertiaeatis ad priorem Logifticam BCA»itaqu6& 

il- 
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illiqs folidi fotandi cenuoip gravintis diftabit ab exttmo 
circQlo fus baiis per femiiTem fubtangentis, fea Parametti. 
Qjjod erat demonftrahdum . '. ^ 

2 £adem icaque fempec erit diftantia centri gravitatis ^ 
fua bafi infinitoram qaorumvis folidorttm abead^mLogtfti- 
ca per varias ordinatas refedia fa^orum , femper fcilicet 
sgualis dimidic (ubcangenti ejufdem Logi^icae ; Qwocicca 
portionum etiam cujnfvis ex didis folidis centra gravitatis 
adignari potcrunt : proponatur caim verbigratia qoodfites 



/ . • 




f»ortione B AV C circa BC revoluta; itaprocedemus.nmi- 
i methodo, acfuperioricapiteffisrMr^s. eftoBO femidis fub- 
tangencis, & confequenrer O centrttmgfavicatistocias h6ti 
ab infinito fpatio B A V Qj Similiter & C Q^femifns fub- 
tingencisejufdem, nt punftum QJic cencrum gravicatis fo« 
lidi, quod cx C V F Q^; diilac igicur hoc cencrum ^ puncto O, 
per QP «qualem alcitudini fblidi propofiti B C, propcer 
communem addicam , vel decra£iam C O ; tiat igicur, ut fo- 
lidamexABCV ad inHnitum ex CVFQ^, nempe , ut 
colligicuc ex di^lis cap.^. ttfm.-y ^ lo. ut ^i^r^Hcia qua* 

dra- 
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dftt«nmi A B , & C V adquadratam G V ; ita QP , vel B G 
ad aliS C E,erit £ ceotruni gravitatis fv^lidi ex fpatio B A VC 
circa B C revolato geoiti ; qoamqu^m expeditiiks forte idem 
obtifiere licebit per inventronem diftantiae ceotri gravitatis 
ab ordinatis in GQngruofpatioLogiftic£,in duplicataordii^a* 
taram f ationci decreicentistproportionaliter analogo ad di^ii 
rotundum folidum, utlnumeroprsecedentiindicavimus. 

3 Difficilior mihi vifa fuit , reque ipfa nonnili aegrdfuccef- 
flt (cur enim fateri erubefcam , qui & in magis obviis moram 
pati aliquando foleo ? ) Theorematis Decimiquarti demon- 
ilratio, ubi Vir Claridimus pronunciat , qu6d centrum etiam 
gravitatis alterius foiidi diftat a6 ejus infinita baji per o3an' 
tem fui axis. Hoc ut denionfirem , figur;|m rerumo , eum- 
demque calculandi modum, qgo eaf. ip. num. 6. ufus fumv 



eJac 




tt parallelogrammis itaque FM , Q^H , PS Lbgifticie cir- 
cumfcriptis, intelligaturconfici in converfione omnium cir- 
ca F B » feries foiidorum^ quae pro minori , ac minori latitu- 
dine fingulorum» magis, magifqueaccedet3drocundumLe>- 
giflicae foiidum t^ dequo in hoc Theoremate fcrruo eA ; itaque 
ubi FQJnfinit4 patva fupponatur , cunc cylindrus ab FM 

de* 
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defcri^us, &tabiGylindriciexreliquis QR, PS»&c.pfoc* 
fns coiocident com tali Lc^riftics folido , qaodqnedeiisde- 
monftrabimas , de hoc perinde obtinebit » porr6 oftendimns 
loco cicato ( reteotis iifdem fymbolis ) cylindrum F M tfle 
ddb, & cnbos buic confeqoentes per ocdinS eile iddb , 5ddb,ScQ» 



M 




utfupra adfinem»«jf. 129. feu (prbpter inHnit^ exigaura ex- 
ceflum ipnus «, feu F O fupra alturopcam unitacem QjO, 
qui exceflus penicus evanefcit , vbi folidornm ferles ia ipfum 
Logiflicae folidum deficic ) acoepta loco ipflus a , unicace , 
quas ad quemlibec gradum elevaca non crefcic , nec cerminos 
dividens illos immucac» eric prsdiflafolidorumferiesaequa- 
lis ddb H- 3 ddb -i- 5 ddb •+ 7 ddb , &c. fufpendicur autem in 
libra FB primuscerminusadpuni^um C,raediumip(iusFB, 
& fecundus cerminus ad pundtumx, ubi cadic axiparallela, 
du6la ex medio pundlo A linex Q. N ; & cerci us cerminus 
ad Y punflum , quoddecerminat parallela yD bifariam fc- 
.^ns ipfam PV ; (imiliter & quarcus terminus pender ex z 
per lineam zE bifecancem ipfam TI; func enimpon£laC, 
3C» 7) z,&c. ceocragravitatisperordinemtaliumfoiidoroni; 

per 
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^per piin£ta ver6 C, A, D» £» & alianmiliter bifariaai fe- 
cantia (ingalas Logillics ordioatas ^ tranfit utique linea pa- 
riter Logi(Hca £D ACg. Ptodufla igiuir OF in f, uc F f 
sequetur remiffi ipfius F (2^( iTdebqae a fortiori (ic iniinitd 
parva quantitas 9 ac penjtus evan^ens^-^dparallelamordi* 
natam fg producantura)ds;qi^idiftaiAes;^^ Dy^ Ax^in e» 
d, a, c; poteric fimiliter fg fumi^rolibra^exquapendeac 
primum (olidum perlineai^ C^Cr^^Qj^uadumperlineam Aa» 
tertium per Dd, quartum peC £e » &:c. & quidem quarum 
partium F f , feu C c ponitur i. taliuni Aa efl: 3. Dd 5. 
£e 7* &c. , juxta progreflionem '<arithmeticam numerorum 
imparium»fecundum quam ipfa f61idaex iispendentiapro- 
cedunt; perinde igitur oneraoituc |inea fg , vei FC a tali- 
bus folidis ex ea pendentibus, ac oneretuv fg ^lineisLogi- 
flicas gCAD£; fed abhisordinata fg fic«oneratur»utcen* 
trum squilibrii habeat didans ab axe Fd per quadrantem 
iplius f g , vel FC illi proxime aequalis ( talis quippe ex 
Theoremate Duodccinio efl: diilantia centri .grxtyitacis LjO«r 
giflici fpttii, qaiodtalesJineas implenc) ergaSc cencruiTi«qui«> 
librii^ autgravicatisomniumilloj:iimf6]>idorum, feu ineegri 
folidi ex Logi(lica'circa prdinatim revo]dta>diflat (imiliter 
ib axe per quadrantcm ipfius FG,feu odanteniintcgn? VVk 
ordinatar; quod oftpropoiitum.. . : i 

* 4 ^iquis aucem majorem in pra^fenti dcmonftratione ri* 
^rcm^4^deravexic,y isi!pote:ric[japag0gico'icir.cu.itu (ibi pe^ 
pittts iadsfacere , fumpcis ^ locoJindaarum iCa , Aa ,..Dd i 
E e , parallelogeammuiis . C c g / A a d ^ D d a [^ £ e d ^ &c« 

Suse r^bnitus.proportionana dCepjr^licndeCidijBis fojidiSi liqui^ 
cm edrum altipudines B F, QN , PV i &c., proportionacir 
lur earumdem ierai(fi6ttS'i,; & uiium Jlsmfdium dill^crcntiis 
gCy.Cia, jadi^^de ;,:i&c baf^iMero caiiuAi folidorum funt» 
BT^ ditfecendal quadraiKiiruni cxtiaiKi&fEQ^ P P :, F T > &c, 
aDitiTmitjc^icbdceBtiumj fciliceXGUt^.iropQrcs.ojuuicri^^vel uc 
Jinefas G ci;;A-:avDi d/Ect &&• Undc cuTnactepta fufcriot toc 
JoVv^Xi 4^s integrujm Lpgi<fticnei fpUldJimiimpleant, 6ctptidera 
paralleJogramma, qUi^e LogiHictim illud fpatium «idsequent» 
condubit, ineodem punc):o^'Um Logiftici iMius fpatii centrum 

V a^qui- 
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)tiqiittib(i^crainfol«ii iIIiBsceiitramgrivitatisrepeciri,ai!c& 
quQ ad qaattam ipliiK F C , tcI aAayain totiia S S panem 
ah a):e acccptam. Quod > &c.. 

; Sedablic, athlcegafubfinami tamdiamihinietuogueA 
eorcodam, quihurqae cUriorem, ( &. verb geaeraliflimam ) 
rei bujus deraoaftracioaeai detor extundecei mihi certe vi- 
d.etur oai7er(aliu& qaidpiam hinc retucere , quam at pecu- 
liacibiisLogilUczpraprtetatibusadilringimereatDr. Jam jam 
alleqUor: an iuih.hociUuden:, qu&diaqOalihettiguraFB V, 
cti jus balis F B, axis F Q. J^^/Jj.qiaaBi tatioaem habec dillan' 
tia centri gcavitatis figurieplaiuEabaxe,adlimiIemdilkntia 
a baii , eamdem. & pGoportionemhabent ad invicetu diilantis 
centci gravitat{s(uniufcujufqueiiXUaban) folidorum ex ea- 
denv cixca ballni, & circaaximrevotuta..progcnicoram.? In- 
teUigactic enioitacafigura eircapunfhun F in. faoplanover- 
ticali con.vecti,qaQulque:axis F Q_iiotizoiitaiiter, fuuetuc 
in Fqi, iadire£lacn.paiicusprioribalI F B , 'i^uae jam perpen- 
dicutacitcH' pendisat in Fb.'; fumptaquer axis. partione F Q_ 
*qijali ipli Fq, otdinentur Q,N ,qn,quiB eionc squales; 
imb tcdemi k in folido quidemex ligura citca FB revo- 

la- 
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Ipta, ccigi^etor perpnndum jQNtraaCre cj^lindricafap«r£ci«^ 
k ilfiea QJ^ defcripta ia fai rotatiooe circa FB,cujusqoi* 
d^ reQangolom per axem diimkimerit, otconftat, in(cri. 
pci ic£^uigola F Q^ P ; ia foud9 aotem ex eadem Figura 
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circa axem Fq revplota^ concipi^as per ponf^om q tran' 
fire circulom radio q n defcriptum , & ^lA&i in A ipCi 
QiSI* docatorA X ip(i F Q.paTallelai petide|)it igitor in prio« 
xi folido jpylindrica luperficies^ liqea Q^^ dercripta ex pon- 
dloXi., ^u<}d ed ejus centram gravitatis -, circulus vero ra« 
dii qn pendcbit ex fuo cencro ^ ; e(l aocem difiancia qF ad 
F X, ut ipfa cylindrica fuperHcies ex QN ad circuluro ex q n 
{ eO.fsninT cylindrica fuperHcies.qikeJibet addatomcircolo, 
W Ti^fbiigQiu^' {>er axe^Jliins, adquadratom ex radio ho* 
jus,ppc propqn^ioiiemquincaai TorriccJlji de roliid.(pber. 1. u 
ideft jo :prop^co , «t dqpium ijeidaogulum PiSiQ^ad quar 
4riawn».,'nq ,i\yc oc du|)Ja.PN , vel FQ^ad ipf^m QJ^ , 
vej .ut uraptex q F ad FX ipito^.QJN dimidiam) ftquipon<r 
.djeraot igicur ex F,ituaui1ef:ircaJus ,{umhxc («ipef (icies ; 
<Sc |io^. (smi^i: (9^^: ^ otci vi£q(»e folidi. a4 librara continua- 
S«n Bi^?q. appjffiii .s$u|Itbrio«(^ bab^iotf «jepQQ^o F ; oode 
4ij[})anrA;^ 09n?rigr?i<rica^is/pi<diieK F.biio circa iF ^ ii fua 
Ji>a^;tf^^oii|lp)Pffrptiff£l«m F, «ritad dddaotiam centrigra<9 
v:it^ps^Ji|x<e«^ figura eadem F3:N V cic<ca FjB revoluta i 

fua baH per Ftranfai^nte, mz reciproce 1k>c fecundum folit 

V 1 dum 
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dam eft acl illud t>rimom;fedq^kuttaini^|i^nicf>rAbe8- 
dem £gura, nunc circaba^ FB', bgAef cifca^.axeiii-Pq-rvd 
FQjevoluta, h«c folida ^unc adihvicem> lic diftancie cem 
tri gravitacis figarse genicricis ^lineis, circa'<}tta&iicrotjltlo. 
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nempp ut diftantia , qttam habet centrum gravicatis pfansifi- 
gurae^ F ft V a bafi F B/ ad diftantiam ejufdem ab*«c QF ;. di- 
Hartti^ igitur centri gravitatis folidorum abeadeni figara 6/^ 
fcriptorura , nunc fafla circa axem , nunc circa bafitoi rocatio^ 
ne, func adinvicem> ut^ftamiaecentrigravitatis figura^ge- 
nitri^is a bafe adejufdem diftanttam ab axe. Quodeftpro^ 

pofitum, 

( 6 C^m igitur diftancia cencri gravicacis fpacii Logrfttci i 
fuabaif, ad diftantiam e^ufdem abaxe frc, per Theoremata 
UndccisBum ^ & Duodecimum fupra demonftraca in capice 
prscedenci, ut fubtangens Logiftic9& ad quadrantem ordina- 
cair, ieu bafis / vel fumendo rerminorum femifles » uc dimi- 
dtum fubtangentis ad baits o6iancem , etiam dt ftantise cen« 
trorum gravicatis a fua bafi -in folidis a Logiftica circa axem» 
& circa ordiriacam revolucis» in eadem proportione erunc ; 
quare c5m^ ex Decimocercio Tbeoremate, ceacriKn gravitatis 
diftec ^baftfolidi exLogiftica circa axeihi per dinHainm fub^ 
tangemis, eciam cencruak gravittttis folidi ck Lbgiftii^ circa 
6rdinatani, diftabica fuabaft pero6hntem'ordkiatst » uc in 
hoc Theoremate XIV. proponicbr . Ct e. d/ 

7 ^o- 



duabus quibufcumque lineis ) dari & rarionem diftanciarum 
centri gravitacis ^ baO in folidi^ circa eafdem lineas revolotis, 
atque una iftarum deterniinat^, alceram nonpoffeignorarii 
quocirca omniuit fuforun|ip^riiboIicorumexparabolis circa 
bafesrevolutisdabuntur cencraigravitacis ^ quippe dancur & 
centra omnium Con^idum abiifdem circaaxesrotatispro- 
dudorum » necT.ignptatGrr proportio , fecundum quam gra- 
vitatis centrum diftac ab axe , & bali infinicarum quarumvis 
parabolarumi Ta perteipfum»lMkLe£lor , dodrinam banc 
iiis^ aliifq; figuris applicafie nebraveris» mihiadfinem pro- 
peranti immorari diutiilks p»» yacatf QnnuiflTe fuffecerit • 

8 Neque difficilius erit pktium ut^iufque ex di6tis folidis 
centra eadem arte rimari » quum pra^milTumratiocinium non 
miniis in porcionibus figurarurii > quatB in ipds incegris figuris 
locam habere poflic, adebque &aapar'ces folidorum ab iis de- 

fcripcorum cransferri queac i qu^que de his rocundis folidis 

« 
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determinantur , in trunci^ paricer cyHndricis » feu fa£tis ex 
duftu fpatii LoeifticsE FBNM in triangula FDG , FEH 
( quippe qutilHs irocundis pi^oporti&Blilltet «nalpga^jclftont) 

pe- 
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diftamMccntd ^vittiis ^ aze N b in iGc*>i^-^ ^^1^4^^ 
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ad axem Correlata , quippe analoga pariter eft folido cy Lo- 
gidica circa iirdifm«fRi -ewnitQenfuniiic €ap. lo. uum.^. ii* 
neas O n coqreTpQpdere re^anjgulis N n a Logiflica: infcri* 
ptis, (ive cylindricis.Xuperficiwus''per idem punflum n in 
prasfato folido ttaoicuntibus , 

9 Animadiirerteduni etiam, e|c his quatnprpoftremis Theo- 
reroatibus fadil| imd d e dfici^qu6 faam4i€<gq]afiibrii centrum in 
libra longitu^fne infinji9.^in quapadbtt&intervallis diflitse 
magnitudine^ appenderet^tur jn eadem rattone geometrics^ 
decrefcentes/velut in hac tigura fe habent A, B, Q D, £, F,&c. 
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JQiofiliiQMii ^ &^qoniQ4o:, u iUe in9gnitudio6i jam. decceice- 
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propids acoedesec! UvamdilibtaBi itndecnniuiiini moxittia pen*' 
defeci HsccntiacK.Uidiicimow&Det&wcenioTbeteen)»* 
labki CooifiurepaiiBMi, liLQgiffldl axeii vcfatiinifinitaiDU-^ 
l^fam onaikntdittf ri^i%Dfifcam..acd|MBns (. . otide JLogAftiiCQr 
%i^ iroposcinialBtcf (dK^ciaatta '«.^«(jwd&isitancfi JsHiaii^ i;- 
aiDii ^ pcnrfeitor^Tidanfig^tttbaifyibUdii idKLagifttca.' i:irc% 
axem rocata geniti ,. ramptt& sequecraflTs ejnfdem foUdii jfor-! 
tJonib»f«,&o« Habctiir iccoi^ » di%cintis ihiHbca5&ttam^i'^ 
todintbiio aicitiiiiieticc in' ioiftlKittmtcrcfeiiaciba&^^iloalea re- 
ffvfitnciint lioeaB Vii^ Dd^ Ll » Nn ».&c; axi BG ,. Logi- 
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ftice A VDLN parallelae-, & adordinatepartesproportiaw 
nales A o, o d, d 1, 1 n, &c applicatsei fed intervatlis geomerric^ 
decrefcetibos inter rtngnla& reliflis , itaut geometrioe progref* 
fionis terroinaslibra^extremorefoondeat, ttode infinita ma* 
gnitodo ^bfpenditur ^^ affignari poue centrum «quilibrii omniu 
ipfarami magn.it udinum ;.& quod ii jam^didle magnitudines ex 
sifdem pundlis fufpenfas crefcerent intdupJicaiaLpEiocum Fatio* 
ne , (eu procederent^ u.i! n43merorum arithmetic^r crefcentiom^ 
quadrata ( ut fehabem circuliin £oJido ex Logidica cirea or- 

di- 



I 



copamt; fd eiiim*eKDQ6deicimov^ftEMcnnoqaaaoThe»r^^ 
mitre tfbnhde iifnocefeitt fcftia veldti fpoice proflbic $ Hiic 
pMsb >c» iiis BrobleiBatik;^ aam^ 

H :naii&l,/&^imtad&imi^m9iiriaai^|^ /iniraoaiift 

«mmbu5^aa»iiiHUiil^^a6i|i»i^^ vjderi: 

lo Porrb, cilfmrVirotitt^bi^de«on(lracidilem:3^^ 
htam eofnmoniasrfiem^ fcrupiilcto infecitvanrfadanKaefltfo,) 
ab se(|uipoUderantia^'ringu{aruru^£ppiriicierum c^itrdricarati| 

unius folidi» cum (ingulis circulis alterius , ad ipforummec 
folidorum aequilib^iun^^fi^^^dudio ;.monebatquippehinc 
confequens fore , utTOfaTtfnifTieT ptinaru^ figurarum illo mo- 
do appenfarum fleqQiiibSriu'm fioret ex eodem punfto F , ex quo 
kmip^v^videfig /eq.l^lS^ ad,.tt,q efler rciciproce (ob ;Bquali- 
tatemhomologarumlinearumjucdiftantia qF ad didantiam 
FP; unde foiidaexfigujis cir|::a.axgjtt>aqualiaforent folidis 
ex iifdem circa baHm reVo|Qt]s, quodeflabfurdumrrepofui 
tamen, vetuftam illam elfe , ae fgpius cdavulfam exceptionem 
CavallerianicmetKodo duHuih ^ppoHtam ; five prorfus indi- 
vifibilia nbn admitteret , eo modo , quo fub geometncam 
confiderationem<»duirt,^fve:faItemrcipuerct m Sratic^ne- 
gotio , pro illis reponcret folida quaiii mininiiim crafTa, ut 
hinc tubos cylindricos, illinc cylindaulos aequ;ilis craditiei, 
five infcriptos , five circumfcribtos prafatis fclidis , atquc 
ab iis differentes minori difFerentia (^ualibet data , & tum 
de.monflrationem, (utut minoricompendio) parievidentia 
f&ccdfurani ; en1m\ftfrS ad libram. hinci«ide appofi*i« aeqiii. 
ponderantibus quaf>tit4tibi$s f atque hig, aliis rurfus ;^quipon« 
derantibus additis,rnod6totidemhinc^totidemindetbfoeR- 
dahtur, &'titrumquef aggregasumisequipondieare wiJtiJaiUca 
figurarum ptanarum exenipu> cxinditiibncm noii:fervdrij<|dipH 
pe linc*fc'PNaxi paralielt riont;otidcmfunt^ quotliirtJeiei^n 
paralfd^ baff^^ ^quidem ilJc&ad bafim^, h^ ad axem/quibos ro- 
fpefti vd applibantur , func computanda?, acque e5 plorcs cx al- 
terucrapar(efunt, quamexalcera, quanc6ma;oreiUinea,ad 

quani 
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qaam ordiaantar, & qaancb majori inviceai inceryallo diftant; 
ideb cautom fuifle indemonftcacioiie (quemadmodum & facic 
TQrricellius de dimenf. parab* propoi. zo. cujus hcc noflra 
Imitacioeft) uc linea Fq «qualis fuinerecor ipH QFyUCcir* 
QHlkift radii q q , qoi ad illam appllcaciir ^ comparari legicime 
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poflTet cam cylindrica fuperficle ex (XN rotata > U ad pun* 
dum Q^ diftantiamque QJF ^^^ folido inferta ; atque uti- 
nam id obfervaiTet qui folidum bj^perboiicum infinit» lati- 
cudinis metiri aggreuus efl: , nonenimillud ( perinde acinfi- 
lit^ longum Torricellii)finito cylindro equale tam praeprop e- * 
tk concluliflet » neque exemplis aliis indivifibilium ufum in 
fufpicionemadduceretentaffec. Si methodi certitudo ex il- 
legitimis applicationibnsfitsftimanda, necVeterum Infcri- 
ptiones extra difcrimen futuras» quippe iis abufus efl Guari- 
nus in fuo Euclide mechodico^ obi Spneroidis, & Conoidu m 
omnium fuperficiem ad mcnfuram vocat, atque ubi generali- 
ter cujufvis Conoidis fuperficf em ad cylindricam circumfcri- 
ptam fehabereflatuit, ut geuitrix figura ad redlangulum cir- 
cutDfebptum : Fermacijijifi qfioque aq^ly ticefose methodi,pec- 
.qu^mipulchef rimie^ «Qf<9ipiici(naK«,^ppiicatione ad tangea- 
temL jQs^dratcicis. ideter minandanv ^(sficiter ttfus eft , nqc- 
moif Y.Valliftus compo^i^ne i^^uimn ejufdemQ^dratricis 
^erperai9Konfl.derata,(aIiafn qaid^pixjf^d.cqoe ^ verit»ce.a|ie- 
nam fijufdeq» tange$n|s qcmAi^M^fiPm iidanuyi( ^ ^ ttti i^iAs 
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nus circa Spiralfe AirhirtiiittiEf^ h^flwSnati ftfiw, 

quaiiiqoaai rcmfc-9ttnWftifft*ane^p^ ot- iivEpift.^fttf- 

rncrr: ad P. eev^am ortewfo 'i Qffam(|liinfi Viriis Qif iftiri*ri,a<j 
tic Gccmietria 0prrime iwdtitSs, :qtrtyrutiV pVimus- flij^fcf^Refr' itf* 
huchancfcicntiam novisinvencisilludrat, n^Iim quidpiam 
hoc loco detitadiim elfe;, quum, li quid ip(is fraudi fueric , hu- 
mana? id vitio cohdrtlonfs, cui dmnes obnd&ii fQmuSitribuen- 
dumHt , prsecIarifsinQis verb operibus ita (IbiNominis Im- 
mortalitatem comparayerint 'i acpo(l:erbs devinxerint , ut ni- 
hii his decedejre pofsit ; ex qub fublihii()ribus meditationibus 
didraclijiaud fatis attentd perpeddere curaveriot leviora ha^c, 
quiae ad meth^dinoflr^ defentronem» L^orumque , quibus 
prodeife cupioius cautelam adnotare coadi fuimus ^ma ma^ 
gnis , ut ait ille » nommbusprsjfiidiciumfieret Veritati . 

1 1 Opportuneautem (utejufdempropodttonis ufus am* 
pliuspateat) hic illam applioare juvat curvis fuperficiebus , 
quas gignit curva quslibec B N V ^ tum circa baHm F B ^ tum 
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eirca axifii'<FQ. r6cati; ttti^iie eniitt eentm gnvitatift eja£> 
ihotfl carvarttoi fii^ei^fieidnim li cirottlo fttte bans diftaDant 
»n iifdefn Jracionibtts» Ittqatbuseentfuiii gravit^tis eocve li- 
-iMKaegeiijtnciS,'iamab=a^, tam i bafidi{tMi»at; idqae» fada 
eadcfm cbnftroftione > eodemqoe iracioeinio inanifenum eil*, 
^^tii{ic6pand€iN m <!ttttei«ic€abanm»^patM|o ti (imili,eo- 

demque 



Thetfrm. M9ge». (^?KIL x6j 

ideinq^e ( fea t^nti^dem abThomolqgis^cxt^reqiiis^di^aAtc^ 
incurva cjrci^.^xim rotJMKb^ utiQuedkmfitlineii^BN ad 
qp,» ut (lii(iaotia qFaddiAa^nisiaix^.Fp (j^'rp,pitecsqualit)^cam 
^Qfo^lpg^f^ jine9fjam) et};(mjpQjfi|i|^f(ii,r^4to EN ^n cuc- 
jV9 fupjerncie deicripta per i;ocatipn^ifi,-qrc4 baCm^iidj^pri- 
jA^fMp» rad^^n dpfcciptan».ii^.al^^^urva'Aifi^r4cie « 
^^iOi^e eM4Maxur?«^|«a.?^4m,,ent, pt 4^f%itiifmij^ 
^ teroA^n^. F »4 4^ftaatiam^mus .ap eodem tecn^ino f equi- 
.pon^piiQtiptsrifix F f|i^peswhcriaB^4li««ie-9mnes pec 
qM«vis cprv.aejgpnitjrici^ Pl^^a 

tranfeuntes , totidemquie in uri^ funt , qubt m aicera terinini 
equiponderantes , nam di£te peripteM9&.fiao;^em curvam , & 
ad idem prorfus pundum ftringunt, unde.nonplureshinc» 
quilm illinc computanturi quare&Jptae^perHciescurvs ex 
eodem punflo F squiponderabunt , eritqi'reciproc^, ut una 
fuperficies ad alteram , live utdidaHtia centri gravitatis cuc- 
vae ^ linea , circa quam binc , & illincconverticuc , ita didan- 
tla cencri gravit^is-hujus -ad diftanjciam-cbntri gravitatis 11- 
lius , uniufcujulque niminim ^' circulo fua^ baiis per F tran- 
feuntis. Unde miriim qnoLCbnoiiJlum fi]|perficies centrum 
gravitatis Hbi determinent . l(i^cii^mqueiautem de folidis 
rotundis , deqoe rotundis fuper^iebus ix"eadem figura, 
vel linea qualibet circa axem , & circa^ f>anm rotata dida 
funt, perinde iimiliter obtinere in Vnguljs folidis, aut fu« 
perficialibus , plano per axeni » vcl bal^n^^-itanfeunte , & ad 
eumdem angulum ucrinque inclinato , abubUIis ex cylindris 
fuper eafdem figuras ere^is , clariuseil/ac inter Georaetras 

f^f^-^r.^^^-SfJW A«»*1?» >^..W9^^^»^?M^<«Pon> indieeat, ob 
proporcionaTitatem , tum triangulotum fimiiium, qutbus Un« 

. gul^, /oii4«e ^'ecanturfftjimirpirc^SH.rptua^frcum fqlidorum » 



;,4ib^cAubuSviuu6i)is iv^nqtr-iUtio^efl., quia fi quod habe* 



iS^. 'GttidoHts Grandf "• ^ 

tn griTitatis ceotnim carra LogKtica BN M , illad temi 
in a<e non forct , eb qo&d curva laam convexJtnem illi 
obvcnat; fed neque inulla abaxe diftantia; quantilla enim 
hzc foret, circumferentia i tali centrodefcripta, inconvei> 
lione curvs circa axem , decerminatc altcuias longitiidinifc 
elfet, 8cre3angulum exipfa in cutvam infinitamLogiftic^ 
idebque & fapcriicics curva, ih rotati<yne circaaxemdefcri^ 
pta, immenfs magnitudinis forbt ; cQm tamdii finitam efliE 
ncdemonftretur.-Adquaililibetordinatam DN, iDtillipa- 
rUlclsimFAB,appIicentaripfeniigentesNC, MG; itaot 



lii 



*iiiterfoamiaefierliUerit}l,i'A.litttras 

dudis^axi par^Iltlis N AO , MHO , fecerar AO aqual» 
tangcnti NC>&'HO squalis tangenci MG; atqueitafem- 

£er',jquounj|Ue cbinpleatur ligura AOOLF. Dicofnonin 
. ogHlica modb ,-.fed in qfiiaTis cutTa, faOa fimili conftra- 
'%one } fpatiam hajas figurc cSt ad cntTam fnperliciem ex 
rocatione cutva M N circa axem D E , nt radius ad circum- 
ferenciam aticuius ciccuH ', id quod valet etiam de partibas 
'pcoponiooalibas., pnti fapeificie O A H O, comparata ad 
• - por- 



r 



bet parvk ttmgentis iwrtlctil»- N r / aut M r / 
ielft r s ; cdm' ik tota N C , ideft O A, ad h 
FA, «d As li^^ikMcihtmGM r^)!^'f 
& M , tel 'F H r i^d' H SX eH^ «i^atigulUn^ 
danealoex DN in Nr, & OHSsquale^w , 
in Mr; atque ita feroperi itaqueUqguIa fuperliciant»-, . 
lindrico ipu corve NM innnente» refefh^flano per axem 
tranfcantc, &per 4^.gradus ad plajuim Jjaus inclinaco ( in 
qiia coofe^aenter erease forent ad Hngula curvx pun£V<i re- 
etat linec iplis ordinatis zqualefe ) erit xqualis fpatio con. 
graenti» ^corva OoL terminatjO:, qoippetam ben^ coinci- 
dent re^langula DNr, £ Mr comportionibus talis fuperti- 
ciei , ob tangentet infinit^ parvas cum curva coincidentes , 
quilm coincident redangola O A;s, OHS, cum fpatioipfo 
i corva o O terminato, ob infinitd parvam fingulorum reAan> 
galorom latitadinem ; predi£ta vero Ungola efl ad curvam fu* 
perficiem k carva circa axem rotata genitam , ut radius ad cir* 
lamferentiam cireuli, quippe in Uqgala ordiAantur ipfse D N, 
£ M, pun£iis corvc infiftentes , in fupetficie verb rotanda 
ordinantur earumdem peripheris ; itaque ^atium fic deter- 
minatom i curva O o L erit ad rotundam foperficiem folidi 
ex curva circa axem rotata, atradiusalicu)uscirculiade)us 
circamferentiam ; & quoties fpatium A O o L F finitum erit , 
etiam ilfai rotonda fuperficfei pariter dbtermihat« magnica- 
dinis efiecohvih^etur ;' eft abtem iiln^featiilm fihitani ; qop- 
ties AO, HO, ideft ipfcltai^tes NQ/M^ >n itntnen. 
fom non excreftant, otl accidit sonddrticifu^ Id^atffem- 
per fiunt minores , otpote eqoales potenthi dideffin qiiafdcflko 
fabtangentis, fimol com qaadrato ordinate minoris, aemino- 
ris ih infinitttm ; qu6 con^at fpatiom AOLF , euiiis loiigi- 
tiido determinata AF, latitodinesaotetnobiqoiAOf HO« 
& eeterse, nedom noninfinit«, fed feriiper minores^ olqoe 
ad ultimam FL foli fubtangenti stqualem ; ihfihitun efib 
non pofle , imb efii^ minus re6langolo F A O lllod clrctiia> 
fcribente^ :.' 
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fiibtangeatisippgit«cj(ne9V«1<i#mbi4w:nK^aiK<)uipM;i<4W 
matingwuuis , cyanefcwe otdin>pe wa^taj»„,l55it p<)iimf 

tia, adedwc^Jl>Ogirudin(Ue4!i<ril<ii9Ml^fl@^m; l«#^ 
-Aa igitur F D eid«m«^mtMK «k; £(« HU^aqf^f!» Hc P. U 
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.ji«q8e.«*i»t»*Qieb QJ?4:.^9»(»BdiC««Bti ikf 

.«eDtiom.i fl»9«j«S«fflH»li(Wj¥i>. velj Afli«i 
;im»dt««ora<«^W is ?^e(l a^twff pf^< 
:»Na^«ijtfMS>8>!fillJR i-,f "WWPn,regaqg|iJ<« 

■.tei^dnKBtBQliiftlJBflfKeibyp^tbolaVQq aic 

;' :i»:<t>itft,auti!nil»ye»tMi6,i*Bi fpatiiiq»T4P,P,L 
: aadgul* sx; filbcaa^nia I,pg|fti<a: ,in,p^rabp).is^fiiMiHiS4l- 
.Jjm.iguif J.»gi(li»a),petpcp4i<?ikritfi;'(ecitf,„wf,ff,4ef^mi- 
,■ jutiqBfiaMJ.^, !«<«». ,14. ..ptqpQr^a)n,„jquf,^li4,^ai!i4?iji^ ftu 
,,«fl«alflwfi)A:ipit<itslinataifl,;autjetf')en\3xiipjir#||s|iii,ii)tftii- 
«iWCi fitpniWfjofiwidi p.arab9la,^,.t1;;,^cflj,us feflifLafafne- 
tet squalis fubtangenci Logiflicx , videlicet F L , tangen<i in 

pun- 






punfto t , fea ip(i curve perpendicularis t X abfcindens ex 
axe infra ordii^fa9>>y ipfaiH^.yXaeMalein Caoiiparametro, 
feu ipfi FL ( jA^^s^ iuidem d^a)^ftaa»e Xc dt^abitur HO, 
& du6ta quavis axi parallela , erit Xt ad Xy , feu OH 

neis interDoucam ; rectansuldmicaqii&.exnacorainatspor' 

jpui^pk^:;^ B. t l, a<^|karcc;S|]^artiJbvs |bfprrdli|«y)deQti|)u^^ ica* 

gentfs 

V^ ttvk cur^^tefoitdcuSlbidiibtoadifbii^d^ 

i^eiti! Sf^im progf ni«ik^, vpjtrtfSj^^i^tn, co?f^S^?o;iic}^titi^us 

pactibus a^quabtuitur, ^tjlis cturvoe fupft^cieinpm^nei^la- 

nis quibufcumque D N',' BlVl intchieptcl eriiiit utriarteS pa« 

rabbiicae cncvsb t T^ inter iii pttranefas ii£i4ifdeni caf^pun • 




eieih' parall^Ibgirammam A CyW , fubtaHgl^ttcis Idngitudine,. 
& cnrchQata oontentd; e^ic iAli/xici iHius folidi fopesficifts «qua- 
lis fupcrflcifi,cy|ifldfijC«.*xE^p.p\c^^ 

Jiuippcqasirpariter ad para|Ic|^gi;amn>um QjF jit^ ,wt ciccum- 
erentisi ddradibm } q'u4{>h>j3tec iUa)il Wva'Tnie)!cn;ia%ra. 
vitatiV eentrb caile^ oii^h^* eiit v '^cut Logill)ei''r&^toIi<& 
qixBvis imetminatsr linfiflr».fitiitani fapcrfieivm fiu-totatlone 
defcribentes. 
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Thtmm Deeimumqutntum w quinque pmrfetiTtylfitm 
'■ alths detnonfriium v ■Frguriirutn' aa eumdem axem 
eompofit^rum i Jtportt^hes musprbpoftio^enfur or^. 
. dinatis alterius , quomn^do tai^entes depermnand^ • 
Aiiademonfratioprima', &4ertia pqrtis bujus TlBw- 
rematts. Hyperholicum fpatium aquHe 'reffanguh 
prdinatpe. in alteram Logipica fuhtqngentet» . Tani:> 
gens Expanfe.UjtguIit cylindrka dettrmiudta^ Gette" 
raiis cotiftruffio tangentiumpto ommbnsitnguVts eti& 
ex cylindro non circulari abfiiffis ', » Sojtdi ex LogifH" 

JifjnSnUilmgl fyp^rfiaepjmtqm^'eje rurfus de- 

mon^ratur . Hyperbola unmU Logijlicd cosrre/atA; 

' . ut pardileiogrammum togtpie^ triiitteo tircumfcri^ 

'^yptum ad ipflmtrliineum ; it'0 tyrtndrhus to£Jificus 

ad fttum trunctim , ita & Hyperbolicus eylindricus 

adctruneutn fuum . Rotundum folidum rex hype^lnla 



.draium^ C<etera ^epret^atis pdr^es ex iongioribus 
' LogarithmortttUtabuUsdetenminanda. iAuffoHsver- 
ba circa hyperboia quadraturattt ex TraSatu de ev$^ 
lutione curvarum adduffa . Hyperholte quadratura 
per Tra&oriam ,,. , ^ .. 

I T TLtimum Hugenii Theorema quin^ue partes comple- 

V/ clitur , quas dembnilraturus, oc (Imul referam y & luis 

afterifcis^ordinis , & claritatis fervand^ gratia^ didinguam : 

aic 



Tbeorem.HttgeH. Cap.XIIL i6^ 

ftitigitar: *i Ntitmiam ejf , bmu Logijikm timam tetrMgt" 
Hifmo byperUU defervire » pofi demonftrationes P. Gregorii i 
iS, Vimefitid tirca ayferioUeit ^atia, dmtlms ad alteram ajym» 
poton ordimnit interjeSa . *z Quodqaiefi duo fuerim buji(f 

ptodiffotia , tu quibut ordimn^t unimfint , nf^AD ad HG 




i— **» 



in uUima figurd , & ordinata alierius , ut BF ad CE , bae 

fpatia erunt interfe, ut linea DG, ^ FE. *\ Nondumau- 

tem^ quodfiiam, notatum fuit, bae ipjaffatia byperboHta effe 

ad parallelogrammum byperboia {fie voeo paralielogrammum , 

tujut latera fint dua ad utramque ajymptoton • ordinata est eo- 

Sem pun^o je&ionis duBa ) at unaquaque liueartan DG, FM 

adfidftangentem FO . *4 t^dehut , fs paraitekgrammum by' 

ferbota fupponatur partium o, 4342944819 , quodlibet byper- 

bolicum fpatium duabus adalteram afymptoton ordinatis tnte' 

rjehum erit ad hoc parallelogrammum , ut Logaritbmus prO" 

portionts earumdem ordiuatarum , videiicet , ut dijferentia Lo- 

garitbmorum numerorum, exprimentium propbrtionem ordina- 

tarum,ad numerum o , 4341944819 i acceptis fciUeet Logari' 

tbmis decem mtarum ultra cbaraSerifticam . *s Hine porrh 

facile eft veritatem oftendere Tetragonifim hyperbola, abs mepro' 

pofiii inTradatu de Evolatiofie iinearum curvarum , quemHo^ 

roiozto meo ofeUJaterio inferai . 

Y 2 Pri- 



I7P . . G#iA»A(-,^*«* 

«buQ4^ QS^xliiBHs i niciMB Qiieqae|iMtcffl > adc^oc.tcTC)- 
.iiims «« hiU-toaireqwtiiies . ibidinn iMt» «. & 7, ia «percQ 
jM^iwe > i(c sUul e^ <li fwperaddm . pleointi» wawf 
tcifni^ ,, a(iiy«.LF£l<»W WiMMis gr«(h, rwUvs nMlm ^ 
monnrare aggrediar, generalihocLemmateprxmiiro/quod 
ik in pnEccdencibus quadancenus atcigimus : nimirum . Si 
duo Ipatia quxjibec AQRB, SRB ad eumdem axem BR 



cfitnpanEa luism- itattr fcntper anius p«rtion«s,i i«tnut>a' 
QR ,coni|>i»at«, ptopoftioDales fint otdinMi^ aiteciq&, pvcai 
t NCiR ad OTRQ., gt FS adtPinnnifeltaniefcqBiXl 
coaAains ^gi^dan) linea K fe habehic ni pac»raeter cerapa- 
racianis ( eoraodo, quo eapiten. mm.z, paramecrupi Logi- 
Hicx expofuunus ) itaucli K in FS adiequec fpatifi FN QR, 
ecijm K io T P aijsqaet.fpatium TOQJl; liac eigo, uc K 
ad FN , in F D ad F& ( feu pouMuc NFD. ceftangalum 
ajqaaJe.fiwtioNFRQ) dico junflam Ds cangere cutvam 
R P S in S . Patcc id > cum ex M^. <!. mm. 8. uhi generalicet 
monuiinus , in cucvis prKmini: conditionis, effe G M ad S F, 
ideft , ob «iingula limilia, FB ad FD, aut reiaangulom al- 
teri figurs adjcriptum B F N ad N FD , ut idcni rcctangii- 

luni 



Theorm. fkgen. Cap.KIIL 1 7? i 

Hftti «^ l[>iuofft NFR<^ <q«|^ probcerei «Esiasiuciir ipfi 

,ijki^j^\ ^etot catti '^ixtayi>sSi/tsk»qpi^ idedidcoai ^aso^tili 
«i<te)!l N^XlR^^;>kio iikafe^aaln^tliiiiaMiiMlcanAacex^. 
^hfi^^^S- MM». tf. &^ «()i.«x tiimi^MAi iB9ti(|Kx(iiciaae lianc 
ipfam tangencium conftradtionem , data prsfcripta Hgurarum 
conditione demonilravimus ; tum denique hocargumento; 
ordmentur hincinde OTV, ot u (ecantes curvam in P, p , 
reetam ver6 DS in V, u; quoniamexconftru£)ione e(l fpa- 
tium N F R Q^squale re£tan2u)d N F D ,* e(l vero N F t mi. 
nus fpatio N F t o , & N F T^maJTis ip&tio N F T O in fig u- 
ra dextra , ubtcurve f^S convexum&xem refpicit, &econ. 
tra in Hgura fini(lrai»aJQS N ^r , qu!lm N F t o , minus N F T 
qu^niNFTO, ubi curvK RS concavum axi obverrumefl, 
erit reHduum ex N F in TD * auc laggregatum ex N F in 
tD , minus fpatio otRQ^,- roajus fpatio OTRQ.in pri- 
ma Hgura . & e contra majus ^tio o t R Q^minus O T R Q 
in fecunda, feu refpe^liv^minos, &inajus , majus , & mi« 
nus re£langulo ex K in ordinacam tp , T P , quippe quod 
juxra conftru6tionem tali fpatio aEqaacur; habebicergoN F 
ad K,ideft SFadFD,aucucadcD, VT adTD, mi- 
norem, & refpedtiv^majoreminprimafigura, feumajorem, 
&rerpe^ivdminoremrationeminfecunda, quam habeac cp 
^d eamdem t D , feii TPad eamdem TD^ ide^que cp, & 
T^ •in.pdat&^^ra m^idres erunt , <q\»^m u r^ ^>V T< « mi- 
DMes autefR iiMem fe(p4£iivi fuoipitfs 9ft fecaoda iLedtoris 
-liexttvamftiffjic^ieftfee i J6c i^^i>iiM^ curtse P ; tf vOnmt «rco- 
%l^tii excra re^ani D;S;' qiiaer p#op^-e& ^^angens erit . Quod 
^oetet dem*i^randum'. '••-' 

{ ^AntmaSvert^fiium 4h f^4i fimfira4Miftts Sicbemmii^.in i^m 
•iHa ifigm'^ AO ^ ^4wH^f*»JieM^ sdfnrjtes A B , tertiam 
^filmlitV&mm^akt&^ortfiefftfimadfarteifppufiias^ Q^{j9ttod 
HtHnet aA hd^r^p^fmnr^ {uperflnere , ^te^niiiJm potatatu ef- 
fi ;*utbiH6 tn^rtt^oHi itijt^ikf, '.^Hktt''4!videks fit , ttumqttam 
i9iif^iigvre pfie^ , ut , c$t^ate tttnt^' ^tS^-ad axem R B catt^ 
verfa , figura Jiiperior (yRBA adpttrtet &'J^4teficiat , ejkt 
efiim rlfaaf/gtti(tmN'EJ>,ifott.^^4^^>majitsJ^atio NFR ^. 

Y 2 ' } ^""^ 



r72 Hutdwts Gramb 

i Cuin kkiir «x idi£lM t^^. 6, pm. 4* itne» ]ii«]Lx)gi(Ucc 
QR S axS BV p^iaUeUe» v(Muii FS^ PR fukt^ditmetmiVib 
fpatia h/petbolica NORQ|>OR,QP(«xifteficil>ii5ABQ^ 
aiyfDpcocis, erdinatifoae FN,PO, Q.R alteii afympcqCQ-, 
rum parallelis) patec i|»tiimi byperboiiciim ORQf tBqiiait 
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reclingolo OFD,exordinata OP in alceram Logifticde fnb- 
taagentem PD » unde conflac, qaomodo Logiftica hyperbo- 
iae qttadratur«. conducat » ut| in prinMrhuja» Theoromacis 
parte afterehatoc ^ fecundam p^em citri peticionem erinci* 
nii probare Jhinc. nequeo , fed fatis evidencer pneoftcnfam 
habes loco citato . Tertis partis dep^bnftcacio Uc ericinfti- 
toenda. Redaogulam OPDsqualeeft, exdidis,.ipaciohy- 

EerbohcoORQP; habebic ergoparalleiogrammumhypw- 
ois infcriptcun KOPB ad fpacium OPQR eamdem ra- 
tionem , qmm idem ha|)et ad re£tang0)fi O P D ; ideft <}9am 
baiis BP, feu TR ad PD; auc» ob criangulorum nmilicudi- 
nem , quam fubtangensLogiftic» G % ad axi parallelam R P. 
Qaod erat demonfirandu|ii . 

4 0bi- 



Tbeorm.ffagef§,^ E^.XIIl 17; 

- : # Obiter noctfe pot«6 ist demonmatiQae mHt. 2, aUatv^ 
jjior cnrvarQm tangeiites geometrkl ^eoenBuiaif opeant^ 
prKfcriptam niminlim eonoicionem foliBipienfes « In Ezpan» 
» ^hftcica ftmerficie * iive Ungula qaavis cy^lin^Qca in pla> 
mm oxten& ( qoalem In Pemonftraci^iiibus Viviaoeoroai^ 
ProbJematam; cpnfideravimitf ) fpecimen jhlc domtax^ 4a4 
tpri iomos ;. Efttf . e)aioiod* A(per(ici(|s.yiigti(iri»J^aora 
B Q^ C 9 coi inversd ad eamoem axem aitera umilis , & 
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tequalis > iive eodempiet rep)icata< A N B Q^^ppKcata efle in- 
teliigatar. ConftatexPropontionequinta.Demonftrat. Vi. 
yian, ProU. fpre totl fupertieiem 3 AQjid partefn A N F Q^ 
tew^ain qyayi^ of^dinata NF^fec^ntealteramcaryamioiS, 
ot^ordioata BCi^d FS, quia .ordinita F N tantumi|i^emr di- 
Aat k ba(i AQJn figura AiBQ.» qu^ntum iFS ^ vertice Q^ 
£gocs QB C } itaqu^, (i;£at reftangulam N FD aeqpalefpa- 
tio ANFQ^i, jun£la DS erit tangeps »;}uxta ea.»qti$efM(- 
mr. 2. generalitec^demoftftravimos,, |)^/i fu]pf>$inaci|rQJlC 
effe Ungula plano femiquadrantaHter inclinato abfcifla ^ Jteu 
eadem, ac figur^ (inuum ,infci<ipti quadraniis ^B Q I^ qaeniajfi 
paralida S L fecet in G , taogat veto in eodem pfin£l6 Gi K, 
erit tam FD «qoalis KC} dcmiiroenim iinu<j£, ac iun- 

ao ' 




B<S fi ; ponb kot ti^ttitic^ £ 6 ih iK<SH^topt0ir>GIUil<& B^ 




D^Q. 









. . * Z)(/f(f // tft T^iagrammate Itnea *B G radiat q^uadratttis, 
; '-•'---• i^a^^o^hi prafemi ^OiMnfftOirmii^ 




3P'QL. wtengetts rfd^fcom<i*r6« QJ«. «ftnrfp*c««m"'Mltl>- 
•q6jtm;ih phnum-cvollretetat V^t^i ^ft Mc%tcws G^I ) (^tiom 
iilUnf^Ia •Tetniqaadritoftlfe'noi>(it, carvarAm eRimsumdcin 
aX^iti!i'& arrdinatias«pi^{)ionionai<es- hfibeatincnr eikletB^^ ,Te.> 
ipewi 'ejtjfdcm ^ v^icti a^eitadiriis-, c<)i¥ftaHs - 'fafertfngens 
■f O ; ■ "■*''"' ' ■'■ *■ '■.'•.' I . '•■'.■ ■' 

S Q^ntmb-^fi Utigttfe 'nohe3t.cfrt:.uI*fi'!e.yK»t*ro , 'fed 
cx parabb}fCo,'hyperl>olrco ,.aut afccrios- gerteMS"'cWv{c «i*!- 
iiftente rerecta'forcr, eadempafteriercoridjfiicfioiovifniob- 

ti- 



(^wta.$gpni.^iMtns« {i9«*cylwdti i^fis tr. 
, duaaque axi paiallela qualibet SGL , eric Si 
cui cutvx G C ; nam 8c tota B Qjequalis efl curvx I G C , 
circa quam in cylindre conf otvebatur ; & porcio QJ>' xqua- 
lis porcioni 1 G , utpote Tufcipiens ordinatam F S xqualem 
iinui G£ , cui cqualis erigeb^tur in fuperHcie cyliiidrica 
ad punfium G nondum expanfa ,' adeoque>& reliqua FB, 
len SL zqualis rcliquce ponioni GC; Hisitaque exiftenii- 
bus, duflaque ad pun£lum G tangente geniiiricis curv^ G K, 
atque buic polita xquali FD, oportet,^}un£Vam DS cange- 
re curvamUnguIs ncexpanfae, ecenim hinc inde du^ispi- 
rallelis V P H m R T axi propiori, h u p m Dt remotiori , fe- 
cancibus lincas , ut in figura videre *ft ; cum fit D F ad H V, 
vel h u , ut F S ad S H , feu S b, vel K G ad tangentem G m, 
poltta jam DF sequali KG.eric prxdifla Gm squalisH V, 
feu hu; ver^m propter SL, feuHT, vel-ht squalemcur- 
vasGC, &PT, velptKqualem RC, feutC, eritHP, 
vel hp xqualis curve GR , vcl Gr : eftque RG niinoc , 
flcuc e concra c G majoc tangente m G ; itaque H V ma- 
jor eft qu^m HP, minor vero hu, quam hp ; & utrobiq; 
punfla V , u refls DS ultri curvam CiPSpC : tangit ec- 
go, utl pcopofitum fuerat ; eadeipque h D fubtangens ecic 
ODibiuin altaugn Uli|ii^rutii ctiamim>f ('^'tlijfiiiiraHulium, 
prepteconiiaatas acl>tii!deit>.ixis puD/9^ F fenipei pcaporr 
tiqaales. './',...' i ,..■.. i. 

6 Quantahtnc, :DeqsboM. , Veritatum I^gesenafcicucl 
Ac mihi non in hoc campo fecituc, mecitnrve , aotcquW 
ajias pfomiBum Spharocylindricaruia Seclionttrn trafiaium 
iovulgeqi ; Umim. hoc non difltmulabo ad Logiflicam per- 
tinens , quo fimul ufum do^iiin« quadaQtenus^ iniinuabo, 
Nimir^m, fDpecficiem exLogiflica circa.axent i^evoluta fi- 
niiam efle , mi fiipra e*^ie prtaedemi , min- 12- &• 'i- )<»n 
monuimus , ex qub Unguia femiquadrantatis-.flx cylindrico. ; 
fuper Logiflica: eurva eieflo «qualis foret fpatro hypflrbo- 
iico ibidem deiignato , hmc ctiain fpont^ proflucc;:. £l]o 



^pj6 ^ Gmiom 0ramR ^^' 

«nim ciiliB Ufl|Qlft ^Kntlricfi io plsoii&i eieeiifil FHSS, 
cam liifcripta fibi Lc^iftica gebicriGe F B N M } da€ta igi^ 
vuhii f aridlda A N S« .«ric ubique A S c^itttis ^mm B N, 



» % 



« 4 




« ■ j 



1. 






I 



* \ 



L. 



^ I 



. ; 



- j 



/ • .. 



i *. 



r 

f I 



& tangens Ungale ad pandam S erit SD , icaat DT-rab» 
tangcns eqoalis Ht can^enti NC Logiftice ad pasdum ^J; 
ae^aalis efl ergo pocentia DS, tamcangenti CN (tdeftor- 
dinate AO in (patfo hyperboiico, qubd Jococitato deter- 
minavimas) tamipA TS, fea FA ; itaqae jan6la FO eric 
seqnalis ipfi DS , Ced & inter eafdem parallelas connftont ; 
seqaidiflat igitor F O tangenti D S ; & hoc femper ; figora 
igicor FLOO eft correlata Ungolx F B S S ; iilique propte- 
ptere^ eft sequalis integr^ /; & particulatim , jaxtadodrinam 
eap.B. num.^. Immb & hoc jpfo ratiocinio generalius conce» 
pro, pofTet h contra eadem de Ungularum tangentibos deter- 
minatio inomnibus demonHrari. Hincenim habetur,ngu. 
ram ex tangentibus CN ad FB applicatis effe Correfatam 

Un- 



Theotm.Bkgmi C^. XIIL 177 

XJflZtibE FftSS (.qQCQQOiQiiciliwott Gom BH.M > atqae 
idco taopeotes Ungolar ellftfnniilttiiis mntis figocae ex ip^ 
GNV cokiiitttgr&^ &pajtituk|tiiiicorrerpOQdet CKdidisoip. 
pritCied,iMm. 12. ilJa^ioiieaificniaiitibos iis» que m^^.S. circt 
^oem iwflr. s- numoinKis.'. : ' ,' ' 
'I1.7 Jamj8diU«d«b£Kvaodamvttk^,<:qiibd.«K.feeiinda hojot 
Hageoitoi The08bmatis|)arte fteinifeftb liqnec , iol^^MBik hir- 
^ierboficomexfpaeio OrQJL dreibOtP^ «ptata eiTe ad foll- 
•dum exipfttioi^ftice cotidpdodettte TR.QJB ctceaiBQ,, 
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in eadem femper ratione, in ea videlicet, in qoa parallelo* 
gramnnioi h)ppetboIai inG;tipiahi ¥^0 S P ad <^iiadc8tam fob- 
-tangcntisLogiftics X G f- qaaniamtenim (patia hypecboliai 
$Ueis O P mdila i^ cecniina CL.R4>fOporcion4jia fant axi 
-paraiieiis^P,R.intriliikoLo^Aiae R^P, :ii cylindrictisex- 
^citfetiir CopetlbatioiOi&CLR «^ideatqoeieMtor planope^ O P 

;tnm£uant,e ^ aabafimfen^qnaihBnsalitcciiM 
4ncuslejofmc«li ad tt uncmn iaferioJDem » plafto. fecaote: , & 
la/i imerceptmn, tit pafallelo^inizMins RPQjultrftineoch 

«tio ^ qin >n Viviahpis 
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AUainb» e^iktiidniaif m^dwjat qf jMt>nr< a'ig»-Jttdgo|» iftcg bt> 
.tatbci^itftihi» , !ia£jtp»iia«ibfbrfl^i|edc9:^^A{GpeiIV' aA 
;trancii0D' ttx tlijingylo 1£«^1 sn dliiukm: » iit qciidnitsib , ^(n| 
parallelogramiBom c a I i, Expanfx im«i8ii|>o(ini<ida cib- 
nqinfcriptWD; jKteiltef>Ea|iMifaiiii i{Ofppc^(kk«ttt bke fi^la: a£« 
f«6lioBe peiidatap^t^^i^Jvfr^» 'fembftr-A^iiC lai oartem 

jiBttlris £g^t|5>;^c^pM«it|io^«|keali> soflHitviivfieatur) &b»- 
licer in eademratione redlangolt R P Q^d trilineom QR. P> 




r -r' 



^rit 0tsasi<:o^iiitdrrodi (To^r boii Q.BiT'R-'efeda$i and tto^ 
icata^ iafcribniB ^tiacecoepcom •eadeair fta& 4 ac planb fimiU- 
ter pcf BQ^indniatO|jioqsi6d paras ctiam ipatii Logiilici 
QBT R ptt osdiiteas i tamlno XR abfcifli^ , pcopiortiq* 
ntftotir Uoeia ia eodemitiiliiieo ClSiP befi F.Q^ penJklis-, 
.«d exrprimDHageniilriiet ic eu M te/rac dlrideado, eontev 
fopt cdumttaka pajrailefar difieceocie oriinatarom ad cainsai 
l«ogtfl!kaiiit» vdoti IJKBm fic iBi ei c ep^ diflSeceatig fpatiocom 
u|( ordiiiatis pcopoctionaliiim i. eft igictv cyliaj^i^cas. ibpec 
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aAtt^yiatifcoiiciifc^tqtMWihini iftliduai;tjajbafi oiroatcam- 
4fiqi tificfiai;*! ^ttiefift;b^ia6iBpteoilbQMebKSf9amriififi:Aioi , 

fi9m*t^me^\» ^ifirfwHiidf Jdt|lMperofUioiut.ftdlr«tuai- 
dkmBi et <7P Q|l jcHkH^ P^iufrtqdiMDifqpi LogJtiicus ad ro« 
cunauni.fitfaa badekfiK^^iflcpecioiitaaidd^ift ilie£^t». 
dneas.ad iftitm; jtaitHadifottmdnm :taliduMi adlmci, .qand 
atcionbi fix{»reffia»iis; ; ¥efditeilli: eyliadrkt ikiidomfat^a.loiic 
•ntiQae altitttiiififim ECIjd'B3?pfeiUam^m cofmmaaii lati- 
^B#fte iT)G» P QJ9 X^GaAG^T^B-f & 'boiom, fi»b<;et fp^* 
•di^^b&ltci , i^O|i «qikaois (exdidtifapf^.imaij $i fedan- 
. galo OF.D, ad fpatiiim Logiiticqm i qmxtaa^aale ,eft ex fiepe 
idt/fikis. itdangUlo l^. (Xjlnf '£^Qi''ttsraBe& tottaida folida fupr« 
•^cfcripta^HyperboIicimLtsiLQgiitiaiimi. intiompdiira erunc 
.mtioi>e,re£bD^ali .Q i^£> Jid^Pd^^iaXiGii &ibii|tts ad G TB, 
ideft» ttt O P D: a<i. G T B^ qaa^ dflai^aie>-ci^ eomponatur cx 
dRD ad BT;,ifo« BR* yet ificailexjtTR ,.fou fi> ad TG, 
i&ex OPiaiiQ8mdeaa:illGi^\lal$ftiCi»floetti redanguli h^r- 
i^ertR^ infcripci; QPBK «dqu^dracttin ^bcangeacisLogi- 

.iliice TG.^ Qji^derac.idempaftrandam.' 

• ; .8 QiiarcaparsifemooilcHtioaeaon iadiget, fed proIixiO' 

rum, qu4mjipA^i^te,,fabr<]lanim!Logafitbmicanim. cal- 

-.coki t" qiu{^pe. a($ttmlK0 ioositodiWi fiibcaimeatis LQgiftics 

1 namero^er.qQem RgattiiiiM nypefbolc pMaDelogcaounfi dc- 

^tgoat ^taaa.diilaaUflriwainteMwdioatatttm: LOgiftiqB «sbibe- 

*:bit Logarithmom raeipftisetfomdem ordioatartim ( joxca na* 

tOEaoi bajuscarvs ca^^umpk. '3. tndicacam ) feu dif!eren- 

tiam LQ^arithmQrum^refppndeotiumninrnrerjs ^ incer quos e(l 

• «^djnataimiiLQgiftlcac ,\actconfeaoeiitcci8cjordifutac h}(- 

• pecboIa,rati6 ,Nvttbde«6in imfabmfligeiiB »A iQtervaUomordi* 
. natarumLogiftisc, atpaf aAMb^mmom bypdtbobB ad coii- 
. graum foatiom hypcrbolicam i idieb pec Lopcjclnnicas tabo* 

• ks facileerichiaccftimare»^ Cf^IoecaereoomecumcoE» 

Z a ref- 
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refpondentein oiilibet datd ^ypetbdico fpatio., datieSns 
tretnarum ordinatarnni radone . "" 

9 QiiintanniiliterTlieorematisftarSypertineQs ad Tbtrsa^ 

gontrmum Hyperbole k Oariffitno Anaore in Tra£lattt de 

£velutioneicurvarnm ediibKaay ve^cte-modi» ^oadrandi 

. hyperbolam per Te£H£iakioabnroac^pirabolic« mteSigetl- 

daeft, velper:LogttithiMs;;'<titruniq|Cte inim m pitefato Iip 

bello infinuatum^vi^ool^ifi l^iman^ jaoh^xMj^: fraeedetiU, 

mm. 14. habes JiypcrrofemttfpJtOTlt^qualc^flereftai^lo 

ex Logiftics fubcsmgentq, risu^iieiKii^ ,< ex femitranfverfo 

J ateve .i^pelbohe : ih: icurraniL paiabblioam i dnpla parametri» 

jdercsipta^i /lifdeoi^hKit^iialleKstei^inatam* Atii^^qnb^ 

-aptins joaiGBcim j^de altetQ 'ih^6|)^IiOgarithiiiiqs aecipiea* 

' da fft » qoemadmod^tni ^ciphecisdens^irs^tQjb calculo indiget^ 

ac ingentiam Log^itfamorom caboiis', qor etHinihi tn prOn»- 

ptuelfent/vereer, at.otii , & patientia; ^tis habi^ns (ini, 

ut ejufmodi calcahim expenderem: , quemidcircb lab<»rem 

his/qui fe ejofmodiftddiisex^rceievoluerint,integr^,&ol« 

rrb relinqaam , {iqaidem temptis admonef, utreoeptai canam, 

ac Philoiophi« mereftituam; ipfubtametilo^&n^abHiige- 

ntohic citatum » ex ejos Tra£uca de Lineaconi Evdlotione 

^'^i^-V^JdcobiPanzaniniViriGl^ali^sabb fne ihfrdt meritum 

iaodati opera de&fiptom ( qoippe exeinplari card»m ) hk 

fubjungere non gravabor, nequidLe£iocibos dellt ad hanc 

•Lbgifiicac |>rQprietatam ab Hugenio propontaruai .demon- 

nracionemilluftrandam. Inqott tgitus Hugenios: • . 

10; Qttoeumque verh ^rebkmat» aU utier^m h dt^hus bifse 

redueutttur» tpiau^lbetvereifroximimfilittiiiwemper numer^s 

■ atcipiuut , LiaritbmorumndmirabiH iHvent^ . Ckmper bcs by- 

perieU ^aaratura, ut oliminvenimus ; uumeris quamproxime 

exp/icetur-, efi autem reguU bt^ufmodi. Sit D AB portioby- 

perihia , a^us ajymptoti CS,CF, du&is D E , 'BVparaUeiis 

aJ^mptotoSC. tAeei^atur difertutia Logaritbmottum , qui 

' eottveuiuut numerif , eamdtru tnter fe ratimem babentibus, quS 

■re&a DE,.1Bl^i ^fyue dijfereutia quaratur Lo^ritbmus , 

- tui aidatur. Logaritbmus Ine ( qui feu^er eft idem ) o, 3 6 2 2 1 , 

• 56887 . Summa erit Legaritbmas numeri- , qui fpatium 

DE 
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i) EVBAD defignahit , tribus re&is , ^ eurva DAS €om- 
prebenfi t in partibus , quaiium paratlelogrammum D C eft 
' loodoo , ooooo. Vnde porrh factl^ quoque babebitur areapoT" 
tionis *D JB. Sit exempli gratia prpportio DE adBV ta^ 
qua i6 ad 5' 

t^b 1,55630,25008 , Lo£aritbm^^4. 
Auferatuf o, 69897 , 00043 , Legaritbmus 5. 



m 



Erit o, 857 3 3 , 1 4965 , Differemia Loga^itjbmprum . 
' ^ 9*9^3 14 »92856 , Logaritbmus aifferetftia . 
Cuiaddatur o,i62jLt,s688j , Logaritbmus femper addendas. 

^Pit 10,49536 , 49743 » LogaritbmusfpatHD EVB A D 

HaMit btgas Logaritbmi numems 1 1 caraBeret, ijunmebara' 
dertftimfit id. qtaerattur. itaqne primhnumerusproxim^minor, 
conifeniens ittvento Logaritbmo., tiuinumerttsefli^T^o. Deinde 
exdifferentia^lAfgairithmi ejufdem, ^ proxim^eum in Tabuia 
fequeutis, reiiqui cbara&eres eiicianttir 81026 , fcribendi poft 
priores, utfiat 197408, 10260, addito adfinem zero, utejp' 
eiatur numerus cbara^erS i\,eft ergo areafpatii D EVB A D 
proxime fiartium 1 97408 , 10260 , quaiium partium paralieio' 
grawmum DCeft 1 00000 , 00000 . 



HxcCIarifiimusHirgtaius, cujus inyentis ciirca hyperbo* 
Ix quadraturam , nefcio an opporcunum fu^rit d meditatio- 
nibus noAris aliquam ad idem proponcum fubnedere . £a eft, 
qubd,(i inteliigawr curva JBN M elTe Tradoria , cujus primt 
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ordinata FH» axisFG^^cqtie Q vcrtcx, F ccntrumliyper- 

bol« srqailacers » cujus femrtranrverfus axis F6.: du6U ex 

; qiiovis pjDo^bH a&i Tra6ioxi£ parallcla HMp eric uiajagii- 

ditfPiuM FBt aiticudine HH^&^q^alc byperJtQlico trilinco, 

akis porcione H B,cangente hyperbolani ex pundo H ^ & cur« 

va interocpca "hyperbplce oocnprahcfilb / Qu^iongftrido^rU 

/.; na de Figuris Correlatis deduci poceft • ^ Atxjuc^hh; * 

cfta noAis' . ' ' * 

HOGBNIANORUM ThBOREMATUM ClRCA Lo« > 

* GISTICAM DjiKONSTRATlONlS 
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Vl/um fiitt Appendtcts loco h)c fuhneBere Eplfiolam 
Geometricamy dudum fcrtptam ad Virum Clarijf, 
Tbomam Cevam, & Poeticis, & Geometricis Opufeu* 
lis Ceteherrimum , tum quiafimili , & uniformi cum 
pracedentihus pylo procedit , tum quia plurihus in 
locis doffrinas 2t nohis fitperih traditas iliuflrat, & 
variis exemplis appUcat , tum quia num. 1 9. non 
contemnendam animadverfionem continet adbujus 
Traffatus argumentumfpeSantem, deho%\(!t\czfci» 
licet ex quodam cylindro refeQa ; quam aquumfue* 
rat bis Hugenianis circa Logifticam meditationi" 
hus fuhneQere » Vdie. 
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'■ GE.b M-E"TR"i'e'A'' 

SOCIETATIS^ESU. 

No^raDoSrilih 'ie Ccmoefuperfcki^dimiiijime per 
P. Cevam ex Pappo conjirmata . Spiraliiim diverfi 
generis 'i quomodo 

in plan igura quo- 

modo C Tum in Co- 

trifupe ! determi- 

nare,i. i fuperficie 

iis rejf isformaiio, 

ad illa tarum om- 

iiium, lanum ex- 

plicala tnta. No- 

. va ejufdem fiipradida itoffra doSriaa coitfirmatit. 
AdCoiio cyliudricieSpiraHs extenfionem in planum, 
Aa ojlen- 
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iriitfntl^fus mtati . .Infi- 

&■ Spirmivit.comparatlo^ 

li; if/i»^ ifi6i)is .. Tr.anfverfa 

oParabtlatiqtalis , Ungula 

t l^otunig fttfif/flcies e\^ CycUttie circa niflm,Jiipla 
ejus , qux ah ipfa cirea tangentem verticis rotata 
pMucitfiri CfSntfriim iiheiiife , filjus' Irah/herfa 
Se^io propifitie cuiltbet eurvafit itqualis , & Ungu- 
la in^qiiiii^iier^griinf.^fiinifyxpjivet^. Ex cj- 
lindro TraSorisJecanda f/7 LogiKiea . Curva Cono- 

'■ 'cythJrica S^iralis cuit&t» P^ahljS. , 'loligitudiik , 

ntn pofitione,<equalis efi. Dimenfio fuperfieiei eylin- 

dricie, «tri.q\ie' fpirfili , ir axi Coni interjeffie . Si 

Spiralis fuerit Geometriea , expiicata illa tyliu- 

■ driet-fpirali fi^erjieie ., ia-r.eSqm exfafuletur . - 
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pr^stAntissim6 gbometrje, 
AC VyVTf ^LeGANTISSIMO 

E' SOCIETAT.E JESU 
'D.GuidoGrandus JHtitachusCamald. S.P. 

EX qao me litteris tuis decocace Gcpiilit Vjt in paucis Carir- 
(iine, nullas.autnuiiima^isjucandas, aut Gcoraetrica 
ecuditione magis cefertas accepi, iisipiis, quas J(VI. Kal. Julii 
ad me deilinafti . In liis , pari liumanitate, ac ingenio , dodri- 
nam (ecundx Pcopoficionis Appeadicisinee adVivianeorum 
Pcoblematum Demonfirationem illuftcace aggrederis.Sc mini- 
.md-CQntemnMaanimadvecnoneconHcmare, ofiendensipfam 
cumPappo Alexandtittoconientne, Scad^^ovasirutrus fpecp- 
lationesviamllerneri-dolR. Sic:eniibbabis~k''«Midkttt peAS 
Terbistoislatiniredditis. 'i ■ ■ , ;■ ■v -; • 

I EftfCmiis rtStts DVC , euJastriaii^Dltm per axemfa 



DBC, iaJisvericirculusBMC-.iiiulliginiir laliis DV.pim- 

A» a at 
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fata bafis ^ Ai C ^^u$l>f^$er cireumfarrX >. eodmque tempere 
pttti3um B, t^^ifr fimter veh^iigfe', ex^^per lineam BD 
afie^rei liefiribeni. imCtmfi^irfeieySpvrAemfiS^Diade}^ 
ttteodem momento , &> Idtus ^ufiiujitu aD reftituat, <^ 
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. fttti^um B (tftenlfuf^^ tefmimm p. ^^fmdiyftfk(^^^ ^rkl^s 

vatur , &* expitcetur , tn ctrcuit jeaorem abtturam \, quaits ^ 
R G Za •cujttsfemidiamfter R G ^gefi D Baqudiis^ent ^ ^ ar- 
cus G Z circumferentiam BMCv adaquabit , Notttm pariter 
efit Spira/em..CmcAm.B_S jfjl p in piauum extenfam , Spiraiis 
Arcbimedeaportionem CVR evafuram' ConfidereturjamSpi' 
raiisConica BSHDt inquafumpto^quoiibetpunSoS, demitta- 
tur ad bdfim perpendicularis SO: ideptex omntbus ejus pttndis 
fa3um inteiiigatur i manifeftumitrit , Icbnograpluam pradiBa 
iinea fore inte^ram Spiratem Arcbimedeam , ut liquet in trimi' 
gulo D AC, mquo CD ad DS in eadem ratione eft , in qua 
Jemidiameter Ct^ad $^0 -, idemque in quevisaiio per axem 
triangulo diceudum efft , qmure ittcremeHta.,^ decrementa ip- 
fius ZaO etimt inratione temporum-i ^c. 

z Hocpojito, {perCoroil. z.^^endic. eu^e Vivian.Brobl. ) 
m/, ut DB adjemidiametrum BA, ideft, ut totafuperficies 
Cotiica SCD, veiextenja %GZ,(tdeircttlum BMC^itaJpa- 

tium 
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4kim fuptfftiiA Come£ BSHDB ; idefi Spittkfegmmm 
G V'R » adjpatiUf integra Anbimedis SpiralifMtentum,B OABi 
^permutando , eritfeSor RGZ adfegmentum GVR^ut eir" 
fitm BMC ^ integrum Spifa/e /patium 30 AB; propterea- 
^ feOer RGZ trMus erti fegmenti Spiralts GVRytd fuod 
vertffimum e^, per Prop. u. HF^ 4. Tappi . Uude bac Geometri- 
ua eottftrmgtione doSrimt tut novum robur aeeedit > 
^'3 'Pouamusjamt lineam GVR efie eireuli femieireumfereor 
tiam , feilorem verb RGZeireu/aremquadratttem,qaidsipfus 
erit femicireuii R VG . Convolvatur pradiSus feSor , itaut in 
fuperficiem Conieam abeat DBCtdsf* peripberia BAiCBaqaa' 
iisfit arcui quadrantis G Z ; manifeftum eft , quhd fimiperi- 
pberia GVR eirea conum eonvoivetur, veiuti BSHD, b* in 
■ D terminabit ; »0///!» pariter eft , Ubnograpbiam ejufdem iinea 
f(tre Spiriiiem, ab Arebimedea (pecie diftin&am , qua (exCo- 
roS. eitat.) fpatium eomprebendet , quod ad eireuium fit , ut t. 
ad 2, Qaontam verh ioeo femieireuii GVR fubfiituipoteft qua- 
Vtbet portio , parabolica , byperboiica , &c. babebimus in earum- 
dem Icbnograpbiis inftnitaf Spiraies iinsas , genere ionge di' 
verfas , &e. Qua quidem omnia tibi fat nota eoniicio , ex ejuf 
dem Tropof Coroil. 6. nee diftScHis tibi erit modus ejufmodi lebno • 
grapbias omnes determinandi , quarum tameu conftruSiones ,fi 
qua ex omnibus magis fimpiicet , &* expedita videantur , ut) &» 
generaiem metbodum ad ipfarum tangentes ducemdas ,ficommu- 
nieaveris, rem oppidh gratam , & acceptijpmam fa^urum te 
fiiat, &e. , ■ ; 

4 Q.oid igi(ur mihi , & olim hoc argumentun^ & «vinc ma- 
xime, tuis «xcitamibus litteris , rurfusrpeculantfinmentem 
veneric, candid^ aperiara ^ ut verb etiam geometrica fupei- 
ie^lile non ultrainediocritateminflra^isr^iftquorumnQanus 
Epiftola hsec mea iiicidere aliquando poteric » pianifefta ef- 
fe po0inc quccumqqe hic infecere placueric , e^ ipXa etiam- 
■ demonflrabo, que apad te demon(ltatioi»e noii indigenc, qua- 
Je eililjud, quodtaQquamnotifBmum, & vpigb pbvipm vi- 
deris ipfe fuppoaere ( ^quo & initium .aafpicabpr ) nempe 
«juomodo Coni re£U ruperiicies intelligi poHit iii> planum e- 
-volvi/ Scexplicari, auccomra piana quxiibet Ibperiicies ia 

Co. 
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Coni cucutfitm decocqaeri . £(lp ContKtll fiipetficies ( ikif 
tegra, ati <liinidia,aac4uobii5peraxeinplaai&iacercepta,f>e' 
rttide eft ) D G C in planttm «iqplicanda . Centro D, i ocerval* 
]b DC iaceris coni, defcribacar piaoicirculi portio pCHs 
iicqae, nt D C ad C A rtdtam bafis «oni » ita r6cipro6i& an^- 
lus GAC incIinationisplaooriMn;inperficiemcoiuo*m«iqoc 
explican^a occarrit, intercipiendam( ycI ita 4 aogoli redii ia 
fuperHcie integra , feo duo tantiim in dimtdia ^ adangulum 
<^DH. Dico fe£torem CDH elfeipfammet Xuperneiem 




conicam D G C in planam evolutam ; quia enim arcofr «i- 
dem angalo fubtenii fonc, utradii, & qui ab eodem mdio 
defcribuncur , funr^ut anguli , ideo duocum quorumlibet ar- 
cuom proportio eric ex rationibuisradiorum, & angolorom 
compolita , qus (i reciprocs fuerint , ut in cafo noftro , ratio- 
nem dabunt equalitatis} xqualis eA igicor arcus C H ipfl C G; 
dn£kis ver& ex eodem pon^o S radii , feu lateris DC , arcu 
S I ipfi C H concentrico , & S F in coni fuperiicie , ubi per 
plaoumbaH parallelum FES fecator;conftat,arcum'GC ad 
FS in ca ratione efle , in <}ua radius AC ad ESf ob com- 
munem angulum inclinationisplanoruni, quibui ucerque in- 
tercipitur ) fcilicet, ut C D. ad D S, vcl, ut arcus C H ad SI; 

funt 
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fant adtemantecedentes» nempe arcusGC » CH aequales; 
ergo & conrequentesi F S, S l aeqoales erunc ; atque ita fem - 
per } cum igitur omoes arcus fefloris C D H aequales fint om- 
nibus, & (ingulis arcubus fuperficiei conicse D C G, illos com- 
parandoy qui per idemlateris coni pundum tranfeunt, iif* 
dem applicati omninocongruent} quare H fedlor complicari 
circaconumintelligatur, arcus CH congruetarcui CG; & 

f)un£to H in G poOco, non poteric non congruere radius D H 
ateri squali D G , undepunclum I fuperponetur ip(i F, Sc ar- 
cus SI congruet eidem SF (ibi sequaliytotufquefedor toti 
fuperficiei conicsrefpondebit, & circa ipfam convolverur, 
live in ipfam abibic » unde vice verfa, conica fuperficies D G C 
evoluta^in eumdem feflorem CDH explicabitur . 

5 Quod fi linea^cotiicam fuperficiem cerminans,fuerit> non 
alterum coni latus» fed curva quselibet G M D| non admodum 
diverfa cqn(lru£lione intentum obtinebimus^quippeinven^ 
to» utprjfus 9 arcu fefloris CH sequali extremo arcui,CG 
datse fuperficiei conicse » ad quodlibet lateris coni pun£tum S 
du£lo arcu SM in plano bafi parallelo , ponatur arcus S V 
ipfi CH concentricusineodemplano, «qoalis adtem arcui 
S M / fado fcilicec angulo S D V. in eadem rat^ione ad M £ S» 
in qua radius SE ad SD (quseratioeademubiqoeed:, nimi- 
rum radiibafis AC adlatusconi DC) atque ka porro fiat» 
qooufqoe com^Ieatw figora D VH» qusaptanataeric dats 
conicse foperfiGiei DMG congruere» eodemqoe argomenco 
pTobabicoc eife ejufdem in planum evoluce figura . 
• 6 Hinccalligicnr (defcripta curvas GM.D Ichnographia 
GK A» extenfoque latere DML» jon^o radio AL » radio 
D V O , & arco K N) foce femper angolum G A C ad C D H, 
uc MES, autKANad SDV> & permiitando, G A C ad 
KAN, feuLACutCDHadSDV, velCDO,autar- 
cunv G C ad C |u , nc H C ad C O ; unde evoluca conics fu- 
perficiei fic etiam haberi pofTec , nimirom , invento priiis 
.feflore CDH,congroeote conicsr foperiidei CDG, tum 
arcubus; GC, CH fimiliterdivifisinL, ScO, jun^ifquera* 
diis AL,DO,itahuncfecandoJnV, uc ilie ab Ichnographia 
fecacur in.K, quoufque perpunda D VH cranfeatiine^^de- 

ter- 



192 Gttidoms Grandi 

terminans ru6ftriSciem qDxficam D.V H C , eft quippe»Bt.ii A 
ad AK.itaC A ad AN, fcu CD adDS, OD ad DV,exi- 
flencibus arcubus HC, CO iplis GC , CL proporcionali- 
bus , ut ofVendimus ex pan£to corvae V pec Aiperiorem mo.- 

dum quietico . 







7 Undec contraria data fiffiiraD V HC circaconG D C B 
cornplkaivda^ ut cvadat DJvIGG » facile habebimus ejiis 
lchRographiam, fa£io pnilks an^lo iG A C ad datunn C DH 
fedoris,datgefigurjeadrcripci , ut CD.aui C A , feclifqiie H- 
militer in L, & O arcubus GC , C H > necnon radio AL 
in K| utOD dividftur a datac HguriE. {Jerimetra ioVi.tunc 
enim punduni K erit in Hgurs G K A C , ichnographia t]q«- 
iitam determinantis, perimetro . Que aucem de fuperlicie c6- 
nica G M*D C , feu de ejus e^roluta C D V H , refpei^ulchno- 
graphiae A K G C di6^a funt > eadem » ut conftac, vaJent de re- 
fidua coni fuperficie G M D , cjufve evoluta D V H , refpeftu 
ejus IchhogrAphrfl^ G K A , ^uas proptereaex prsemiilis modis 
alterotro facile determinabis ,.quaJefcun\que fuerinc curv^ 
propoiitas ; & fi linea V H , vel u H re6U fuerit , conftruftione 
habebis,ducendi in conica fuperficie lineam GM , fe^u Gni# 
omnium data pun£(a G, M ( non in eodem latere , nftc in plaoo 
bafi parallelo' pofica ) conjungenciura Urtviffimam , e/ufque 
lehnogra^hiam defcribendi . .j. 

Quo- 
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Qgofflodo QtCDm^ae £itisfa3unipatoquxftioni, qnam mo- 
vcs, dcterminaadifcUicetlchnogcaphiaai figonctoc GVR 



ciccaconam DCB convolnts, fireillafitfemlcicculus,fi7e 
pacabola , five hypecbola , autaltecias cojuslibec generis cur- 
va excitecit, unde dabnntuc infioits illa; Spicalium fpecies in 
his Ichnogcaphiis , quas mente jam compcehendilli . Veci^m 
nefcio an opera pcetiumfitelegantiocem,quammoxfabdo, 
conftrndionem illacumattendece. 

8 Ello figuca quzlibet in Conum convolrenda , ant ex ipfo 
ia pliluim explicata C V D , & fedoc illi ciccamfctiptas 




(inreciptafve ficavafaecit) DGC; opoctet detecminare li- 
neam , que ejus convoluce lchnogcaphiam claudecet in bafi 
conidatiradii D A, qui minoc fic cadio feflocis DC. Fiat 
Bb fu- 
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^vb (feadiiifnirDm^o6tkfiltnd i>V in O prapottidAa- 
liter, acfeeecur CD in A, & per pun£la A O D du6Valioea) 
& ceatro ti dudo qQOTis arcu fQ O H » Hac femper H N aa 
N O in cortftanti racione laceris coni CD ad radiumbausD A; 
ajo» pun^aH ad Ichnographil A HU, propoHce curvs C V D 
refpondentem, percinere ; eric enim angulus L D A ad RD C, 
uc radius C D ad D A» unde ^rcus C R «qualis erit arcui A L; 




qnando igicor feaor C G D» tn^ inferf^ta i!gam C VD , edft- 
¥dlvetur circa contitn BaHs ADT » ateis C6 dbttg^uente 
tfjafd^tiiba&^rctiifibii^u^li AT» pbrti&CR tdH|^it)fi 
AL , &latus DR*cum punflo V ctuvs CVD , pei qnod 
trantit» eric fuperimpendens radio D L » iA quo proptcre^ eric 
pundlum ichnographic^ fobje^tim puddo V di£he curve ; 
debet autem in eadem ratione diftare pUilftum ichno^ptufl& 
^ centro bafis D, rei^edu radii D L» in qup reperitnr»ac aiftec 
punflum V inlacereconi DR ^ vertice D (ob iimiliatriaa- 
gula efie£lailperpendi6ulo»expun£liscurvs infuperficieco- 
nica exiftencis adbans IchAographiam demiiTo» quaratione 
in pfxcedentt £gara eft C A ad AO» ut CD ad DS ) ica- 
que dim iit , ut latus D C ad radium baiis D A> fea D L , ita 
V D , difiancia pun^i V in fuperficie conica ^verticeD, ad 

DO, Ibo & H, dilVaotiiim punQi H 4 cehtrobaHs, i»rit ^q&- 
6am H » & aliii omnia nmilimodo dttettAii)ata» adtQrrala 
ithnogtdphi^ t, qii«^u%tebacar .. 

9 Econ- 



\ 
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9 £ coayerio, dat? khoograpbia , iineajp ipli in conp rc- 
fpondeacem inplaaodececininabiini)Si fic enun tali$ Ichni^- 
^raphia AHD^ &radjio DAe^enfo io C» otOC^sqpalis 
liatiatericQai^copoiiti, iwper ipiafiat6^oca CKDilm^Uif* 
ac nmiliter polica datss Al} p ; h. ,do^o ex ccAtrp D .^uq1|« 
bcrC »fm SK, ita dividatpr iny > ;Ut 0t |^3 ad;S V, KcJatus 
«qoi CD jidradiu]l)afis pA<i lerijcpvnQomV ijiliacaCVD 
goxific,a , oos in foper^e CQoipa impeodet ^^ ij^baogra- 
phW Ali P } iifuiirccalca)tispr«pedentis 4emo^t(lr«a]CiQnis ve- 
^^l^ii?» «tfteAdentor arcvis CR, L A aeq^ales^ ^Qde,applica- 
ti congroent, &pop3iun V iviperimp^^hit ^mfi ^*^^^^: 
pe ^fnatpfiidem in iatece D R p^ppprtioa^jijC^ a ^e^ipq oi- 
mvfif 9090(^19 H in ri^dio ^ ceotro 0,;, V4)dp^c^ima,h|- 
*5jVir ^pniJiMaip , i^oin ^chn^raphfe j^n ^ij^ figor^ , ut>i 




GVR convolvenda fupponaCor remicircolus (alio enimfe- 
niicirculo fuperradiobaiisfadto, &inarcusconcentricosba- 
ii refoluca , oporcec nngulorum arcuum di*flo femicirculo 
.4;f)ipprqUeAfQrf»ai gMjidjcuplps.4«w?>i^r^ ,.&«per cpruxp e?c- 
:tirejfta ^jarv;aW:di|(¥Ke.. in^m m cofli I^tu? ?«lii t>afis ,qn<d rp- 

jlynp^^t;i4}j^UWai)^uJi;fc<$ki 51^^ ,li«it .jipjusJtu^MWfi 
a.qi^^?,v»t.e G.R^;,ied &.ij|iiU58PQp^VRTOt^W,^«|Ptil^;pe,r- 

SUpl^.tftf^^i^l^^rflpi.llQ^ili coAffsu^ipJi^ , &^x.pppcei«riftis 
perijpherJ i? t^lip;^rtpdgtei}mi/);ita , iufjid ?rcwm « ra^jo ^ ^ fi- 
mili.p^abuld, auc Inrpficbpla fup^ejt 'ipfijjp 4cfcripta jCpodji- 

Bb 2 * fuiu 
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fum, ncfemperindata ratione hteris coni adradiumbaiis) 
At e concra fi cupias Ichnographiam circalarem,parabo!icam, 
alteriufre figune habere , manifefta erit, conftrodlio figqrc, 
quie cono advpluta ejufmodi Ichnographiam dare naca eflec > 
pcr(e6tioneniarcunmconcentri(porum, peripheria iimilis fi- 
;ui« fnper latere coni defcript« -« ipfoque coni latere compre- 
i^nforum , ih eadem ratione data,merls coni ad radium bafis. 
£n quanta curvarum feges, quasgeometrice determinare pof- 
fumus , quotiefctnnque data ratiojateris coni ad radiom bans» 
potefl geometricd angulis applicart^vel per multiplicationem, 
velperdiviiionemarcuumpropo(itoram. --^ 

lo HincinmeoSphaerocyltndricaram , & Conocylindti- 
carum fe£lionum Traftatn oftendi » au5d , (\ conus B D C fe« 
cari iTitell igacar femicyliadro, cu jus oaKisfemicirculos G K A 




fuper radio bafis A G defcriptus « ftcqoe latos coni doplom 
verbi caufa radii bafis » feo in quavis alia ad ipfom ratione, f^- 
£to faper D H/cquali lateri coni, femicirColo pariter D V H, 
omoibufque arcubus V I , centro D defcriptis , bifariam , feo 
in data ratione fedis adpun^a o, itaot lit VI ad oI.utDC 
ad C A , linea D o H , per pon^a o C\c inventa traniiens , 
eritaeqoalis coaocylindrics fe£)ioni^id quod etiam fucce- 

det. 
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det, ft ioto femicircutbrani G K A , 



m 



qu«< 



Tis ihx iimiksfigara',,feinp^reii}m'cbinmumsconicae,&cy- 
lindricac fq^rficiei fe^io in lineam planam illi jBquaJem com- 
mntabitur ; cumque in Vivianeis/a^* iii. paulb ante num^ 37. 
oftenderim^liueara quaque Sphaerocylindricam, feu perimetrG 
VeliFlorentiniyeflecommunemconica^» & cylindricae fuper- 
ficiei fefiionem» quametiami/iuKr. 4i./>. 1 36. oilendi sequalem 
.perimeiro cmufdam ellipfis» idco etiam curva D u H» modo 
pr^efcripto efformata, cuidam eliipns circumferentis a^qoalis 
oilendetur. Videsautem»opinor»quamutile(tt eamdem li* 
neam ex variis fuperficiebus m alias transferre ^ di verfifq^ con- 
ilrudlionibus in planodeterminare »prouteadem linQa eilipti- 
ca 9 tum modo fuperiCks defcripto , tum per modum ungulae ex 
cylindroexpanfa^» tum vulgari modo , prour Apollonianam 
coni fedionemterminat, aliifqimodisinplanojacerepotef}, 
femperque diverfas tangentium determinationes fufcipit, pro 
vario fuarum partium (ito i contingere (iquidem poteft » ut in 
uno reflificationem refpuens» inalteroillam admittat» velfaU 
tem cum alia nota linea compaf ationem fufcipiat . Sic, (i pro- 

ponatur linea L O O/cu^us haec pro* 
prietas » ut dodo radio F O ex de- 
terminatopun£lo ¥ » fccante arcum 
L G r e)ufq; tangentem L £ in puu- 
^is G, E, m femper poft ip G radiu » 
& fecantem F E, tertia proportio- 
nalis FO^facileericcurvamLOO 
cum linea Geometris ysLVX. fattis nota 
comparare, vldelicet com parabola 
notae parametri» fiquideoi: ilU ipfa 
non alia eft , quim parabolaevojuta 
<ex fuperficie coni, cujus triangolum 
per axem fic arauilaterum ; Id quod 
extra hanc methodum^ nefcio an fa- 
tis promptum efiet con^efiora.afie* 
Otti , nedum faqiJi geometrioa con- 
ftrudlione determinare • 




11 



ip8 Gtitdenis GronS 

i'i Jam^qDaAdo ita provoMs. a^ernpcctiani eft , \itpui;vt- 
«KA, eoj qnem pneniifi, jB«ii9 ti«fcriptariim,IfMigeaccs qniTcc- 
fali medioilo dcxeraiinare;Ugre<li9T , pr<>q9o ; aljafflatur qas- 
libetiigtm A L.LB,diiSt{que»xc«i»ro Aqni^ufvisconccn- 
tricisarcubusEL, EL,-liea\im wetiHiMV ptpiMi (nM, 



oat miouannir dirifi ial, quaJ4rq;peir|)t>n^jiA MM Btr^n- 
reac curra, qualcm »an. 8. dciorqiiagvijii^^ aiu pc<'punAa 
A 1 1£ cfanl«acaim ;tjinlen -iMiw «. ^lipfi^iqivS' j ^uf ra 
turqae ad Atuni txmaiimi Al, vel i cucvaruni cjufniodi ran- 
gcn«. Du£to;aecuquoiibiex,.v«riyigfatiacxtrcmoBCD,occur- 
teMejuna«charde, fcuiadipAAl, Al in D,H,duaoqae 
BKIi lAL , fen Ih , >& juo£)a clK>c4a A L , fecantc ptiorem ar- 
cam iinC, daoancar cangences awus D B ad punfla D,H,C, 
quzlint OG, HF,CiK; jtttisuitinixoccurracinKtangens 
X.Xd«&aeKpuo3aL dacaiiearK ALB; ip eaautem ratio- 
'ncjinqaaiiiiaraKacUGad E,M„ aut El, ponatur cCeda- 
' ta pORio «angentis C JC J*d OiG « vel HF. Dicojuaaam 
• GM , aut f l«<reita]iscatam eiwfmodi curvarum in M, 1 . 
Si4ai)(i'ba9aic«2 gigniiatclligiMtlir cx squahili motu Unex 
ABcitca A circulaneer coa^vieclc , &mocu accelcrato , vcl 
lettrftito, pcoat opoa Eaecic pqs^i B pcr 6 A arccndcntis , 
aoc A pcr A B dclcendcntis (iad>modum, quo Spiraksfc- 
ncrati'folenc)'manifeftuaiell, «quabilcm illani velocitatcm 
tnocUs citcubcis in cunra JBM A tanto majarcm , & in B 1 A 
tantb minorera £iKe, quiw Jic Jn curva BL A, quantbmajor 
eftatcusME, &minor Ei, quani EL,idclic.Kconllru£lio- 

ne. 
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oe, quntb niajot eft GO;&miDorHF,qaim CK,eod*m 
extflente inipetii puafti di&niutet ;flucntis , liTe in M , five I, 
iiveinL, propteikqaaliatemipCicnm AM,AI, AL, vel 
«efldaunm DM, HI, CL,qaasnuAilepun£ium A, rel B 
interei peregit , dam linea dteulaiitei mota rcfpeSive arcum 
t>%, HB, vtl CB emtnraeft. SiigicBCTclocicasdifibrmis 
iDpunfto L iyrt« BLA nptimator per LC,eiiamcadcm 
Velocitas in wtaait M , 1 aliaiom CDiraium exptimetut pei 
MD, IH illi teqtnlos, ftliTelaGitasaqaabiliscitcnlatismo- 
tnsexprimatuipei CK ad eurTam ALB ( ezptimenda ve- 
ib ell protroBperipiam,quonitm ineaell amtus ciiculaiis 
diiedio, qaippetangenaa(GoiCB,& aliuadeinteicipituf i 
tangente L K, angalo lefio K C L oppofita , in qua utrturque 
motus compofita direSio reperiri debet.ex S. Pcop. L i. Geo- 
metriic motus Joannis Ceve, quinon cognacione tantum.fed 
& geometrico acumine, & inveni£di fceliciute Til^iTcti Ger- 
manusexiflic) fimilis aequabilis velocicas ad curvam AMB 
exprimetut per D G , & ad cutvam A I B pcr H F ; propte- 
lei jun£la GM, &FI tangensecit, five ex eadem propofi- 
tione , five ex bis, quc Mf. $• "«m }■ demonfiraTi in Huge- 
nianis, & antequto Fratris tui Gcometiiam Icgetem , cx Toi- 
cicellii loco ibidem citato deduxeiam . Aique hinc efl , qubd 



fi ordinata ad axem non Itnt arcus cScenttici , led refla liher, 
veluc LE, FE ia eadem fempet tatione'^ dnfiis LC, F Q^ 

azi 
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axi paralielis , dataqae figure B L tangente lir*occocreBte 
bafi-iir c; rumpca Qjc, qumfk ad.Gr ineadeiBordioatarwii 
ratione, jjun^a c Fxanget curvam FB; tooi enioi ilieordi- 
nat« LE » F C , oaemadmodi!kfn £c ba(i$ re£la Q Cle, haben- 
d« fant pro arcBous ooncehtrict&^ ^ Cencro iofinit^ diilante 
defcriptis» cujosradiiproptecdkfinc ipfc azi parallele JLC, 
Q¥, ip&qoe r C, c (X. protaogentibascxtremicircoli C Qs, 
ob infinitam ejus radii mj^nitadinem , io onam CBmdemqoe 
redam cum fois tangentibus abeomis j cojitf CQndro^ionis 
veritas jam aliunde innotoit > fiqoidemrL » t F hoc modo 
defignate in onum & idem axis B E pttnclaai coilimabunr, 
otieicproprietacecriangulorttmcooftat. .. . 
- 12 Qubdfiquismalic iodependentec ^motuom compofi- 
tiooe eafdem tangentes evidentiorii me^Iiodo ioquirer^ » per 



• I 



*» 




^^ic t/^ 



« 

melicet* Efto enim ptim&m dbplex figura , altera ez re£lis 
L E , I e ad axem ordinatis , altera ex arcubus E M , e m ad 
eomdem axemapplicatis, & refpe^iv^aeaualibus ipfis L E , I e 
fibi correfpondencibus ; data tangence L K prioris figurs , 
occarrente ipfi BK, exverticedu^ssquidifiancer adordi- 
nacas, inpondoK, tangens figurs pofierioris adpunflumM 
fic determinabitur ; junfloradio BM, acquehoic exBper> 
pendiculari BG,eqaaltipfi BK, jungarur GM: dico hanc 
efie tangeote/|i ; oocurrateo/minS cuilijiet alceri exarcubiis 
conceotricis « m , fecanti radium ia O; ucquc O P radio B M 



ex 



cN, e6qfi6df«dbtuttfi0afi]bMiQaV)gQs$ £»d & em «qq»- 
iis ei; it8q;'& Qbi ieqa4lis Mi; ipfii vec6NRc^alis.OF« 
001« aftl B.IOaMiAl«» ^iJS.Qiiift iQ99<ki9jriitioofikUN.44 
LB, feu £« ad £B , aat OM ad MB ; qus omnia valenc 
etiam de homolo^is lineis per minufculas Iitteras defignatis » 
kn infra pund^um h du^is ; noc (bIojli(ipd(tiine , qu6d li e fic 
fupra £, erit N R major, qdto N I ; und^ ^ O P major, qukm 
O m ; mulcb igitur magis^cus '<^.^( qotibft major ipfa O P , 
^ forciori qu^m majot ut fuo nnil ) erit maraf , qu^m O m ; un- 
de pun£lamS erit extracarvam ; i! verq e acce^tum foeric 
infra £ , erit nr minor,.5i^miii; ooiflr&opfflinor, qa^m 
om ; arcus autem so rainor eft cangfente op , ii fortiori , 
quam fua tan^ente minor fit arcos »<^aem ez centro B , iun- 
tta B p interciperet : mult5 ei^o miffor eft arco o m^; & ideb 
etiam pundum s extra curvam erit ; redla igitor G M tangit. 
•km iirdrbiocNKipiaitot^iilia «forvft Q F pbibtl an^^^itaot kpK 
'drdinaw 6fifadordihaoK|driotis<L^f(ti^t^^Jlifrin«acMipi 
•i«li<me^/ot9K^da:DB aklBiai d(€i&]Kl E^L^ jlodaaiDiF 
ehandcAMmitao^drf «fiqfoidem^ifiictoiiii:^ ^oai^ ordtoatB>w 
«onao T «citetiani T e ad eR:^ 4ii; $Xi^ £ tci, fabfaiolB ot 
fe ad el; qoarc cdm eR major fit ipfa el^etiim tX bak.9 
-^i ettlOy'^ni<f| ii igitor intelltgatot figora Bi I exaico-* 
«us^^I^^qasdibusiqriinatfsiiojiB potkemcliloifeerfi F!/ina3o 
'fiadio^ B:I ,'atqab jfuib|ieiiptndiciHaf<i[(&H>tfqoaKr: v^ IBD; 
ianQa"H l taoj^ r emqo^ Hd^f^d fiG f; ot lEcadiMJir.. 
^o»rtim^4givdo%nPi|tan»}^^«oa^0Ot^^ iii'«|lem 

conftantif-nibnfe^pofiiis defei^Ii[^fam)tadgcmes'4i(i^i«ipiiSt 
^t6^av ad>radiiim pdr^ndveohrioer da<^}>iplis<ajKobus^ov 
^i^?itfmiIe9V'<^od<oi^idit com]p««iciifra c«nftTu£tione . > 
*t\\^ ly Ahteqoim aotemvhioo aiil» digieiliar^^adaataireiavabit; 
'<^<hMi}m<paititerourvirt«mtlei^Fr{kiooid<^nnamil^ 
•feeutida» Ap^endicis^a^Vivianea P^oblemiia itetom^deroon»- 
-i^rati, ibodenobconfinnaripoYro.' Hkic nqoidem dedVcituri 
Jchnogrephiaa cujufvisportjon^^^x conica>fuperfici6 abfum^ 

C c ptae. 
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jK», qaal«i «fleiAH-D^ '«Ift nMdfMn (NfpoMtaiMttB Uteir 
ipfaMfigttaiAtciMwidiitifbiMtiiiilMiiiu-iatMMiiint^vditti 
P V C, & aH*a ipfl $Mil«M , fiHHlitwqfo pMcaili D O A^fi». 
■«rndlobaiuc4nid«MtMrtB ; mm ptapt«t fotgploi atiiB 
HN,'fe ItttMittis «d NQi iit 'conttMKi nttbsk hterit eoni 
CI>adiadia«Uai A0, «ictotaAgim^A^HD ad AeOk 



■. ' '' 
.'■) ,ioi!'iritj:): ■ ;, 

■'""'■' ■■'■"''■''...!)=^v;:';:;:.'..:. .. ' 

ut C D iid b> A t fcd C V b td A Ob: ftU liiMleiil eft , iK 
qoidntum CD ad ^adAitKai O Ai inqi GVIQ adAQO 
«ft injdn^IiciU tatiiiAfc ABD.a<l AQI>. drDpnKir& «o- 
■ieaifitJinficietiC VDadjI^octapfaiain laam AHD cA. 
nt AttB ad AQDlilvgk ntlatiHcoai CD adtadiDttbafis 
OA^^Qmd Itc ■ !•■-.; ■ -^ 
. .14 Td Viitb oo» Mo fub(!aiti«[. aliat rttfatbDvatM ^ 
oolationuili foditits etuwe i^gftfin , Gpiftolibtjiasipiridit 
}&1. Jiil^ ail a|fi.di<i%nava itemti f^nt iinets. iii: coftict 
fapOftlue 4ircti|^ta$.ili phMilr/letiMnniNtis.AtttailAi 

'i^Bniitnava Mitnertifkn^ einaSfinltmilltmtaiiicetl, 
Je faajmferiorit MihmtJit Tatettari» adttfirfiat Ef\fiel*t 
treiidi , ajiuMmtgraflntiiitmra tfi Sfiralit. Axelat^^a ; 
eoBfiderabam.fiHieet eyltudrieamjiiperfititm , ^mHUaMfftitr 
diealarti tffmmnBt . ^iufifuUa,.ul itaiieom ^i^/ltmlitmr 
fradiSaSfira/iiemieai fiireauttmftaiam, in^m Uiitam 
evadertt, txflicata inrtaam /ineamSpirali/lreiiiaedta, itua 
tumiffa^ferfieietyliiidriea,adciiiieamfiiraiem Suetim termi- 
aatite. Sitttimbatturvamaliquam ilineii fHitmtis rtferret, 

ver- 




coDJunctam efle; tom ab alusammadverteram olteniumef- 
fe , tum ipfe poftmodam docuifti ab Joanoe Ceva fratre tuo 
Geometr. mot. 1. 2. prop. 14. i4etttleiDOfiOrari . Anteii ver6 
id mihi innotuerac noc ratiocioio. Efto 3pin(lis Archimedea 
Ca A prioMeciccolacionis; &po.fitO in alcera Hgura Parabols 
ApoUonianc ax^^C N cqoali aiiiiicUo cijKi^feVemic A D A« 




> i« . 




» • 
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.in,jiV»r^Ma ptoi^ Vp.&jvJwata a^^ §^.«1 jptfi/i.pon^ a, 
^ujus raaji^.^c lic «(jitaljs.o^oa»! ^qi» duc^nr acco^ al ; 
jflucanturqoe iaoi in paralidlarqVfim in /pjrali tangebtes ab» 
*9ccorreat9S9p(icb (perp^ndicalaril^nca^radium ci^illiac 

' ' Cc'a a4* 



ad ordiflaMiil ali > lDpnWaii&,.t>V jaW ': 'chmit Ghiil^ 




Ngadeti^^-finiae-eNa^a^ftmiffpMloBefitA^A, 

erit &Cni;iqaalJs{;taiffl'lfrei>b sUiVelfiAtan^iniisGbf)^!- 

'raUsvfedKAbtaDgratp-nb-pittibbUfiibdltplacaeiideiliCif; 







squalcsigitnrrutic, tmn in fpirali , tnm lo paicaboJarabtan- 
gences nb, Cbj seqaales autem & ordinaca an, & radios 
C a ; cpca igituc tangens pacabols a b, qux his potentia cqoa- 
cuc , xqualis ecic tangenti a b ipicalis iibi corcefpondenci ; 
futnptaqae infinice ezigua ocrobique cangencis paccicala ad, 
ac duniHa in ordinacacn ,.& cadiam fubcangencis pacallelad m, 

'AnRt'tiiiahguh dtiia^.-d^ma DCcbbi(^flit>ilitersqnati^> ap- 
pKeatitljiie alteridsad alcerantlNlmoiagia t^iangnlorniD tm d 

- tjiteriblis, ilMgtnCes ad,- feaetttrarnmpfttceshiscelponden- 

■cesc<^^tuent.''cei:c&^rndedttcecut, BC^cerius adaltnaiji 
propoctio iit pcopioc sqnaKcatii qalm qnsElibec dMa ma;oris, 

-antminocisinieqBali^tistatioi squales igituc funt, tiun At- 
' • chi- 
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cbiioedea SfkikUi , tum parabols %dadratioi siiqper defi- 
gnata. ' • - •• ' ' . 
t6 Hiri& patet , qnii» )aft6 minoreni Spinlem feceriot , 

Sm femicircamferemi» AD A «qoalem eile afferaenint,.iidl 
tarmnifrMatlk EtMid. is. cap. 4. oooic^. 3. propofit» 17. 
Cuaiitiastfad. tS- £ad. Adaa^i prop. i^. Rioakliiuis de re « 
•iok 6c con^f* Mg. 299. aliiqoe ; videlieet taiit6 mioorem , 
.^jtlantb flxis NGparabolae-CaA minoreilipiacarvaCaAi 
conftat item k fcopo non levicer aberrafTe Viram Qariflimum 
Borelliam, abidemoca-aaitiial.-pvi, propi^i. daasejufdem 
j^iralia fcvolatienes comparans, ait illa» ad»invicenveire,ut 
periphericmedi«e«Rrithmetic9 iater,extieraa5 cvjasiibetSpi- 
ralis» fiveefieadimricem, atfimtcircuiare&zome^quibasm- 
" * * oe etHm jierinde efl: r ^c 6 dicerec* curvani par»- 

flb ad t D<( lioeis xqaaH intervalio ditotibus , 
intccceptas ) duda re£iia F O fecance prsefatas 

parallela» iaq, Q^.^ut trape« 
ziom QsHOadOHSq, 
Quod efl abfurdum,fumptis 
qnippe hyperbolicis fpaciis 
OOslH, OHSO (iifdem 
curve portibnibos correfpS. 
dencibusper ;<!/>. ti.tmm. 14. 
Hugenianorum ) & permu- 
tanao.y-eflec QsHO ad in- 
.feri^S OO&H , ac O H S q 
ad circumfcriptum O H S O, 
' idedMtio majckis inequali- 
tacia eraUaliff forec oatiooi 
iocqoaficati» minoris.^ 
' * tihf pari^f defim ikte' 
fw s i»/«r' H;^ A r 




i ' 



"Oeterdm eo mbafov qtio psrabblam qoadratidam,>atJ^e 
Arcbimedeam Spif alem eomparavt , fimiHtef alia^ ^iralium 
fjpecies cam aliis yarabolarum fpeCiebus potreconferri mam* 
feftuiu efl , uti alias l fi fiitis men^hi , indicabams • Aempe & ra- 

dio- 



»oiS Cuidms GninJi' 

diofom cujaicunrai Mi«JH iMH«<t«cs.dpagffliiii|tt>Mt>.«lltK>- 
nentex lincinterfe , atinguIotu'm,fcaarcuumiradii$MKc- 
ceptorum poteilucs dcnamintnc ^b exponentejf , {i9> pan • 
bol) talisniiture, u(abrciir*ram qpiraniTis pgteftMCis denn^ 
ninatc abeyponsote j* liot, utpotcfl«te(faiir6ac<i>MKCiim 
doiominatte abaggtegacoexpQiientiiUn^ -^«,l(iiittlllpi9p$». 
iiie ita tcfooodcbit, otliattinwejas otdinacataBfwtec itr 
dio dide ipitaiis , axis«ut«m lit jr totiu; citcMwaWUilli 

iUa Cutva Paraboliea , &ejuliiUMii Spialis aqqalescicBnf', 
ut « mcthodotaogentium,tam patabolatum, qgiai ^aIi<H«, 
caf.s- mnm.^. <^8. Hugeniahofuiu.iniiUtifacudcoaAat.: ' - 
17 SedcutirammdimcniiaiieminSBmcs quid vetaf: ali(> 
pattlacini digredi, qu<)ufqueraodamCycl«iidoak fc^ifisiinjti 
tibi communiccm , qoem cibi acccptilUiaum forc vidco, quipr 
pehis gcomnricis rcnuliacibos deledatis^? Gn Ulumiefto 
V/dois AaO, ocdinaue at, ar, fccantes femicirculum gjc- 



nitorem iad,diexteiidantpr chords Ad, Ad in f, f nlqae 
adbalim, applicenturque irg, cg hisipfis Af , Af cquaies, 
ut ociacar lunc curra Ogg. qu« ecit Hypccbola fecundi 
endm,live,otC'.Vivianoaliqaandoappcll>ce placaic, Me- 
fltaiica ,ftVfW fA <|d'Ad , feu OA ad Ar, uc quadrHfi 
Af adquadratum AD, live quadcatum rg ad DG. Jam &c: 
idada ab Cjrcloidiscangensquantumv^pafvi, & dBabusyne- 
[di£kis «rdiOKis qaantun^yitptox^ni^iotcrcepca.ecif abq«e 
pocallcla ip6 A f , ei diili; in Hugcaiinis ^^. 8. tiiim.jia\i 
ergo ab adiiitctrallum ordinatatum^c, ut Af, fcu cg ad 

• "" • ' dia- 
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lettk ri^Aiigillo cM A D 1a « ^ i ife «SMia i«aangQl» g r r » 

I0 ex AD iacucvam femi-cycloidis AaOyqaaminnumerar 
tagentes a b pecindc exbauriunr $ ergo A D in A a O ad quadr. 
ejufdem A D, fcilicet curva ipfa A aX) ad diametrum A D , 
cft ut ibatium g G D A b ad infcriptum diometri quadratum 
G D A H ; b«c autem eit proportio duphi , ut ipfe cap. 8. »»* 
mer. i f . Hugenianprum generaliter docui , atque ipfemet fra- 
ter tnus fupra laudatus in Geometn mot. 1. 1 . prop. 1 2. pridem 
oftendit; itaque curva femi-cycloidis AaO dupla ertt dia- 
metri » & tota Cydois ejufdem quadrupta , quin & partes Gn-t 
guls A a dupls cbordjurtmi iibi correfpondentium a d , uti 
aliis Geometris per alias vtas pridem innotuit , Hugenio 
prsfertim , ek prsclara Evolutarom Curvarum ioventione . 
£ft ver6 generalis hcc metbodus , ii rem propius afpicias , at- 
que ad omnesprorfus illas corvas exporrigitur > quas cap'8. 
9Hm' 5. Hugenianorum,C0rrf/ii/af voco, exquibusfcilicet, 
per limplicilfimam Euclidiselcm. L 1. propoHt. 4}* innumera- 
rum figurarum dimenfionem derivavi . 

18 Duo bl6 interes^ adnorare non pfgeat . Alterum, qobd (i 
cylindricus sre^us fuper femi-cycloide OaAD fccari intel'^ 

ligatur plano quomO- 
dolibet inclinatcytran- 
(cunte per bafim O D* 
(ieniper abfciilii fttperif. 
ci66 Ufig9laft( i(i phnib 
ciq^i^a. jQ (ariboiain 

notam abibit^ (iquidem 
cbof d^ «ifCttli A d,ad 
rc%te<&kvi»pun£ia r 4i«- 
iBfttri A D ap^lfcatc , 
parabolam effi<ii<iof^e«« 
go ^ earom. diifH^ > nf • 
fie pDftioo^ curvcr cycloiffaiis a A » ad eadem diameiri pun- 
dla, vel adproponjfenales partes altitodiAis illius ui»|fiU,ap- 
plicatKiparabolamitemcoafi^knt^ fed omois fuperiictes un-< 

gu- 




2o« Gmd9ms Graft^ \ 

ffolads confltciirexiimmtoi8CQr?^ppmoQibi]S.«{i0intiit«| 
|arces,alcicudifus propordoiuae^ parcibus ydiaoMtn Ufi^ » oc| 
conftat cx hac figw» , nbi Aft^EIMQO fit cyladciGii$ 
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> fuperqaavis curralO GM^.fe^li^pJatfo. A ZJVti', pec bafioi 
M I traofeunte , matiifeftjmi eft , " " • ^ • 

> A Z M G O coflflarii ^x •^e#t|p^ 
abfciffis iverticfe OG JLjappli<ij ,_ , . 
'titudinem ungulc A O lineadem tatiooe , ia qua.aus .(hirv« 
1 fecator ia F per appltcatam iG F : Unde ii fmgafl^us OO M 
efle Cicloidem ^ cujos patjcioqes O G duplg fiilftt icljpmactim 
femicircoli fibirefpotidentrsVTJelTquaruaiqoaGnialcafunt, uc 
sxisabfcifleO F, manifeflum eric , Ungulam Cycioidalem 
AZMO efleparabolam^ quia quadratuni curvae OGM eric 
ad qoadratom cof^c BZ a^qualisipli QG/QC-OIildOF(fea 
B N , idefl, ot alcitudo O A ad A B , ac p^imoDer A Z Heric 
«qualis oarvae parabolica:, imb in pacabolam '4tia« policione 

ta« 
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fiics {^arallqla AS «qnalis cpiv* B N Tra&ct^ix pci diQa 
M/. 1 3. H^^en^noinn) IMW.5. PvlTcqi & modum 4p(eiefc,qifo 
figuta q^xUbet iu f^mplic^iia Qvliadtwi poffct,!); ejtts f B(- 
va adconic^fvperficiemtecminareti ItA »< 'Wgius d>gr4* 

jo Ja»»»4inftimwniSPdP8i;&jq!fJ*ndffea>pima^fuiieTfi- 
S)ci9^flgrfpinJies«^IBrl«<!p>H} iWHclwraiqgpncunpIft; 
«ti9i)ep«p«pd>lFt>)8{PS 0$.(By«rM»S«)in$jf ma;e, &a<i 

«imm^%6<?pi* wmmw* • «wwMe^^ftw- 4)Mjientiisr«- 
" "■ — — ■" ■■\?(icai 



.(tiflfun» ., «ft «nioi p A. Aii:0« , w e Ai;fe!JAft i 




itaqne expofica parabo 
.fi idfiogW^pBna^ »1 
tqr «quales dinefentl 
tiiangnli p^ia^cn><;b| 
les In iatiohe axis C(3n1 

■ ^i^Ifisjvijiu , aat.niili 
lapetficies fupei Ca/ 
tell^saFOi plano per A 

■ eIipiitPi,^ac Utus cspi 1 
lumpCA, ^ontpdi 
dcica qusfcx otdfniu 
tiis aequalijim tadiocui 
coii;efpoiidentes applic 



■Dd 2 



go- 



'ir2 'Guidon^ ^t-Httili "■ 

gqla ex tili fopcrlicie ey/indrica ; bifi, & fliii» Rcante liiter. 
rjefla eadetJi prorfus,'e(uieruper fpirali AOB priilserigcba- 
tur, &conoconclaranti»nebaci FeriiiWtet anieniungnlxcy^- 
lindri parabolici eft paraboIzx<]flalis, uti conilare potell ex 
propol. 3. Append. noftrx Virian. Probl. icaque cxplicita in 
refkni fpiraliB O A , iduTVa B S tlD, ndn guidem ita pMabo- 
lam, quEtiili^poiitione^ltt, ftdlnungateparabdflefeperimt- 
trum abicura efl , «qiHKm letgjradfheemdam parabohe , ca- 
jus reanm latu^ lic adfotUs te Abm pribris Q a A, ut tatnis cd- 
ni DC quiidrMuin^^ad^qttadracumradir AC, axis longitadi- 
ne ipli CN squali remanence ; idquodetiam immcdiacids> 




k abfque tot ambigibus c&Uigitut , ex ^b ipf<! demooftrave- 
risiurvam BSHQ elfe fpiralein ccmicam, qua cvolnca ia 
^rchimedeaUifpiralemabeat, perfuperiClsdiela mm. i;.ati- 
que eiuTmodi parabols equalem > . 

2 1 Dimenlio au^te iplius fuperliciei cylindriceD H SB O A 
liabebitur, ex ceftangulo axis AD in ipfam fpiralem AOB, 
vcl huic zqualem parabolam C a A, fubtrahendo tale rpatiom, 
qnodadportionemejufdemparabolc, duabus adaxemordi- 
Aacis interceptam, quarum alcera ex foco , akera tantb infira 
ipfam, qnantuseftcotusaxis, ficinracioneaxis DA adradi& 
A Cireliduum quippe erit fpacinm ungulz fupr^ detertninacici 
idqubdanalyticiucdefcribipoteil. RadiusACtit:; r,&i 
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Mkm abibit, cedificau8cacvispM>92f per «plic(|tia8!efii 
ungalie in jplanain {operfit^em » & d coatra reliqui^ fuperfi* 
cies AZMS in trilineumparabolicumext^ndeiQri qao fta* 
fcibiiconfiac ( ob proportionalitatera Un^ularam , tum fuper* 
iiGialtQm » tum folidaraqi , ^am fopier^ciebas, aa^ oiolibqs rgr 
tundoram corpqram abe^em figara ) fuperficiem romndiim 
exCydoidecirca|>9/i;i),.dupIame(fe rotuBdsB fuperiiciei ab 
eadcm circatangente^ivtrticisconverra} necnpn ^iftantiam 
centri gravitatis currse cycloidalis k ba(i duplam ei^ dillantise 
ejufdem avertice, &c. facile(^uehinchabeturdimennputri- 
nfque exillisrotundisfuperiiciebas, ob notam corvc j(ongif> 
tadinem , & cencri sravitatis diftai|tiam » i^^^^ r^lam celcr 
jberrimam Guldini Veftri .c^rca geneCim rotundorafu . 

1 9 Alterom , quod notari attenri^^ velim«|nde nuUo aegch> 
tio confequitur, nempe, dataqaalibetpiaaaittper£lcie} qoie 
k cor va qualtbet iinea definiatur , poHe nos e)ufmodi foperfir 
ciem ita corvare , feu tali cylindrico circumyolvere , oteadem 
corva linea nihilominus in imo {Uano Jaceat ( quemadmpdun 
in cafu prsdifto , corva (Mralx^ica AZM ita advolvitur cy.< 
lindro cycioidali, ucnimlominas ia.j|ao,..eodemqMe planp 
A I M , c}^Iindram fecantcjaceAt.) fep^cyJinidrani invcnirei ex 
cojus feSione , eademconva ia;fu]^erfici«m apgularem coa- 
voluta efformetor; Proppfitam hquidem obtinebimus , al- 
teram fuperficiem lOGM tta eiSbrmando, ut quaafuerat ia 
data figura relatio ordinatac&ad axem,eade ut cur vae portioqfi 
O M, O G pariter ad axS foum ( ut in exemplo nofiro, qoje efi: 
in cycloide portionG corve 4 vertice abfcil&rQ ad axis fui par- 
cesYirdinatisabfcifias) eniravero luper ejafmodi curvafic in> 
venta eredto cyiiadtico, ipfi advol vetor daca figura, ,& faae p^- 
rimetri partes in eodem plaoo , ad datse figurae altitadinem ip < 
fummec cylindrom cranfverfim.fecante, difpofitas habebic, 
femperaocemcaogens figuneqosfics QGM ad pun6lumQ, 
intercepta^codem pun^o , & ordinata per verciceni O , crit . c 
fubtangenti dace figurs A Z M , ideft mcercepts inter pan^u 
Q, &:occurfum taogentispundti Z (explicaco parallelograft)- 
mo ASMO cum,uiacarvaAZM)'ucineKenipiocycloidis, 
ejua tangeasfabdaplde.fi curvse Q.G^uemadmodu ipfiu&;A Q^ 

• Dd fub- 



gen^ratiteir)hohaiiiiu$ r»/>.^. um. i.8cfiiieiIlim^demonflratiit 

£ic6mj^I»m laliad Te ft dbvifrm ]»tftbdt in ipfaiLogtiliea ^ 

fea L<^a^ittinMd^ , i^aiii (t !r4e|i& «)t aii()u6 cjfit ndrO reeat^> auc 

c^^indrdih in^^hi^e» but ad^Witiits itk 4%<eatya nihilominas 

in Unoplano jaceac > H 6kg4htiffiiii^ obtinebis per cylindrbm 

fu^r Traaoiia ^ahAi ;'p&ri^<^hild6ih r^ldtio ordi&atarum 

Logidic^ci ^xem fhhi&tut ih relatloh^m MramdS ftd carvam 

in Traflotia , utt offeridimus ftfj». j. 

rrir. »«.2. Cohcipiathr Verbi j^atia if^ 

{i^aho horizontali D F B tre^a id 

punaumB YaiSttt qhle^m ibli<}ioiri 

bafi rtiiitmOr^^B ihffilfa i mox^alli- ^ 

gdtu baiic&t«nali«iiqtia PB/longi- ' 

tiidihe «equali pftrametro , feu fub- 

tangenti dats Logifticae, djus extre- 

mum F tfkbatur per r^6him F D; ^^ 

utiquebalis catcnulam fequens de-'.. 

fcribet Trafloriam carvtm & M M , , 

S:haftabali inlixft curviiim'^uamdS 

fuperiliciem cylindricam fopef ipfii 

Tra£lorid eredam » I^igitot feea- ^ 

fi ihtell^atyrpland dftquo perbt6 

Trac^oti^f . < .rahfetthte,adft!t4th,- 

diRcm extreras ordinatia^ iti Lo^- 

itica propoiita, dico fuperHciemuh- ^i 

g6hTem fnde abfcifiam fore nil iUiidvqulm ipiammet Logifti- 

c^t^ViH c^Iindro advotutam ; quippefi plam inclinatiafherit 

pcr^s:. gradus» itaiit Logifticsfc ordihata ftquetur fubtangenti 

cjufdem ,. fcu ere^la ih uogula illa cyliwdrica ad pundmn B 

adsqutt catehull B F, c6nflat»omiiesere£tas adponftaN , M 

aqualesforeordinatisTraftoriJBNP,. undequalis elt rclatio 

jpfarumadcurvamBN,^ taliseritrelatio applicatarum iliios 

ungulse adfunmaxero r qui illicutvse BN congrocre intelti- 

gttur , & explicata illa fuperiicie in planum B S S , utriufq; or- 

dinatis B £, & axe F D coincidentibos »erit qustlibet.axiLogi- 

ili. 
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Llbhitt 9 tiitti tivkbas eil> GetiiifetricM DtnMit^Mh JheH-enuttum 
Hugeniamrum, thborttttm iA> Atlii. Kc!^. & &xc€ll. P. D. Gui- 
done Grandi Monacho CiUhald. MdthefaX Pi^&Obre , & in Al- 
moPiianifn^llegio Philo£ig^h1x publico Ledore , de mandato 
toReverendiE P. Geherilisactentej^tlrl^^^^ Etcum nihilineo 
reperiacuTf Quod Ctitholick l^idei ^^ bdhil^ue moribusadverfetur, 
exiilimo poUe Irypis mandari ; im5 iit fnaildetur » debita Ma- 
chefeos Athacoribus ^ ipfifque mathematicis difciplinis> juflitia 
exigic . Pecunt eniiu iftse, qus^ ( lic^t magna ex ^arte nova) fua ta- 
inen funt» acpkno jure ad ipfas pertiheat . Exigit etiam Religio- 
nis dccor^ ut Au£loris ingenlum , & invehiendi f^cuhditDS magis 
per Orbem patefiat, ne fibi debita laudefriiudetnr* !rta>&c.D.Mar- 
tinus Angenis Franchi Monachus fciafdemCongreg. S.T Mag. & 
in Monafterio Angelorum lFlorfehd« Prior ► Dac. Florentise ex 
d« Monafterio hac die itf. Julii 170U 

1N Geometi^ica Demonftratione Theorematum Hugenianorum 
Adm. Rev.& Exc. P.D.Guidonis Grandi inPi&na Atheneo Pu- 
biici Phii.Profeir&S.Th.Mag. quem juiruReveMCidiiCP.Gener. 

. Qrdinis noftridiligenter expendi r ^ihil occurrit , quod S. Fidei 
Cathoiica^^honifve moribus adverfetur^im6 ciim innumerasGeo- 
nietrica$ veritates generaliflimrs; ac facillimis ^ariariim demon*- 
^ratibnum methodis ejufihodi Opufculo maxtitti^ ilMftratas in- 
venerira » Litterariae Reipublicae ihterene judico^uf illhis editio 

- imhim^iiicenusdiflreracttr» Icafenfioe:x;Monaft.Angel(yr.F}or. 
XVlI. kal. Auguft. ega I>.Silvanus Ciapeni MoirrchXamald. 
&T.M,&tfipi«^oMonaft.!PkiiofrLeft4)r.^^ ^^ . ; 

NOS D. D AMASC^NUS DE MUTHS ABBAS SS..HIPPOt. 
Cc Lauremii de Fdyentia » & totius Camald Ordi. Geiwf alis .^ 

i^UM Opus infbriptum r Geometrica Jyemonfiraticf Itbeorematum 
^ tiugenianorum^erc. F. D.Guiioms Grandk iffPifana^ Atbeneo 
LeQoris^^nofira Congteg4t: Monachi^ duo ex eadenvCongregat^ 
S. TheoL Magiftri» quibus idcommifTudifuif ^ recognoverinc, ac 
in lucem edi poflb prdbatverinr^ fiicufcatem ficimilffr utTypis 
mandetur > fi iis , ad quos (pe&af , videbitur . XNitum Faventiac- 
ex nolfro Monaft. SS. Hippoliti^ & jLaurentir die 2 1 . Juiii 1-701^ 
./>. Damafienus dcMutiis Abbas Geffef* Camatd^ 
Loca ^ Sigilli . 

/>r Marius Felix ferrari Cancclt. Congr, 
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IL Molto Rev. P. Giovinni Seurl^tti delkComMBfiia di Giesuri* 
^ vedalaptefente Opera Macematica^del M^K.r.GttidoGrandi 

Monace Camaldolenfe ; e referiica ie vi iia coia contro la S.Fnd^ 

ebuohi caftufni . Dac. adi 2 o. Lugiio if^ i^ 
TommsJoJelkf^GherardejfcdVif.Gc». 

D e mandato Illurfrifr & Reverendiff. D. Comitis Thomae dc Ghe- 
rardefchis Vicarii Generalis Florentini , ego infrafcriptus Jegi , 
&attente confideravi Librum^cui titulus cR, Geometriea Demon^ 
ftra/Hikrheorematum Hugenianorum circa Logifticafn^feu Logarhh^ 
micam lineam , coakpofitum ab Erudicifllmo Viro D. Guidone 
Grando Gremonenfi Monaco Camaldulenfl , & inAlmo Pifkno 
Lyceo Fublico Philofophis ProfeirQfe^ nihi!que in eo reperi, 

3uod Cathoiicas Fidei # y^l bonis mdribus adverfetur » iin& vero 
ignum exiftimo pro litteratorumeruditione, quiXypisman* 
detur; gratumque ^ero futurum omoibus ftrift^ Mathefis Fro- 

feflbribus# 

Ego Joatmes Scarlattus Socieiatis fefu. 

Tmprimacur, ftanteprsdidarelatione 
Tbomas de Gherardefca>Vic\ Genz 

« 

T^E mandato Rev. P. Inquiiic. Gener. Flor. A. R. P« M. Antonius 

^ Fj^aucifciis Cioppi MinC6nv. Confultor hujus S. Oflicii legac 

perattente , uti folet» prsfentem Librum» cui ticulus eft« Geome^ 

trica Demonflratio, &c. & referat^ an ejufdem pofTit permitti im«- 

..prefsio. Dac.inS. Off. Flor. die24.julii 1701. 
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in Almo Pifannii Lyceo Publico Philofophia? Profeilbre, nec ia 
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